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Abstract

In this thesis, we review the motivations for proposing the existence of heavy neutrinos
and the so-called seesaw mechanism. In particular, we show how this mechanism provides
a natural explanation for the small masses of the Standard Model (SM) neutrinos.

We study three specific realisations of the seesaw mechanism; two with heavy neutrinos
that couple to SM bosons with the neutrinos being either Majorana or pseudo-Dirac
fermions, and one version of the Left-Right Symmetric Model (LRSM) with heavy
Majorana neutrinos. For each of the models we perform simulations of heavy neutrino
production at the LHC, considering the three lepton and missing energy final state for
the Majorana and pseudo-Dirac models and the two-lepton plus two jets (2l+2j) final
state for the LRSM. For the Majorana and pseudo-Dirac models, we study neutrino
masses mN in the range 200 GeV to 1200 GeV, while for the LRSM we look at models
with WR boson masses MWR

from 3 TeV to 6 TeV, and neutrino masses that are between
MWR

/2 and MWR
.

We study the kinematics of the simulated events for the different masses, and for
the three lepton final state we develop a method of identifying the lepton pair from the
production and decay of the heavy neutrino that is up to 50% more efficient than simply
ordering the leptons by their transverse momenta pT . For the 2l+2j final state, we find
that the invariant mass of the four objects in the final state can be used to reconstruct
MWR

, and that the pT of the leptons can be used to estimate the mass difference between
WR and the heavy neutrino.

We then perform a sensitivity study for the ATLAS detector at the LHC for the
three signal processes after the current Run 3 and the future HL-LHC. For the Majorana
and pseudo-Dirac signals we find that they are very difficult to discover and impossible
to exclude even after the entire HL-LHC run, due to the strict constraints on the mixing
between the heavy neutrinos and the SM neutrinos. For the LRSM models, we find
that we can improve on results from previous studies. For the case MWR

= 3 TeV we
are able to put a 95% CL expected upper limit on the relative right-handed coupling
strength κR of κR ≈ 0.2 if no signal is seen after Run 3, and an upper limit of less than
0.1 after HL-LHC. We also find that models with masses as high as MWR

= 5 TeV and
mN = 4 TeV can be discovered at 5σ during HL-LHC. If no signal is seen after HL-LHC,
it will be possible to expand the current 95% CL excluded region in the (MWR

,mN )
parameter space up to at least (5 TeV, 4.5 TeV) and the 90% CL excluded region will
extend beyond (6 TeV, 4 TeV).
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Chapter 1

Introduction

Although the neutrinos have been known to exist for over 60 years [1], they are arguably
the particles in the Standard Model of particle physics (SM) that we know the least
about. The reason for this is their very weak interaction with other particles, making
them difficult to study experimentally. Among the most important mysteries of the
neutrinos are the origin of their masses and what type of fermion they are; Dirac or
Majorana. The answers to these questions will open doors to new and unknown physics.
In fact, the first decisive evidence for physics beyond the SM came from measurements of
neutrinos, when the observation of neutrino oscillations in 1998 showed that the neutrinos
have non-zero masses [2]. Even before this was shown experimentally, many theoretical
models for the mass generation of the neutrinos had been conceived. Among these is the
so-called seesaw mechanism, which attempts to explain the small non-zero masses of the
SM neutrinos by introducing new heavy neutrinos.

In this thesis we will perform a phenomenological study of a few different versions of
the seesaw mechanism. We will simulate particle collision events that can produce the
associated heavy neutrinos within the framework of each model, and analyse the results
with the goal of learning how to distinguish between the models. We also want to use
our simulated events along with simulated background events made for the current Run
of the ATLAS detector at the LHC to perform a sensitivity study for this detector to
these models. With this analysis, we hope to say something about whether the heavy
neutrinos are possible to detect currently or in the future, and which models or parts of
parameter spaces can be excluded based on not having observed the expected signals yet.

The thesis is divided into two parts. In the first part, we give the theoretical
background needed for our study. In chapter 2, we give a short review of the SM,
and in particular how the fermions in the SM get their masses. We also present the
evidence for the masses of the SM neutrinos being non-zero, and why this leads to the
so-called neutrino mass problem. In chapter 3, we introduce the three versions of the
seesaw mechanism that are the focus of our study. Finally, in chapter 4, we give a brief
introduction to the LHC, particle collider kinematics and the ATLAS detector.

In the second part of the thesis, we present the methods we used in our analyses
and the results of our work. In chapter 5, we present the specific signal processes we
will study within each of the three versions of the seesaw mechanism that we cover, and
how we simulated these processes. We also give an overview of some important SM
background processes that are similar to the signal processes. In chapter 6, we study the
kinematics of the signal processes in detail to learn about their characteristics. In chapter

1



2 CHAPTER 1. INTRODUCTION

7, we perform the aforementioned sensitivity study for the ATLAS detector during Run
3 of the LHC and the High Luminosity LHC to each of our simulated signals. Finally, in
chapter 8, we summarise our main results and present possibilities for future research.
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Background
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Chapter 2

The neutrino mass problem

In this thesis we will use natural units, setting c = h̄ = 1, meaning that mass, momentum
and energy are all given units of energy. We will use the energy unit ”electronvolt”,
or eV, which is defined by 1 eV ≈ 1.6 × 10−19 J. We use the metric sign convention
gµν = diag (+1,−1,−1,−1).

In this chapter we will introduce the main motivations for the search for heavy neutrinos
and the study of the seesaw mechanism, from both theoretical and experimental points
of view. When no other references are given, the information in this chapter is largely
based on the textbooks by Peskin and Schroeder [3] and Thomson [4].

2.1 Introduction to the Standard Model

The Standard Model of particle physics (SM) is the model that describes all the currently
known elementary particles and their interactions. The SM is a quantum field theory,
meaning that the dynamical variables of the theory are fields, and we think of each field
as having an associated particle. The ”equations of motion” for the fields in a quantum
field theory can be derived from the Lagrangian L of the theory, which contains the
space-time dependent fields and their derivatives. The Lagrangian of the SM therefore
gives all the information we need to predict the behaviour of the elementary particles.
The SM Lagrangian is built on the principle of gauge invariance. This means that
the Lagrangian is made to be invariant under certain symmetry transformations. The
symmetries of the SM are defined by the so-called SM gauge group

SU(3)C ⊗ SU(2)L ⊗ U(1)Y . (2.1)

Here U(n) and SU(n) are the unitary and special unitary groups of order n respectively,
which are continuous groups with elements that can be represented as n by n unitary
matrices. The multiplication symbol between each subgroup of the SM gauge group
represents a direct product, while the subscripts C, L and Y are labels that remind us
that only certain types of SM fields are charged under each group. Any element of one
of the three subgroups can be written using the exponential map and the generators T a,
where a is an index labelling the different generators, of the group as

g = eiθaT
a
. (2.2)

5
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Here θa are parameters that can be chosen to produce the specific group element g, and
there is a sum over all values of a. Each subgroup of the SM gauge group then acts on the
SM Lagrangian by transforming some fermion field ψ in a so-called gauge transformation

ψ → ψ′ = e−iqθa(x)Ta
ψ, (2.3)

where θa(x) are parameters which are now space-time dependent, and q is the charge of
the field ψ under the specific subgroup. We therefore see that only fields with non-zero
charges under a group will transform under a gauge transformation.

The Abelian group U(1) only has one generator, which can be taken to be 1. The
groups SU(n) in general have n2 − 1 generators, which in the so-called fundamental
representation can be written as Hermitian n by n matrices. For SU(2), the generators
in the fundamental representation are the three Pauli matrices τa, a = 1, . . . , 3, while
for SU(3) they are the eight Gell-Mann matrices λa, a = 1, . . . , 8. This means that
fields that transform under SU(2)L and SU(3)C need to be placed in two- and three
component vectors respectively in order for equation (2.3) to make sense. These vectors
are called SU(2)L doublets and SU(3)C triplets.

Now we can finally introduce the particle/field content of the SM. First, there are the
fermions, which are characterised by their spin of 1/2 and their fields taking the form of
four-component ”spinors”. The fermions of the SM include the leptons, which come in
three generations and electrically charged and neutral types. The charged leptons are
the electron e±, the muon µ± and the tau τ±. The neutral leptons are the neutrinos
with flavours of the same name; the electron-, muon- and tau-neutrinos νe, νµ and ντ .
The remaining fermions are the quarks, which also come in three generations and two
types with different electric charges. There are the down-type quarks down d, strange
s and bottom b with charges of −1/3, and the up-type quarks up u, charm c and top
t with charges of +2/3. All of these fermions have left-handed fields1 that are charged
under the SU(2)L group. These left-handed fermion fields are therefore placed in SU(2)L
doublets, as follows

Qi
L =

(
uiL
diL

)
Ei

L =

(
eiL
νiL

)
, (2.4)

where i is a generational index, such that Qi
L represents the doublets of the quark fields

of each generation, with for example uiL being the left-handed field of the up-quark,
charm-quark and top-quark for i = 1, 2, 3 respectively. Similarly, Ei

L are the three
generations of SU(2)L lepton doublet, with eiL being the fields of e±, µ± and τ± for
i = 1, 2, 3.

All of the quark fields are also charged under SU(3)C , which means that they are
additionally placed in SU(3)L triplets

q =

q1q2
q3

 , (2.5)

where q can be any of the six types d, s, b, u, c and t.
To make the SM Lagrangian invariant under the general gauge transformation of the

fermion fields shown in equation (2.3), we need to add new fields for each of the gauge
groups to cancel the fermions’ transformations. These are the so-called gauge (vector)

1We will explain what left-handed fields are in the next section.
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bosons. There is one gauge boson associated with each generator of the SM gauge groups,
meaning that there are eight gluons Ga

µ, a = 1, . . . , 8 connected to the SU(3)C group,
and there are the four electroweak bosons W+

µ , W−
µ , Zµ and the photon Aµ connected to

the SU(2)L and U(1)Y groups. The connection between the last four gauge bosons and
the associated groups is actually slightly more complicated, since the gauge symmetry
of SU(2)L ⊗ U(1)Y is ”broken”, which we will come back to in subsequent sections.
These gauge bosons, which have fields with indices µ = 0, . . . , 3 that indicate that they
transform as vectors under Lorentz transformations, mediate the interactions between
the fermions in the SM that are charged under the gauge group associated with the
boson. We therefore get the group of interactions between quarks mediated by gluons,
which is described by the theory of Quantum Chromodynamics (QCD). There is also the
theory of Electroweak (EW) interactions between the leptons, quarks and the bosons of
SU(2)L ⊗U(1)Y . As mentioned, this gauge symmetry is broken in the SM, which occurs
at an energy scale of around 100 GeV, and has the consequence that at lower energies
there is the theory of Quantum Electrodynamics (QED) which describes the interactions
between the photon and all electrically charged fermions.

Finally, the last field of the SM is the scalar field called the Brout-Englert-Higgs
(BEH) field φ, with the associated scalar boson called the Higgs h. This field is also
charged under SU(2)L, and therefore forms a doublet

φ =

(
φ+

φ0

)
. (2.6)

2.2 A problem with fermion masses in the Standard Model
To acquire mass for the fermions in the Standard Model is surprisingly non-trivial. For
any SM fermion with a Dirac spinor ψ, the most natural attempt would be to, analogous
to the Dirac Lagrangian, add the term

L ∼ −mψψ (2.7)

to the SM Lagrangian. Here m would be a constant with mass dimension one, as is
expected for a mass, and ψ denotes the Dirac adjoint of ψ, defined as

ψ = ψ†γ0, (2.8)

where γ0 is the time-like gamma matrix. However, terms like the one in (2.7) are not
allowed in the SM Lagrangian due to the requirement that the Lagrangian must be
invariant under the transformations of the SM gauge group SU(3)C ⊗ SU(2)L ⊗ U(1)Y .
To show that the term in (2.7) is not invariant under this SM gauge group, and specifically
not under the transformations of SU(2)L, we decompose the spinors into their left- and
right-handed chiral components using the projection operators

PL =
1

2

(
1− γ5

)
,

PR =
1

2

(
1 + γ5

)
,

(2.9)

where γ5 is the chirality operator, also referred to as ”the fifth gamma matrix”, and is
defined by

γ5 = iγ0γ1γ2γ3. (2.10)
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The four gamma matrices γµ, µ = 0, . . . , 3 are defined by the anticommutation relations

{γµ, γν} = 2gµνI4, (2.11)

where I4 is the four by four identity matrix. Using the properties of the four gamma
matrices, one can show that the operators PL and PR have the standard projection
operator properties

PL + PR = 1, PRPR = PR, PLPL = PL and PLPR = PRPL = 0. (2.12)

Using this we can write

ψ = 1ψ = (PL + PR)ψ = ψL + ψR, (2.13)

where ψL and ψR are now the left-handed and right-handed chiral components of ψ.
Since the Dirac adjoint is linear, it follows that

ψ = ψL + ψR (2.14)

Using the fact that γ5 is hermitian and anti-commutes with all four gamma matrices, we
can also write these as

ψL = (PLψ)
† γ0 = ψ†P †

Lγ
0 = ψ†PLγ

0 = ψPR,

ψR = (PRψ)
† γ0 = ψ†P †

Rγ
0 = ψ†PRγ

0 = ψPL.
(2.15)

Now we can expand the Dirac Lagrangian mass term from equation (2.7) in terms of
chiral spinors

L ∼ −m
(
ψL + ψR

)
(ψL + ψR) = −m

(
ψPR + ψPL

)
(PLψ + PRψ)

= −mψ (PR + PL) (PL + PR)ψ = −mψ (PRPR + PLPL)ψ

= −m
(
ψLψR + ψRψL

)
.

(2.16)

Now we can see the problem with this term in the SM Lagrangian. The left-handed
chiral spinors of fermions in the SM are part of SU(2)L doublets, that are transformed
under the SU(2)L group as

L→ L′ = eigW θa(x)τaL and L→ L
′
= Le−igW θa(x)τa , (2.17)

where L is any SM SU(2)L doublet containing two left-handed fermion fields, gW is the
weak coupling constant, a is an index that is implicitly summed over, θa are space-time
dependent parameters of the transformation and τa, a = 1, . . . , 3 are the hermitian
Pauli matrices. The right-handed spinors, on the other hand, are singlets under SU(2)L,
meaning they have no charge and do not change at all under SU(2)L transformations.
This means that the Lagrangian term in equation (2.16), which came from the proposed
mass term in equation (2.7), cannot be invariant under SU(2)L transformations, as it
has a non-zero charge. In other words, the right-handed fields are unable to cancel the
transformation of the left-handed fields, since they do not transform at all.

This is one of the main reasons why fermions must be massless as long as the
symmetries of the SM are upheld. But there is no doubt that we observe massive
fermions in nature. So how can the SM explain this? The answer is to break the
symmetries of the model.
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2.3 Spontaneous symmetry breaking, the Brout-Englert-
Higgs mechanism and electroweak unification

In addition to the difficulties we have demonstrated associated with writing down fermion
mass terms in the SM, there is also the problem that all gauge boson fields must be
massless in any gauge theory. The reason for this is that the natural gauge boson mass
term2

L ∼ −1

2
M2V †

µV
µ, (2.18)

where M is a constant of mass dimension one and Vµ is a gauge boson field, is not gauge
invariant. However, we know that the mediators of the weak interaction, the W±- and
Z bosons, have masses. This is another indication that the symmetries of the SM need
to be broken, and it gives us a reason to suspect that the symmetry breaking mechanism
is related to the weak interaction in particular.

There turns out to be a convenient way to give mass to the gauge bosons of a gauge
theory, by coupling a scalar field with certain properties to the gauge bosons. This
can allow the symmetry of the theory to be broken spontaneously by the scalar field,
while keeping the explicit symmetry of the Lagrangian. This method of giving mass
to gauge bosons was discovered almost simultaneously by Robert Brout and François
Englert [5], and Peter Higgs [6] in 1964, and is therefore called the Brout-Englert-Higgs
(BEH) mechanism. In order to give the desired results, the scalar field must have a
potential with a set of degenerate minima. The minima of the potential correspond to
the lowest energy states of the field, which are often called its vacuum states. However,
at any given space-time point x the field can only be in one of these vacuum states.
This ”choice” of the physical vacuum state spontaneously breaks the symmetry of the
Lagrangian.

A few years before the BEH mechanism was conceived, Glashow proposed a unification
of the weak and electromagnetic interactions [7], forming an electroweak interaction
with gauge group SU(2)L ⊗ U(1)Y . In 1967, this unified gauge theory was combined
with the spontaneous symmetry breaking of the BEH mechanism in what is now known
as the Glashow-Weinberg-Salam theory. This theory completed the main theoretical
foundation of the Standard Model as we know it today. In this theory, the scalar field
that is introduced to spontaneously break the gauge symmetry is called the BEH field.
The BEH field is coupled to the electroweak gauge group to give the weak gauge bosons
masses. In order to give the W bosons and the Z boson masses, the BEH field needs
to ”give” one degree of freedom to each of their fields3. There needs to be at least one
degree of freedom remaining in the BEH field corresponding to the massive Higgs boson,
so the BEH field needs at least four degrees of freedom in total. The simplest way to
do this is to make a SU(2)L doublet of complex scalar fields, meaning the field has a
weak isospin charge of IW = 1

2 . The doublet needs to contain one electrically charged
field and one electrically neutral field to give mass to both the electrically charged W
bosons and the electrically neutral Z boson. We therefore get the following form of the
Standard Model BEH field

φ =

(
φ+

φ0

)
=

1√
2

(
φ1 + iφ2
φ3 + iφ4

)
, (2.19)

2This is the form of the mass term for neutral bosons. For charged bosons the factor 1
2

disappears.
3Massive vector bosons have three degrees of freedom, while massless only have two.
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where φ1, . . . , φ4 are the real valued component fields of the two complex fields φ+
and φ0. In order for the electroweak unification to give interactions that agree with
observations, the following relation between the weak and electromagnetic charges must
be fulfilled for all fields

Y = 2
(
Q− I

(3)
W

)
, (2.20)

where Q is the electric charge of the field, I(3)W is called the third component of weak
isospin and it is +1

2 and −1
2 for fields in the upper and lower part of a SU(2)L doublet

respectively, and Y is the weak hypercharge of U(1)Y and must be the same for both
component fields of a SU(2)L doublet. Using this relation, we see that the BEH field
must have a weak hypercharge of Y = 1.

The BEH field is then given the potential

V (φ) = µ2φ†φ+ λ(φ†φ)2, (2.21)

where µ2 and λ are real constants with mass dimensions two and zero respectively. If µ2
is negative while λ is positive, the potential has an infinite set of minima for

φ†φ =
1

2

(
φ21 + φ22 + φ23 + φ24

)
= −µ

2

2λ
=
v2

2
, (2.22)

where

v =

√
−µ2
λ

(2.23)

is called the vacuum expectation value, or vev, of the BEH field4. In the four dimensional
space where each coordinate axis corresponds to one of the component fields of φ, such
that any point in the space corresponds to a particular value of the BEH field, these
minima form the three dimensional surface of a four dimensional hyper-sphere with
radius v. This symmetry of the minima is not accidental, but a consequence of the fact
that the BEH potential in (2.21), and in fact the whole Lagrangian, is invariant under
SU(2)L transformations

φ→ φ′ = eigW θa(x)τaφ, (2.24)

which are exactly the transformations that keep the inner product φ†φ constant. We can
see this by computing

φ′†φ′ = φ†e−igW θa(x)τaeigW θa(x)τaφ = φ†φ, (2.25)

where we used that the generators τa of SU(2)L are hermitian. This shows that the
symmetry of the hyper-sphere surface is simply a representation of the symmetry of
SU(2)L, and that a SU(2)L transformation like the one in (2.24) will move the state of
the field along this three dimensional surface.

Since the theory is supposed to be invariant under local SU(2)L transformations, this
means that we can choose the vacuum state of the field at all space-time points to be
any point on the hyper-sphere surface without any physical consequences. In this case,
we choose the vacuum expectation value to be only in the φ3-direction. This choice of a
direction in the four dimensional space represents a breaking of the SU(2)L symmetry of

4Another common convention puts a negative sign in front of µ2 in the definition of the potential,
making µ2 itself positive, in which case the negative sign in the expression for v disappears. In any case,
v is a positive real number of mass dimension one.
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the system, which is exactly what we wanted. With this choice of the vev, the BEH field
can be re-parameterised around the vacuum value as φ3(x) = v + η(x), where η is a field
that represents the deviation of φ3 from the vev. The BEH doublet can then be written
in terms of real scalar fields that all have a vacuum expectation value of zero

φ =
1√
2

(
φ1 + iφ2
v + η + iφ4

)
. (2.26)

Writing out the Lagrangian for the BEH field in this form and coupling it to the
electroweak gauge group SU(2)L ⊗ U(1)Y gives the desired mass terms for the gauge
bosons. However, the component fields φ1, φ2 and φ4 also enter the Lagrangian as
un-physical massless scalar fields called Goldstone bosons. To remove these from the
theory, we can perform another gauge transformation (still not changing the physics
described by the Lagrangian!) to transform the BEH doublet into the form

φ =
1√
2

(
0

v + η(x)

)
=

1√
2

(
0

v + h(x)

)
, (2.27)

where we have renamed η as h to indicate that this is the physical BEH field. The gauge
in which the Goldstone bosons are removed from the Lagrangian and the BEH doublet
takes this form is called unitary gauge.

In unitary gauge, the Lagrangian for the BEH field coupled to the electroweak
interaction has almost all the desired properties. Due to the vev of the BEH field, the
kinetic part of the Lagrangian gives terms that are quadratic in the boson fields, just
like the mass term in equation (2.18). From the potential part of the Lagrangian, the
BEH field itself also gets a mass due to the non-zero vev. The only thing that remains
is to take linear combinations of the four bosons of SU(2)L ⊗ U(1)Y to get the correct
interactions of the physical photon, W±- and Z bosons, and make sure that the photon
remains massless. These requirements give relations between the weak and electric
coupling constants, and the masses of the W and Z bosons, usually parameterised by
the weak mixing angle θW . These are some of the main predictions of the theory of the
BEH mechanism and electroweak unification, and they are verified experimentally to
high precision.

2.4 Fermion masses in the Standard Model, revisited

Armed with the knowledge of the BEH mechanism, we can now explain how, at least
most of, the fermions in the SM get their mass. We have introduced the BEH field in
the form of a SU(2)L doublet and with weak hypercharge Y = 1 to the SM Lagrangian.
This allows us to write new gauge invariant interaction terms between fermions and the
BEH field, called Yukawa terms. They are

LYuk = −λijd Q
i
Lφd

j
R + λijuQ

i
Lφ

cujR − λijl E
i
Lφe

j
R + h.c. (2.28)

where i and j are generational indices that are summed over in each term, λijd , λiju and
λijl are complex constants with mass dimension zero, Qi

L is the ith generation of SU(2)L
Quark doublet, diR and uiR are the SU(2)L singlet fields of the quarks in the lower and
upper part of Qi

L, Ei
L is the ith generation of SU(2)L lepton doublet, eiR is the singlet
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Table 2.1: The transformation properties of the different types of fermion fields and
the BEH field under each of the three SM gauge groups. The first number in the
parenthesis gives the size of the SU(3)C multiplet of the fermion (3=triplet, 2=doublet
and 1=singlet). The second number gives the same for SU(2)L. The last number is the
weak hypercharge of the field, as given by the relation (2.20).

Field Transformation (SU(3)C , SU(2)L, U(1)Y )

QL (3, 2, 1
3)

EL (1, 2, −1)
dR (3, 1, −2

3)
uR (3, 1, 4

3)
eR (1, 1, −2)
νR (1, 1, 0)
φ (1, 2, 1)

field of the charged lepton in Ei
L, φ is the BEH doublet and the field φc is called the

conjugate BEH doublet and is defined as

φc = −iσ2φ∗. (2.29)

The ”h.c.” at the end of equation (2.28) is short for the hermitian conjugate of all the
previous terms in the equation. To show that the Yukawa terms in equation (2.28) are
gauge invariant, we use the transformation properties of the fields that are listed in table
2.1. We also know that any contraction of two SU(2)L doublets or two SU(3)C triplets
is invariant, as was shown in equation (2.25) for the case of SU(2)L. The exact same
argument shows that contractions of SU(3)C triplets are invariant, since this group also
has hermitian generators. Then we see that the terms containing φ are invariant under
SU(2)L since there is a contraction between the fermion doublet and the BEH doublet.
In the last term, all of the fields are singlets under the strong interaction, so they are
obviously SU(3)C invariant. In the first two terms, there is a contraction between the
SU(3)C triplets of the two quark fields, so the terms are also invariant. For invariance
under U(1)Y it suffices to show that the sum of hypercharges in each term is zero. Noting
that the sign of the hypercharge is flipped when taking the Dirac adjoint of a field, we
see that the sum of hypercharges in the first term is −1

3 +1− 2
3 = 0 and in the last term

it is 1 + 1− 2 = 0. To find the sum of hypercharges of the second term we need to look
at how the conjugate BEH doublet transforms under U(1)Y

φc′ = −iσ2φ′∗ = −iσ2e−ig′Y θφ∗ = eig
′(−Y )θ (−iσ2φ∗) = eig

′(−Y )θφc. (2.30)

This shows that φc transforms just like the un-conjugated field φ, only with the hyper-
charge multiplied by −1. Thus φc has Y = −1. Then the sum of hypercharges of the
second term is −1

3 −1+ 4
3 = 0. Finally, we need to show that the second term is invariant

under SU(2)L. To do this we look at how the conjugate BEH doublet transforms under
a general SU(2)L transformation, for which we will need the following properties of the
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Pauli matrices

σ21 = σ22 = σ23 = I, (2.31a)
σaσb = −σbσa (a 6= b) , (2.31b)
σ∗1 = σ1, σ∗2 = −σ2, σ∗3 = σ3. (2.31c)

Combining these properties, we find that

σ2σ
∗
a = −σaσ2 (2.32)

for all three values of a, and

(θaσ
a∗)2 = θ21 + θ22 + θ23

− θ1θ2 (σ1σ2 + σ2σ1) + θ1θ3 (σ1σ3 + σ3σ1)− θ2θ3 (σ2σ3 + σ3σ2)

= θ21 + θ22 + θ23 = θaθ
a.

(2.33)

Using this, the transformation of the conjugate BEH field can be written as

φc′ = −iσ2φ′∗ = −iσ2e−
1
2
igW θaσa∗

φ∗

= σ2

(
1− 1

2
igwθaσ

a∗ +
1

2

[
1

2
igwθaσ

a∗
]2

− 1

6

[
1

2
igwθaσ

a∗
]3

+ . . .

)
(−iφ∗)

= σ2

(
1− 1

2
igwθaσ

a∗ +
1

2

[
1

2
igw

]2
θaθ

a − 1

6

[
1

2
igw

]3
θbθ

bθaσ
a∗ + . . .

)
(−iφ∗)

=

(
1 +

1

2
igwθaσ

a +
1

2

[
1

2
igw

]2
θaθ

a +
1

6

[
1

2
igw

]3
θbθ

bθaσ
a + . . .

)
(−iσ2φ∗)

= e
1
2
igW θaσa

φc,

(2.34)

which has exactly the same form as the transformation of the regular BEH doublet φ, as
shown in equation (2.24). We also note that the hermitian conjugates of terms that are
invariant under a gauge transformation must also be invariant, and thus the the entire
Lagrangian in equation (2.28) is gauge invariant.

2.4.1 Right-handed neutrinos

Interestingly, there is no Yukawa term for leptons involving the conjugate BEH doublet
in equation (2.28). The reason for this is that this term requires the presence of the
right-handed neutrino fields νiR in order for the term to be gauge invariant, and this is a
problem in the Standard Model.

The neutrinos are the only SM fermions that do not interact with either the gluons
or the photon, since they have no colour or electric charge. The left-handed neutrinos
(and their CP conjugate counterparts, the right-handed antineutrinos) only couple to
the W and Z bosons due to their non-zero weak isospin and hypercharge. However,
right-handed neutrinos, which would be singlet under SU(2)L, would have no weak
isospin or hypercharge either. They would therefore not interact with any other SM
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particle, except to a completely negligible extent through gravity5, or potentially through
mixing. It is therefore not surprising that we have not seen any evidence of the existence
of right-handed neutrinos. For this reason they are not included in the Standard Model.
Thus neither is the Yukawa term for the neutrinos.

2.4.2 Fermion mass terms

When the BEH field now acquires a vacuum expectation value and the Lagrangian is
written in unitary gauge, such that the BEH field is on the form of equation (2.27), the
Yukawa terms become

LYuk = −λijd
1√
2
(v + h) d

i
Ld

j
R − λiju

1√
2
(v + h)uiLu

j
R − λijl

1√
2
(v + h) eiLe

j
R + h.c. (2.35)

where diL and uiL are the down-type and up-type quark fields the component fields of the
doublet Qi

L, and eiL is the lower component field of Ei
L.

There are two types of terms in equation (2.35). The first type is for the down-type
quarks

Ld,h = −λijd
1√
2
d
i
Ld

j
Rh+ h.c., (2.36)

which has the form of an interaction term between the quarks and the Higgs boson, with
λijd as coupling constants. The other type is for the same quarks

Lmass,d = −λijd
1√
2
vd

i
Ld

j
R + h.c., (2.37)

which has a form that is very similar to the infamous fermion mass term shown in
equation (2.16). However, the Lagrangian in equation (2.37) has some issues in its
current state. Since there are a priori no restrictions on the parameters λij , it seems to
allow ”off-diagonal” terms of the form d

i
dj where i and j are different. But these terms

can not be physical, since they would allow quarks of one generation to turn into quarks
of another generation without interacting with any other particles. To find the mass
terms of the physical fermion fields, we therefore need to mix the different generations to
make fields for which the matrices λd, λu and λl are diagonal. The fields for which this
is the case are called the mass eigenstates of the down-type quarks, the up-type quarks
and the charged leptons respectively.

2.4.3 Mixing in the quark sector

For the quarks, we need to diagonalise both λd and λu. It can be shown6 that any
complex 3 by 3 matrix M can be written as

M = UDW, (2.38)

5The gravitational effect of right-handed neutrinos could only be detectable on a cosmic scale. In
particular, right-handed neutrinos could change the effective number of neutrino species, which again
is related to the energy density and expansion rate of the universe, as explained in section 4 of The
Phenomenology of Right Handed Neutrinos [8].

6See for example section 11.3 of Gauge Theory of Elementary Particle Physics [9].
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where U and W are 3 by 3 unitary matrices, and D is a 3 by 3 diagonal matrix with real
and positive numbers on the diagonal. Therefore, we can without loss of generality write

λu = UuDuW
†
u, λd = UdDdW

†
d , (2.39)

where Uu, Wu, Ud and Wd are all unitary matrices and Du and Dd are diagonal with
real and positive eigenvalues. If we then transform the quark fields according to the
linear transformations

uiL → U ij
u u

j
L, uiR →W ij

u u
j
R, diL → U ij

d d
j
L, diR →W ij

d d
j
R, (2.40)

where we keep the same names for the fields for simplicity, we see that all of the unitary
matrices disappear from the fermion-Higgs interaction terms and the fermion mass terms.
For example, the terms in equation (2.37) become

Lmass,d = −λijd
1√
2
vd

i
Ld

j
R + h.c.

→ − 1√
2
v
(
U ik
d d

k
L

)†
γ0λijd W

jl
d d

l
R + h.c.

= − 1√
2
vd†kL γ

0U ik∗
d

(
UdDdW

†
d

)ij
W jl

d d
l
R + h.c.

= − 1√
2
vd

k
LU

†ki
d U im

d Dmn
d W †nj

d W jl
d d

l
R + h.c.

= − 1√
2
vd

k
LD

kl
d d

l
R + h.c.

= − 1√
2
vDii

d

(
d
i
Ld

i
R + d

i
Rd

i
L

)
.

(2.41)

In the last line, there are only terms containing fields of the same generation. In fact,
looking at equation (2.16) from section 2.2, we see that we can write this last line using
the complete fields of the quarks given by

di = diL + diR (2.42)

as
Lmass,d = − 1√

2
vDii

d

(
d
i
di
)
. (2.43)

This shows that in the mass eigenstates of the quarks, we get terms that are exactly like
the standard Dirac fermion mass terms shown in equation (2.7). Comparing equation
(2.43) with equation (2.7), we see that the masses that the down-type quarks get from
the BEH mechanism are

mi
d =

1√
2
vDii

d . (2.44)

The corresponding masses for the up-type quarks, which can be found in the same way
by inserting the uiL and uiR fields in the mass eigenstate basis into the Lagrangian in
equation (2.35), are

mi
u =

1√
2
vDii

u . (2.45)

An interesting thing to note about the quark masses is that they depend on both the
BEH vev v and the diagonalised Yukawa couplings Du and Dd. The value of v can
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be measured independently, for instance by measuring the Higgs boson mass or the
weak gauge boson masses. The entries of Du and Dd, however, come directly from
the arbitrary Yukawa couplings λu and λd, which are not restricted by theory or any
independent experiments7. This therefore serves more as a parametrisation of the quark
masses, rather than an explanation for their values.

It is important to ask ourselves whether the transformation we did in equation (2.40)
to write all the quark fields in their mass eigenstates affected any other parts of the SM
Lagrangian. In any terms where a chiral quark field is multiplied by the Dirac adjoint of
the same field, the unitary matrices will cancel as long as they commute with whatever
is between the two quark fields. Since the unitary matrices are constant they commute
with derivatives, and they also commute with the gamma matrices and the generators of
the SU(3)C gauge group, since they work in different spaces. Therefore terms that are
invariant under the change to mass eigenstate basis include the kinetic terms, strong
interactions, and photon and Z boson interactions. However, in the charged current
weak interactions involving the W bosons, the terms contain left-handed fields of one
up-type quark and one down-type quark. Before transforming to the mass eigenstate
basis, these terms have the form

LCC =
gW√
2
W+

µ u
i
Lγ

µdiL + h.c. (2.46)

After the transformation, they become

LCC =
gW√
2
W+

µ u
j
LU

ij∗
u γµU ik

d d
k
L + h.c.

=
gW√
2
W+

µ γ
µujLU

†ji
u U ik

d d
k
L + h.c.

=
gW√
2
W+

µ γ
µujL

(
U †
uUd

)jk
dkL + h.c.

(2.47)

We see that the unitary matrices do not disappear in these terms. Instead we get a new
unitary matrix

V = U †
uUd (2.48)

which the down-type quarks are multiplied by. This matrix is known as the Cabibbo–Kobay-
ashi–Maskawa (CKM) matrix. We now define the weak eigenstate basis of the quark
fields as the ones that are diagonal in the charged current interaction. Marking the fields
in the weak eigenstate basis with primes to distinguish them from the mass eigenstates,
the charged current in terms of weak eigenstates are by definition

LCC =
gW√
2
W+

µ u
i′
Lγ

µdi′L + h.c. (2.49)

Comparing this with the same terms in the mass eigenstate basis, we see that we can
identify

ui′L = uiL, di′L = V ijdjL. (2.50)
7The elements of Du and Dd can of course be measured from the cross sections of the decays of the

Higgs boson to quarks, since the exact same matrix elements determine these cross sections (as can
be seen from equations (2.36) and (2.37)). However, one could just as well measure the masses of the
quarks using some other method, and use the mass values to determine the couplings of the Higgs boson
to quarks. The measurement of Du and Dd elements from Higgs decays can therefore not be called an
independent measurement of the quark masses.
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This shows that while we can make the weak eigenstate of the up-type quark equal to
their mass eigenstates, the weak eigenstates of the down-type quarks are a rotation of the
physical mass eigenstates. This is what we mean when we say that the quarks are mixing,
and it has drastic consequences for the symmetries of the theory. While the combined
quark number (where a quark is assigned quark number 1 and an antiquark quark number
−1) is still conserved in the entire SM, the individual quark flavour numbers, where
each generation is given its own separate number, can now be violated by the charged
current weak interaction. Additionally, it can be shown8 that if the CKM matrix has any
complex elements, these interactions will violate CP symmetry, which is otherwise an
exact symmetry of the SM. Experiments show that the CKM matrix is indeed complex,
and CP violations have been observed in weak interactions [10].

2.4.4 Lepton masses

The change to mass eigenstate basis in the lepton sector is slightly different from the
quark sector, due to the missing right-handed neutrinos. To find the mass eigenstates of
the leptons we only need to diagonalise the matrix λl. This can again be done with two
unitary matrices Ul and Wl such that

λl = UlDlW
†
l , (2.51)

where Dl is a diagonal matrix with positive real numbers on the diagonal. To eliminate
the unitary matrices from the lepton mass terms, we need only to transform the charged
lepton fields as follows

eiL → U ij
l e

j
L, eiR →W ij

l e
j
R. (2.52)

Then the mass terms for the charged leptons can be written as

Lmass,l = − 1√
2
vDii

l

(
eiLe

i
R + eiRe

i
L

)
, (2.53)

which means that similarly to the quark masses, the masses given to the charged leptons
by the BEH mechanism are

mi
l =

1√
2
vDii

l . (2.54)

The masses again depend on the arbitrary matrix elements Dii
l , an thus the theory does

not predict the values of the charged lepton masses. The neutrinos, meanwhile, get
neither mass terms or Higgs interactions since they have no Yukawa term. It therefore
does not really make sense to speak of the mass eigenstates of the neutrinos in this
framework, and there is no reason to change basis for the neutrino fields νiL. However, if
the neutrino fields are not transformed, the matrix Ul will appear in the charged current
interactions of leptons in the same way as the CKM matrix did for the quarks. We
therefore choose to transform the neutrinos with the same matrix as the charged leptons,
giving

νiL → U ij
l ν

j
L. (2.55)

In this way, UL can be factored out of the lepton SU(2)L doublets, and it therefore
disappears from all the SM Lagrangian terms, including the charged current interactions.
This choice of basis for the neutrino states is therefore equivalent with defining the weak

8See for example section 20.3 of Peskin and Schroeder [3].



18 CHAPTER 2. THE NEUTRINO MASS PROBLEM

eigenstates of the charged leptons to be the same as their mass eigenstates. It also
means that without the right-handed neutrino fields and neutrino mass terms, there is
no mixing between the lepton generations, and each individual lepton flavour number is
conserved. Then any lepton interactions also have exact CP symmetry. However, as we
will see in the following section, the observation of neutrino oscillation changes all of this.

2.5 Neutrino oscillations and evidence for non-zero neutrino
masses

Because the SM neutrinos are so difficult to detect, no experiment to this day has been
able to directly measure their mass. In section 2.4, we saw that the three neutrinos are all
assumed to be massless in the SM. Nevertheless, the consequences of non-zero neutrino
masses have been explored theoretically for almost as long as neutrinos have been known
to exist, for example by Bruno Pontecorvo in 1967 [11]. One of the main consequences
that were explored was the possibility of neutrino oscillations. These oscillations also
turned out to be the phenomenon that provided the first decisive evidence for non-zero
neutrino masses, so we will look at this theory in more detail.

2.5.1 Neutrino Oscillations

To see how non-zero neutrino masses can lead to oscillations, we assume that the right-
handed neutrino fields do exist, and that the neutrinos have some complex mass matrix
λν which gives the mass terms9

Lmass,ν = −λijν νiLν
j
R + h.c. (2.56)

Then the mass matrix λν must be diagonalised in the neutrino mass eigenstate basis,
and we do no longer have the freedom to transform the neutrino fields such that the
charged current interaction of the leptons remains diagonal with respect to the lepton
generations. Instead we get the same situation as in the quark sector. If the unitary
matrices that are needed to diagonalise λν are Uν and W †

ν , then the charged current
interactions in the mass eigenstate basis are

LCC =
gW√
2
W+

µ γ
µνjL

(
U †
νUl

)jk
ekL + h.c. (2.57)

We see that the matrix U †
νUl takes the role of the CKM matrix for the quarks. By

convention, we choose the charged lepton weak eigenstates to be the same as their mass
eigenstates, which means that the mixing matrix for the neutrinos is

U =
(
U †
νUl

)†
= U †

l Uν , (2.58)

which is known as the Pontecorvo–Maki–Nakagawa–Sakata (PMNS) matrix. Then the
weak eigenstates of the leptons are related to the mass eigenstates by

ei′L = eiL, νi′L = U ijνjL. (2.59)
9The neutrino mass terms must not necessarily originate in the BEH mechanism, and we therefore

write them in a more generic form.
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This means that when a neutrino is produced in a charged current interaction, its quantum
mechanical state can be described as a superposition of the three mass eigenstates. For
oscillations to occur, this superposition must remain coherent over significant amounts of
time, which can only happen if the mass differences between the states are small. This
is one of the reasons why oscillations are not observed in charged leptons or quarks10,
and it is explained in more detail in Do charged leptons oscillate? [12]. Assuming that
the mass differences between the neutrinos are small, we can write a weak eigenstate νj′L
as a coherent superposition of mass eigenstates, and evolve this state through time by
approximating the mass eigenstates as plane waves. Then the neutrino state after a time
t at a position x is ∣∣∣νj′L (t, x)〉 = U jk

∣∣∣νkL〉 e−iφk , (2.60)

where k is an index that is summed over, and φk is given by

φk = pµxµ = Ekt− pk · x, (2.61)

where Ek and pk are the energy and three-momentum of the mass eigenstate νkL, while
pµ and xµ are its four-momentum and position four-vector. Using the inverse of the
PMNS matrix, each of the mass eigenstates can be written as a linear combination of
the three weak eigenstates, giving∣∣∣νj′L (t, x)〉 = U jkU lk∗

∣∣∣νl′L〉 e−iφk , (2.62)

where l is another index that is summed over. We can then find the probability of the
neutrino being in one of the weak eigenstates after a time t as

P
(
νj′L → νl′L

)
=
∣∣∣〈νl′L∣∣∣νj′L (t, x)〉∣∣∣2 = ∣∣∣U jkU lk∗e−iφk

∣∣∣2
=
∣∣∣U jkU lk∗

∣∣∣2 + 2Re
{
U j1U l1∗U j2∗U l2e−i(φ1−φ2)

}
+ 2Re

{
U j1U l1∗U j3∗U l3e−i(φ1−φ3)

}
+ 2Re

{
U j2U l2∗U j3∗U l3e−i(φ2−φ3)

}
,

(2.63)

where Re{} means the real part of whatever complex number is inside the brackets. Thus
each of the three last terms will be some combination of sine and cosine functions of
the phase differences φ2 − φ1 = ∆φ21, φ3 − φ1 = ∆φ31 and φ3 − φ2 = ∆φ32. It can be
shown11 that when assuming that the momenta of the mass eigenstates are the same,
and that the neutrinos are highly relativistic these phase differences can be written as

∆φij =
m2

i −m2
j

2E
L, (2.64)

where mi is the mass of the mass eigenstate νiL, E is the energy of the neutrino and
L is the distance the neutrino has travelled since its production. This means that if
there is no difference between the masses of the three neutrinos, and in particular if
they have no mass at all, there will be no oscillations in the probability of observing the

10Although oscillations are observed in neutral K- and B-mesons, which both have two states with
very similar masses.

11See for example section 13.4 and 13.5 of Thomson [4].
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neutrino in any of the weak eigenstates. In fact, using the unitarity of the PMNS matrix,
it is easy to see that in this case, P

(
νj′L → νj′L

)
= 1, while P

(
νj′L → νl′L

)
= 0 for j 6= l.

Only if the mass differences are non-zero, and there is a mixing between the neutrino
weak eigenstates and mass eigenstates (the PMNS matrix is not diagonal), will these
probabilities change with the distance travelled. Then they will change periodically, such
that the survival probability P

(
νj′L → νj′L

)
for example is 1 at time t = 0, then drops to

a minimum at some distance, and then increases to 1 again. These are the oscillations
that give neutrino oscillations their name. Now we have seen that only neutrinos with
different, but nearly equal, masses will oscillate. But conversely, if oscillations were to be
observed in experiments, the only logical explanation would be that neutrinos are not
massless like they are in the SM.

2.5.2 Parameters of the PMNS matrix

As we have seen, non-zero neutrino masses imply that the neutrino states are mixed by
the unitary PMNS matrix. In general, a 3 by 3 unitary matrix has nine real parameters.
However, it can be shown that five of these parameters can be removed by transforming
the lepton fields12, without changing any of the physics. Therefore we can parameterise
the PMNS matrix with four real parameters; three mixing angles and one complex phase.
The mixing angles are commonly called θ12, θ23 and θ13, and the complex phase is δ.
Then the PMNS matrix can be written in the form

U =

1 0 0
0 c23 s23
0 −s23 c23

 c13 0 s13e
−iδ

0 1 0
−s13eiδ 0 c13

 c12 s12 0
−s12 c12 0
0 0 1

 , (2.65)

where sij = sin θij and cij = cos θij . Just like for the CKM matrix, any complex elements
of the PMNS matrix will lead to CP violation in the weak interaction of leptons. With
the parametrisation of equation (2.65), the only possibility for complex elements comes
from the factors containing the complex phase δ. Thus if δ = 0 or δ = π, CP is conserved
in lepton interactions, and otherwise it parametrises the extent to which CP is violated.
But as we will see in the following sections, the current measurements of δ lack the
precision to determine whether or not CP is violated in the lepton sector.

2.5.3 Experimental evidence for neutrino oscillations

For an experiment to observe neutrino oscillations, it requires a strong source of neutrinos,
a good understanding of the nature of the source (like its intensity and ratio of different
flavours), and a large detector volume. The neutrino sources can either be constructed or
natural. The most common ways to construct neutrino sources are in particle accelerators,
where it is possible to make beams of neutrinos for example by colliding proton beams
with a target, and nuclear reactors, which release electron neutrinos from beta decays.
Since the 1970s these sources have been used to look for neutrino oscillations. However,
early versions of these experiments were so-called short baseline experiments, where the
measurement of the neutrinos was performed relatively close to the source, usually at

12This only applies if the neutrinos are Dirac fermions. If they are Majorana fermions, only three
parameters can be removed, with three angles and three phases remaining, as is shown in section 14 of
Review of Particle Physics [13].
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distances of less than 1 km. This, combined with relatively low neutrino energies, meant
that until the end of the 1990s such experiments where only sensitive to oscillations
corresponding to squared mass differences of more than around 0.1 eV2. At the end
of the 90s these experiments had still not seen any conclusive evidence of neutrino
oscillations [14] [15].

There are two natural sources of neutrinos that have also been used for oscillation
experiments. These are the sun, producing what are called solar neutrinos, and cosmic ray
interactions with the upper atmosphere of the earth, producing atmospheric neutrinos.
Solar neutrinos are produced in very high numbers from different fusion and decay
processes in the core of the sun. They are exclusively electron neutrinos, and have
energies ranging from less than 0.1 MeV to around 15 MeV [16]. Atmospheric neutrinos
are produced mainly in the decay of charged pions to muons and muon neutrinos. The
muons also decay, resulting in another muon neutrino and an electron neutrino. The
expected ratio of muon to electron neutrinos among atmospheric neutrinos is therefore
around 2 : 1 [17]. The energy of the atmospheric neutrinos depend on the energy of the
incident cosmic ray, and they can range from around 1 MeV to as high as 1000 TeV.

Already in 1970, the Homestake Chlorine experiment started measuring the flux of
electron neutrinos from the sun with energies greater than 0.814 MeV [17]. The measured
flux in this and other similar experiments was consistently between 30% and 60% of
what was expected from models of solar physics [16]. This discrepancy could be viewed
as evidence for neutrino oscillations, since if some of the electron neutrinos oscillated to
muon or tau neutrinos on their way from the sun to the detector, these would not be
detected. However, they were not able to exclude the possibility that the discrepancy
was caused by inaccuracies in the modelling of the sun’s interior, so although promising,
these results were not yet decisive.

The first decisive observation of neutrino oscillations came from atmospheric neutrino
measurements, with a new detector type known as water Cherenkov detectors. Water
Cherenkov detectors consist of a large volume of water and detect neutrinos indirectly
from their elastic scattering off atomic electrons in the water or their charged-current
interactions with nuclei. If the energy of the incoming neutrino is large enough, a charged
lepton can be ejected from the water molecule, and if its speed is greater than the
speed of light in water, it will emit photons at a fixed angle to its direction of motion,
known as Cherenkov radiation. These photons are then detected by photo-multiplier
tubes surrounding the water. The detectors are sensitive mainly to electron and muon
neutrinos, since charged current interaction of tau neutrinos would require the production
of a tau lepton, which has a much larger mass and therefore requires a very energetic
neutrino. The charged lepton that is ejected will have the same flavour as the incoming
neutrino, and electron and muon signals can be distinguished by the shape of the ring of
light hitting the photo-multipliers. In this way, water Cherenkov detectors can detect
electron and muon neutrinos separately. Crucially, they can also measure both the time
of events, and the energy and direction of the incoming neutrino. The first experiment to
use such a detector was the Kamiokande experiment in Japan. In 1996, this was replaced
by the even larger Super-Kamiokande experiment. After less than two years of data
taking, they already reported a significant lack of muon neutrinos compared to electron
neutrinos among the neutrinos coming from the downward direction (from the direction
of the centre of the earth) [2]. They concluded that this was evidence of oscillation of
atmospheric muon neutrinos produced on the opposite side of the earth to either tau
neutrinos or some other sterile neutrino during their passage through the planet. The
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probability of the observed data in the case of no oscillations was estimated to be less
than 0.001%, which corresponds to a significance of 4.3σ.

This was a large breakthrough, but it still only confirmed oscillations of muon to tau
neutrinos, so oscillations of electron to muon neutrinos and electron to tau neutrinos
remained to be investigated. In addition, new experiments were needed to increase
the precision of measurements of the PMNS parameters and square mass differences,
which are related to the amplitude and frequency of oscillations respectively. The next
step forward came from a new water Cherenkov detector in the SNO experiment. In
this experiment, the detector is filled with heavy water instead of regular water, which
makes interactions of neutrinos with nuclei possible even for the lower energy solar
neutrinos, due to the low binding energy of the deuteron nucleus. Only electron neutrinos
can interact via a charged current, because the production of muons or taus are not
kinematically allowed. The neutral current interaction however, where the neutrino is
simply scattered while the deuteron is broken into its constituent proton and neutron,
is possible with all three neutrino flavours. This process is detected via the subsequent
capture of the neutron by another deuterium atom, which releases a gamma ray, which
again produces relativistic electrons that can give a Cherenkov signal. In this way,
the SNO experiment could measure the total solar neutrino flux and the solar electron
neutrino flux separately. This eliminates the uncertainty from modelling of the fusion
reactions in the sun. After only a few years, in 2002, the experiment reported that the
total neutrino flux was consistent with solar models, while the electron neutrino flux
represented only around 35% of the total. The mu and tau neutrino flux combined was
measured to be greater than zero with 5.3σ significance [18]. Thus, the oscillation of
electron neutrinos to muon and/or tau neutrinos was as good as confirmed, and the
solar neutrino problem was finally solved. Less than a year later, the reactor experiment
KamLAND also reported observation of the disappearance of antielectron neutrinos from
nuclear reactors at distances of the order of 100 km, providing even more evidence for
oscillation of electron neutrinos [19].

2.5.4 Current state of neutrino oscillation parameter measurements

Since the initial discovery of neutrino oscillations, long baseline accelerator experiments
such as K2K [20] and T2K [21] and short baseline experiments like Daya Bay [22] (which
provided the first measurement of the θ13 parameter) have measured oscillations with
greater precision. No clear contradiction to the three neutrino flavour mixing model
with a unitary PMNS matrix have been found, and the experiments have gradually
constrained the possible values of the PMNS mixing angles and the neutrino squared
mass differences. The data from these experiments show a clear hierarchy in the mass
differences, namely

∆m2
21 �

∣∣∆m2
31

∣∣ ≈ ∣∣∆m2
32

∣∣, (2.66)

where ∆m2
ij = m2

i −m2
j , and mi as before means the mass of the eigenstate νiL. However,

the exact ordering of the neutrino masses is still unknown. The ordering is difficult to
determine experimentally, because oscillation experiments do not measure the values of
the masses themselves, but only the magnitude of the squared mass differences. Currently
there are two different orderings that are non-equivalent, and have not been excluded by
any experiments. These are called the normal ordering (NO)

m1 < m2 < m3, (2.67)
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Table 2.2: The current values for the parameters of the PMNS matrix and two of
the independent squared mass differences of the neutrinos, as given by the NuFIT
collaboration [23, 24]. The values that fit data best assuming both normal mass ordering
(NO) and inverted mass ordering (IO) are shown. The parameter ∆m2

3l represents the
squared mass difference ∆m2

31 in the case of NO and ∆m2
32 in the case of IO.

NO IO

s212 0.303+0.012
−0.011 0.303+0.012

−0.011

s213
(
2.203+0.056

−0.059

)
× 10−2

(
2.219+0.060

−0.057

)
× 10−2

s223 0.572+0.018
−0.023 0.578+0.016

−0.021

δ 1.09+0.23
−0.14π rad 1.59+0.15

−0.18π rad
∆m2

21

(
7.41+0.21

−0.20

)
× 10−5eV2

(
7.41+0.21

−0.20

)
× 10−5eV2

∆m2
3l

(
2.507+0.026

−0.027

)
× 10−3eV2

(
−2.570+0.025

−0.028

)
× 10−3eV2

and the inverted ordering (IO)
m3 < m1 < m2. (2.68)

For some of the PMNS mixing angles and squared mass differences, the values that fit
experimental data best change slightly depending on the mass ordering. The current
best values of these parameters are given by the NuFit collaboration [23, 24] and shown
in table 2.2. The parameter ∆m2

3l represents the squared mass difference ∆m2
31 in the

case of NO and ∆m2
32 in the case of IO. The squared mass difference that is not shown

in the table can be calculated from the two that are given, since in both orderings
∆m2

31 = ∆m2
32 + ∆m2

21. We also notice that the best value for the complex phase
δ is some distance away from both 0 and π in both orderings, and in particular in
the inverted ordering. However, the uncertainty on this value is still so large that
δ = π, implying CP conservation, can currently not be excluded at 1 − 2σ confidence
level [13]. There are however several planned experiments that are expected to be
able to exclude CP conservation at 3 − 5σ for most true values of δ within the next
10-15 years. Experiments that are currently under construction include DUNE [25]
and Hyper-Kamiokande [26], while other experiments are being planned, such as the
ESSνSB [27]. The latter experiment, while still in a preparatory phase, would allow
precise measurement of δ, assuming that a non-zero value of δ is observed by DUNE
and/or Hyper-Kamiokande. This would reveal the extent of CP violation in the lepton
sector, which could be important to understanding the origin of the observed asymmetry
between matter and anti-matter in the Universe. These experiments are also expected to
be able to determine the correct mass ordering.

2.5.5 Limits on neutrino masses

Since all neutrino oscillation experiments to this day seem to agree with the three flavour
oscillation model, with parameters as given in the previous section, the only reasonable
conclusion is that at least two of the neutrinos have non-zero masses (which are needed
to get three distinct squared mass differences). The size of the measured squared mass
differences also give a lower bound on these masses. In the normal mass ordering, the
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lower bound on the sum of the three masses is
∑
mi > 5.87 × 10−2 eV, while in the

inverted ordering it is
∑
mi > 9.92× 10−2 eV [28]. The lower bound is almost twice as

large in the inverted ordering, since then both m1 and m2 must be relatively far above
m3, while in the normal ordering only m3 must be significantly larger than the other
two. Recently, the still on-going KATRIN experiment published their results of the
measurement of the energy spectrum of tritium β-decay, which gave the strongest upper
bound to date on the neutrino masses from direct kinematic experiments. They reported
an upper bound on the weighted sum of squared masses defined by m2

ν = |U1i|2m2
i

of mν < 0.8 eV at 90% confidence level [29]. Using the unitarity of U , we find that
mν ≥ min (mi), so that independent of the PMNS parameter values, the limit from
KATRIN is equivalent to min (mi) < 0.8 eV. This upper limit is much larger than the
measured mass differences from oscillation experiments, so we can conclude that the
upper limit on the sum of the three masses from KATRIN regardless of the mass ordering
is
∑
mi < 3×0.8 eV = 2.4 eV. However, the strictest upper limits on the sum of neutrino

masses come from cosmology, where the masses of neutrinos affect the total amount of
mass in the universe, which again affects things like the expansion rate of the universe
and the Cosmic Microwave Background radiation13. An issue with cosmological limits is
that they depend on the model of the evolution of the universe. If there for instance
exist other particles with similar properties as neutrinos, such as sterile neutrinos or light
thermal axions, limits based on the standard ΛCDM cosmological model may no longer
apply. If the ΛCDM model is correct, one of the most recent limits from a study of large
structure of the universe is

∑
mi < 0.111 eV at 95% confidence level [30]. However, if

we take into account the uncertainty in the cosmological model by introducing more free
parameters to the model, the bound loosens. By adding six new parameters to ΛCDM,
an upper bound of

∑
mi < 0.515 eV was found in a study of Planck data [31].

The bounds on neutrino masses are improving quickly as many different experiments
are measuring them with different approaches. It can be expected that within a few years
the lower and upper bounds on the sum of neutrino masses will come so close that they
allow the determination of the correct mass ordering, and the first precise measurements
of each individual mass.

2.6 The problem

So far in this chapter we have looked at how fermions get their masses in the Standard
Model through the BEH mechanism. We have also seen that there is clear evidence
for at least two massive neutrinos, with masses of the order of 1 eV or smaller. All
the while, we have not seemed to encounter any significant problem. The neutrinos are
assumed to be massless in the SM, which does seem like an issue, since it is now in
contradiction with several observations. But there is an obvious solution to this; simply
add the right-handed neutrinos νiR to the SM (which will have no other effects on the
model due to their lack of interactions), and let the neutrinos have Yukawa couplings to
the BEH field like all the other fermions. While such a model could be made to fit with
all current experimental data, it is viewed by many to be an unsatisfactory explanation
for the masses of the neutrinos, and it is commonly suggested that they get their mass
through some other mechanism. One reason for thinking this comes down to the small
scale of the neutrino masses. The lightest of the other fermions is the electron, with a

13See for example section 26 of the PDG review [13].
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mass of around 511 keV [13]. As we saw in section 2.5.5, even the most conservative
upper limits on the neutrino masses would put the largest neutrino mass almost six
orders of magnitude below the electron mass. If neutrinos also get their mass through the
BEH mechanism, there would be no reason to expect their masses, or equivalently their
Yukawa couplings to the Higgs boson, to not be close to those of the charged leptons
in size. So even if the neutrinos do couple to the Higgs boson, there would still be an
open question connected to the smallness of their couplings. Additionally, as we will see
in the next chapter, the special properties of neutrinos opens the possibility of another
mass generating mechanism that is not available for the other fermions in the SM. This
gives rise to a class of theories which could provide the neutrinos with small masses, and
which in many ways seem to be more natural than the BEH mechanism alone.
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Chapter 3

Neutrino mass models

In this chapter we introduce the three versions of the seesaw mechanism that we will
study extensively in the second part of this thesis. We will show in particular how each
version of the seesaw mechanism can give small masses to the SM neutrinos, and how
the heavy neutrinos in these models could interact with SM particles. But first, we need
to cover some general properties of Majorana fermions, which are central to the seesaw
mechanism.

3.1 Majorana fermions
One thing that separates neutrinos from the other fermions is that it is not known what
type of fermion they are. While quarks and charged leptons are known to be Dirac
fermions, it is unknown whether neutrinos are Dirac or Majorana fermions [32]. The
conceptual difference between Dirac and Majorana fermions is that Dirac fermions have
distinct antiparticles, while Majorana fermions can be said to be their own antiparticles.
To be more precise, we define the particle-antiparticle conjugate operator Ĉ, which acts
on a fermion spinor ψ as

Ĉ(ψ) ≡ ψc = Cψ
T
, (3.1)

where T is the matrix transpose, and C is the charge conjugation matrix satisfying the
conditions [33]

C−1γµC = −γTµ , CT = −C, C−1 = C†. (3.2)

Then the condition for a fermion spinor ψM to describe a Majorana particle is (up to an
unphysical phase factor, which we set to 1 for simplicity)

ψM = ψc
M . (3.3)

This condition limits the properties of any Majorana fermion. In particular, any global
or local U(1) gauge transformation of a Majorana field

ψM → eiQθψM (3.4)

with Q 6= 0 would break the Majorana condition, since the conjugate field transforms as

ψc
M → e−iQθψc

M . (3.5)

Therefore a Majorana fermion can not have any non-zero U(1) charges, including for
example electric charge and additive lepton number. The neutrinos are the only fermions

27
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in the SM that have no U(1) charges1, which is why they are also the only fermion that
could possibly be of Majorana type.

As we saw in section 2.2, a fermion spinor can be decomposed into a left-handed and a
right-handed chiral spinor using the projection operators PL and PR (see equation (2.13)).
The chiral spinors still have four components, but only two degrees of freedom each.
For Dirac fermions ψR is completely independent of ψL, which means that the complete
fermion spinor has four independent degrees of freedom. For a Majorana fermion on the
other hand, the Majorana condition gives

ψM = ψL + ψR = ψc
M = (ψL + ψR)

c = (ψL)
c + (ψR)

c. (3.6)

We can compute (ψL)
c using the definition of the particle-antiparticle conjugate

(ψL)
c = Cψ

T
L = C

[
(PLψM )† γ0

]T
= C

(
γ0
)T (

ψ†
MP

†
L

)T
= C

(
γ0
)T
P T
L

(
ψ†
M

)T
= C

(
PLγ

0
)T (

ψ†
M

)T
= C

(
γ0PR

)T (
ψ†
M

)T
= CP T

R

(
γ0
)T (

ψ†
M

)T
=

1

2

(
C + Ci

[
γ0γ1γ2γ3

]T)
ψ
T
M

=
1

2

(
C + iC

(
γ3
)T (

γ2
)T (

γ1
)T (

γ0
)T)

ψ
T
M

=
1

2

(
C + i (−1)4 γ3γ2γ1γ0C

)
ψ
T
M =

1

2

(
C + i (−1)10 γ0γ1γ2γ3C

)
ψ
T
M

= PRCψ
T
M = PRψ

c
M .

(3.7)

This shows that the particle-antiparticle conjugate of a left-handed chiral spinor is a
right-handed chiral spinor, and a similar computation shows that the conjugate of a
right-handed spinor is left-handed. For the Majorana condition (3.6) to be satisfied, this
means that we must have

(ψL)
c = ψR, (3.8)

which automatically gives
(ψR)

c = ((ψL)
c)c = ψL, (3.9)

and thus the Majorana condition is satisfied. But then we can write the complete
Majorana spinor ψM in terms of only one of the chiral fields

ψM = ψL + (ψL)
c = ψR + (ψR)

c. (3.10)

By defining the chiral decomposition of ψc
M to be

ψc
M = PLψ

c
M + PRψ

c
M = ψc

L + ψc
R, (3.11)

we see from equation (3.7) (and the equivalent one for the opposite chirality) that
(ψL)

c = ψc
R and (ψR)

c = ψc
L. Then the Majorana field can also be written as

ψM = ψL + ψc
R = ψR + ψc

L. (3.12)
1Neutrinos can be said to possess a non-zero lepton number, but the global lepton number conserving

symmetry of the SM is accidental. If neutrinos are Majorana fermions, the consequence would be that
this symmetry breaks down, and the concept of a lepton number no longer makes sense.
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Figure 3.1: The Feynman diagram of the neutrinoless double beta decay process, mediated
by a Majorana type electron neutrino νe.

Equation (3.10) shows that the entire Majorana spinor ψM is specified by a single
chiral spinor ψL or ψR, meaning that a Majorana spinor only has two degrees of freedom.
This is another distinction from Dirac fermions. The four degrees of freedom of a Dirac
fermion can be interpreted as the two spin states s = ±1/2 of both the particle and
antiparticle, while for a Majorana fermion the particle and antiparticle are the same, so
it is logical that the field has a single pair of degrees of freedom corresponding to the
spin states of this particle.

Majorana fermions also have special propagators that do not exist for Dirac fermions.
This comes from the fact that the two-point correlation function

〈0|T [ψα(x)ψβ(y)] |0〉 (3.13)

is non-zero for Majorana fermions, which means that they have two additional propagators,
corresponding to a Majorana particle turning into its antiparticle or vice versa. For the
case of a Majorana neutrino, these propagators allow the famous neutrinoless double
beta decay process, which is shown in figure 3.12. The cross in the middle of the electron
neutrino propagator indicate that it changes from particle to antiparticle, as is also
indicated by the two outward pointing arrows. The experimental search for this process is
one of the most promising ways to determine whether the SM neutrinos are of Majorana
or Dirac type. There are other Beyond the Standard Model (BSM) processes that could
give rise to neutrinoless double beta decay. However, it can be shown that regardless of
the dominant process, the existence of this process implies that neutrinos are Majorana
fermions [34]. And if it is assumed that the mechanism of figure 3.1 is dominant, the
rate of this process will be [35]

Γ ∝
(
mee

mW

)2

, (3.14)

where mW is the mass of the W boson, and mee is the effective Majorana mass of the
electron neutrino, defined by

mee =
∣∣∣∑U2

1imi

∣∣∣. (3.15)

One of the leading experiments in search of neutrinoless double beta decay is the GERDA
experiment, which has recently set an upper limit of the order of 0.1 eV on mee [32].
However, from (3.15) we see that if the PMNS matrix U is not real, some terms in the

2This diagram, and all other Feynman diagrams shown in this thesis, are meant to be read with
positive time direction from left to right.
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effective mass sum can be negative or complex. This means that if the CP phase (in fact
any of the three CP phases in the case of light Majorana neutrinos) of the PMNS matrix
is non-zero, some of the terms can cancel each other out, which means that the upper
limit on mee does not directly translate to upper limits on mi without knowledge of the
extent of CP violation in the PMNS matrix.

3.1.1 Majorana mass terms

The mass term in a Majorana fermion Lagrangian takes a slightly different form than for
a Dirac fermion. The mass term for a Majorana field ψM can be written as

LM = −1

2
MψMψM = −1

2
M

(
ψL + (ψL)c

)(
ψL + (ψL)

c

)
= −1

2
M

(
ψLCψ

T
L + Cψ

T
LψL + Cψ

T
LCψ

T
L

)
= −1

2
M

(
ψLCψ

T
L + ψT

Lγ
0C†γ0ψL + ψT

Lγ
0C†γ0Cγ0ψ∗

L

)
= −1

2
M

(
ψLCψ

T
L − ψT

LC
†ψL − ψT

Lγ
0ψ∗

L

)
=

1

2
M

(
ψT
LC

†ψL − ψLCψ
T
L −

(
ψLψL

)∗)
=

1

2
M

(
ψT
LC

−1ψL − ψLCψ
T
L

)
,

(3.16)

where we introduced a conventional factor of 1/2, M is some complex constant, and we
used the following properties of C:

C†γ0 = −γ0C†

C† = C−1.
(3.17)

Alternatively, we can write the Majorana mass term without explicitly writing out the
particle-antiparticle conjugation as

LM = −1

2
M(ψL)

cψL + h.c. = −1

2
Mψc

R (ψc
R)

c + h.c. (3.18)

Equation (3.18) demonstrates a very important property of the Majorana mass term. It
can be written in terms of only one of the chiral spinors of the fermion! This is in contrast
to the Dirac fermion mass term, which we saw in equation (2.16) must contain both the
left-handed and right-handed spinors, which is the reason why the term breaks the SM
gauge symmetry. The Majorana mass term, however, avoids this problem. If we think of
the Majorana fermion as being the SM neutrino, we know that the right-handed field ψR

has no charges under the SM gauge group. It is therefore trivial that the Majorana mass
term for the neutrino expressed only in terms of ψR is gauge invariant, and thus allowed
in the SM Lagrangian. This realisation is the foundation for most theories of neutrino
mass generation beyond spontaneous symmetry breaking. In the following section, we
look at a general example of three generations of neutrinos with Majorana mass terms,
which will be highly relevant when moving to the so-called seesaw mechanism.
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3.1.2 Dirac and Majorana mass terms

We will now look at a theory with three Majorana fermions (neutrinos) with left-handed
chiral fields that in the weak eigenstate basis are called νlL, where l = e, µ, τ is a flavour
index. These can be thought of as the SM neutrinos. Then we also introduce three
separate Majorana fermions with right-handed fields that are called N ′i

R, i = 1, . . . , 3
when they are not in the mass eigenstate basis. These correspond to the right-handed
neutrinos that are not included in the SM, and have not yet been observed. It is important
to note that the fields N ′i

R are now not the same as the right-handed counterparts of νlL,
which are as before simply the particle-antiparticle conjugates of νlL. As we have seen, it
is possible to write down Majorana mass terms for these neutrino fields in the SM. In
fact, it is possible to give both νlL and N ′i

R Majorana masses. Additionally, by combining
the two types of fields, we can create what we will call ”Dirac mass terms”, which are on
the same form as the Dirac fermion mass terms of the SM. In such a theory, the most
general Lagrangian for the masses of the neutrinos is

LM+D
mass =−mil

DN
′i
Rν

l
L − 1

2
M ll′

L

(
νlL
)c
νl

′
L − 1

2
M ij

RN
′i
R

(
N ′j

R

)c
+ h.c. (3.19)

Here, in each term there is an implicit sum over each repeated index, mD is a complex
3 by 3 matrix, and ML and MR are complex and symmetric3 3 by 3 matrices. To find
the transformation of the six Majorana fields to the mass eigenstate basis, we define the
vectors

νL ≡

νeLνµL
ντL

 , N ′
R ≡

N ′1
R

N ′2
R

N ′3
R

 ,

nL ≡

(
νL

(N ′
R)

c

)
=

(
νL

N ′c
L

)
.

(3.20)

Then it follows that

(nL)
c =

(
(νL)

c

N ′
R

)
, (3.21)

and we see that we can write the full Majorana mass Lagrangian of equation (3.19) in
matrix form as

LM+D
mass = −1

2
(nL)

cMnL + h.c. (3.22)

Here we introduce the six by six mass matrix M given in block form by

M =

(
ML mT

D

mD MR

)
, (3.23)

from which we can see that M is complex and symmetric. It is easy to see that equation
(3.22) gives the same Majorana mass terms as equation (3.19), but the Dirac mass term is
not as straight forward, so we will show that it is in fact also the same in both equations.

3See [36] for a proof that the Majorana mass matrices must be symmetric.
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Performing the matrix multiplication in equation (3.22), the terms involving mD are

MM+D
mass ∼ −1

2
(νL)

cmT
D

(
N ′

R

)c − 1

2
N ′

RmDνL + h.c.

=
1

2
νTLC

−1mT
DCN

′T
R − 1

2
N ′

RmDνL + h.c.

=
1

2
νTLm

T
DN

′T
R − 1

2
N ′

RmDνL + h.c.

= −1

2

(
N ′

RmDνL
)T − 1

2
N ′

RmDνL + h.c.

= −1

2
N ′

RmDνL − 1

2
N ′

RmDνL + h.c. = −N ′
RmDνL + h.c.

(3.24)

Here we used the properties of C to rewrite (νL)
c, and that when interchanging two

fermion fields a negative sign is introduced, and that the transpose of a number is equal
to the number itself. This shows that equations (3.19) and (3.22) are equivalent. Since
M is symmetric, it can be diagonalised with a single unitary matrix [36], meaning that

M =W ∗MdW
†, (3.25)

where W is some six by six unitary matrix, and Md is diagonal with real eigenvalues.
Equation (3.22) can also be written on the form

LM+D
mass =

1

2
nTLC

−1MnL + h.c. (3.26)

Then we see that the relation between nL and the left-handed mass eigenstate fields that
we will call χL is

nL =WχL, (3.27)
and the Lagrangian mass terms in the mass eigenstate basis are

LM+D
mass =

1

2
χT
LC

−1MdχL + h.c. = −1

2
(χL)

cMdχL + h.c.

=
2n∑
i=1

−1

2
χiM ii

d χ
i + h.c.

(3.28)

Here we have defined
χ = χL + (χL)

c , (3.29)
and we see that the masses of the six mass eigenstates are exactly the diagonal entries
of Md. Equation (3.29) also shows that as long as the Majorana mass matrices ML

and MR are non-zero, the mass eigenstates will satisfy the Majorana condition, and are
therefore said to be of Majorana type. This can also be seen from the fact that as long
as Md has no degenerate eigenvalues, there are six distinct mass eigenstates, which is
the same number as there are chiral fields ν and N in total. Thus each chiral field with
only two degrees of freedom gets its own mass eigenstate, which must therefore be of
Majorana type.

Finally, we want to see how the mixing between the two bases nL and χL can give
interactions to the otherwise sterile N ′i

R. To do this, we decompose the mixing matrix W
into four 3 by 3 matrices, as follows

W =

(
U ′ V ′

X Y

)
. (3.30)
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The unitarity of W gives the useful relation

U ′†U ′ + V ′†V ′ = I. (3.31)

We can also separate the vector of left-handed mass eigenstates into the part containing
the mass eigenstates of νlL, which we will call νi, and the part containing the mass
eigenstates of N ′i c

L , which we will call Nk. Then equation (3.27) gives

νlL = U ′
liνi + V ′

lkNk, (3.32)

where there is a sum over i and k from 1 to 3. Now we assume that the left-handed
fields νlL have weak interactions with n flavours of charged leptons through the W±

bosons and with themselves through the Z boson like the three SM neutrinos do. We
also assume that the Dirac mass term arises from the same mechanism of spontaneous
symmetry breaking as the fermion masses in the SM. This means that they originate from
Yukawa interactions of the left-handed and right-handed neutrino fields with the Higgs
boson. Then it can be shown4 that the physical mass eigenstates of the right-handed
neutrino fields enter the weak interaction and Yukawa interaction Lagrangian terms in
the following way

LInt =
g√
2

3∑
k=1

τ∑
l=e

W−
µ lLγ

µVlkNk +
g

2 cos θW

3∑
k=1

τ∑
l=e

Zµν
l
Lγ

µVlkNk

+
gmk

N

2mW

3∑
k=1

τ∑
l=e

hνlLVlkNk + h.c.

(3.33)

Here g is the weak coupling constant, lL is the left-handed field of the SM charged lepton
of flavour l, W±

µ , Zµ and h are the fields of the SM W , Z and Higgs bosons, mk
N is the

mass of the right-handed neutrino Nk and Vlk are elements of the mixing matrix V that
is related to the matrix V ′ in equation (3.30) by a simple unitary rotation. This means
in particular that the unitarity condition in equation (3.31) still holds with V ′ replaced
by V , giving

U †U + V †V = I, (3.34)

where U is the mixing matrix that enters the weak interaction between the left-handed
neutrinos and the charged leptons, and in the interactions of the left-handed neutrinos
with themselves, similar to the PMNS matrix in the SM. The important point shown
by the Lagrangian in equation (3.33) is that the physical particles of the fields N ′i

R

participate in the weak interaction through the single mixing matrix V , even if the weak
eigenstates do not have any interaction terms in the Lagrangian.

3.2 Type 1 seesaw
The seesaw mechanism in general is a group of theories that attempt to explain the small
masses of the three known neutrinos, usually by introducing a very heavy mass scale to
the theory. The seesaw mechanism can naturally appear within the frameworks of Grand
Unified Theories (GUTs), and it often makes use of the possibility of Majorana mass
terms for neutrinos, as described in the previous section. What is now called the type

4See appendix A of The Search for Heavy Majorana Neutrinos [35].
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1 seesaw mechanism, or just type 1 seesaw, is arguably the simplest of these theories,
and was developed already in the 1970s, for example in the paper µ→ eγ at a Rate of
One Out of 109 Muon Decays? [37] from 1977. To get small masses for the SM neutrinos
νiL through the type 1 seesaw, we simply need to add three right-handed neutrino fields
N i

R to the SM. The right-handed neutrino fields get Majorana mass terms and Yukawa
couplings to the Higgs field and SM neutrinos, which results in a Dirac mass term. This
therefore corresponds to the situation described in section 3.1.2, with ML = 0. The
Lagrangian terms for the neutrino masses in this case are

LType 1
M =−mij

DN
i′
Rν

j′
L − 1

2
M ij

RN
i′
R

(
N j′

R

)c
+ h.c. (3.35)

Here we marked the neutrino fields with primes to indicate that they are the fields in the
weak eigenstate basis, meaning the matrices mD and MR are in general not diagonal.
The combined mass matrix for the six neutrino fields νi′L and N i′

R is a six by six matrix
M given by

M =

(
0 mT

D

mD MR

)
. (3.36)

To get the desired small masses for νiL, we need to assume that the Dirac masses are
much smaller than the Majorana masses of the right-handed neutrinos: mD �MR. To
show how this leads to small masses for νiL after diagonalisation is not trivial for the case
of three generations of neutrinos. We therefore begin by considering the simpler case
of only one generation of active neutrino νL, and one generation of sterile neutrino N i

R.
In this case mD and MR are just numbers, so M is a 2x2 matrix. Assuming that the
components of M are also real, we can diagonalise it with a simple rotation matrix

U =

(
cos θ sin θ
− sin θ cos θ

)
. (3.37)

The diagonalisation of M from equation (3.25) for the case of a real valued U gives

Md = UTMU. (3.38)

Performing this matrix multiplication, we can find the four components of Md

M11
d = −mD sin 2θ +MR sin2 θ

M12
d = M21

d = −1

2
MR sin 2θ +mD cos 2θ

M22
d =MR cos2 θ +mD sin 2θ.

(3.39)

Requiring the off-diagonal elements to be zero, we get

−1

2
MR sin 2θ +mD cos 2θ = 0

MR sin 2θ =2mD cos 2θ

tan 2θ =
2mD

MR
.

(3.40)

Using the assumption mD �MR, we get

θ ≈ mD

MR
, (3.41)
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Figure 3.2: The Yukawa interactions of the left- and right-handed neutrinos that give the
left-handed neutrinos small masses in the type 1 seesaw mechanism after spontaneous
symmetry breaking of the BEH field.

since tan(x) ≈ x for small x. Inserting this back into the expression for the diagonal
elements of Md and using the smallness of θ to only keep terms that are first order in θ,
we get the mass eigenvalues

M11
d ≈ −2

m2
D

MR
+
m2

D

MR
= −

m2
D

MR

M22
d ≈ 2

m2
D

MR
+MR −

m2
D

MR
≈MR.

(3.42)

Now we see that the mass of the active neutrino νL becomes very small; of the order of
m2

D/MR. The heavy sterile neutrino retains its large mass, with corrections of the same
order as the active neutrino mass.

Although the case of three generations of νiL and N i
R is not as straight forward, it

can be shown that the exact same suppression occurs for the masses of νiL. The three
left-handed neutrinos get a mass matrix mν that is given by [33]

mν ≈ −mT
DM

−1
R mD, (3.43)

which will have eigenvalues that are suppressed by the size of the matrix elements of
MR compared to the matrix elements of m2

D. So this will again automatically give very
small neutrino masses if mD �MR (taking now mD and MR to be the scale of matrix
elements rather than the whole matrices). Since we assume that the Dirac mass terms
arise from the normal spontaneous symmetry breaking mechanism of the SM via Yukawa
couplings to the Higgs boson, we can illustrate the neutrino mass matrix in equation
3.43 diagrammatically. The lowest order diagram giving the light neutrino masses in
type 1 seesaw is shown in figure 3.2.

An important question to ask is how large the scale of MR must be in order to give
active neutrino masses that agree with the current experimental bounds. To get active
neutrinos with masses of at most 1 eV, assuming that the largest eigenvalue of mD is of
the order of the electroweak scale of 100 GeV, we get

MR =
m2

D

mν
≈ (100× 109)2

1
eV = 1022 eV = 1013 GeV. (3.44)

This is close to the expected scale of the proposed grand unification of electroweak and
strong interactions, which explains why seesaw mechanisms are often proposed within
a grand unified theory (GUT) framework [38]. The discovery of the neutrino masses
therefore made the idea of grand unification even more appealing from a theoretical
viewpoint. Unfortunately, the Majorana mass scale MR ∼ 1013 GeV required in this
case is far higher than what we are able to probe directly at particle accelerators. This
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scenario therefore makes it very difficult to get any predictions from type 1 seesaw that
can be tested in experiments. If the eigenvalues of mD are instead closer to the electron
mass of ∼ 1 MeV, the Majorana mass scale required to give 1 eV neutrino masses reduces
to MR ∼ 1 TeV. This is within the reach of current collider experiments, such as the
LHC.

Regardless of the mass scale required, the type 1 seesaw gives an attractively simple
explanation for the small neutrino masses. But there are also other versions of the seesaw
mechanism that give the same natural suppression of the active neutrino masses, while
also predicting new physics, including new neutrinos, that could appear at lower energy
scales.

3.3 Inverse seesaw
The ”inverse seesaw” mechanism is a promising alternative to the basic seesaw mechanism
described in the previous section. It was first proposed within the frameworks of
superstring theories [39], but this framework is not required for the mechanism to occur.
One thing that most realisations of the inverse seesaw mechanism have in common is
that they introduce an explicit lepton number symmetry to the theory, usually in terms
of a U(1)B−L gauge symmetry [40]. Here B is the baryon number and L is the lepton
number. This symmetry is subsequently broken in order to give masses to the neutrinos.

Here we will look at a simple realisation of the inverse seesaw mechanism, which is
presented in the paper Heavy Neutrinos with Dynamic Jet Vetoes [41]. In this theory, the
SM is extended by two sets of new fermion singlets, each coming in three generations. One
of these sets is equivalent to the right-handed neutrinos N i

R we have introduced before,
but the other triplet Xi

R is different in that it has the opposite lepton number, L = −1.
These opposite lepton numbers are what give this model an explicit almost-conserved
lepton number. In this theory, both the N i

R and Xi
R get Majorana mass terms. There is

also a Dirac-like mass term with combinations of N i
R and Xi

R fields, in addition to the
Dirac mass term of νL and NR that we remember from the type 1 seesaw. In total, the
neutrino mass Lagrangian can be written as

Lmass = −νLmDNR −N
c
LmRXR

− 1

2
X

c
LµXXR − 1

2
N

c
LµRNR + h.c.

(3.45)

Here the Majorana mass matrices µX and µR can be interpreted as the masses of the
new particles N i

R and Xi
R, but also as coupling constants for the lepton number violating

Majorana self-interactions. Therefore the elements of these matrices must be small
compared to the electroweak scale, since no such lepton number violation has been
observed. In fact, according to the paper [41], the sterile neutrino masses from the matrix
µR only contribute to light neutrino masses at sub-leading level, and they can therefore
be ignored without any significant impact on the mass generation or on experimental
signature. Setting µR = 0 and defining the basis

nTR ≡
(
νcR, NR, XR) (3.46)

the mass terms can be written in matrix form as

Lmass =
1

2
nTRMISSnR + h.c. (3.47)
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Where MISS is a 9x9 mass matrix of the form

MISS =

 0 mD 0
mT

D 0 mR

0 mT
R µX

 . (3.48)

This is another symmetric mass matrix, and it can be diagonalised by a single unitary
matrix. This gives the following 3x3 mass matrix for the SM neutrinos [41]

mlight
ν ≈ mD(m

T
R)

−1µXm
−1
R mT

D, (3.49)

which is reminiscent of the equivalent matrix in type 1 seesaw, however it is now the
smallness of µX that causes the neutrino masses to be small, instead of the largeness of
mR. It can also be shown that in the µX → 0 limit, the heavy neutrino mass eigenstates of
N i

R and Xi
R become pairwise degenerate. Since the energy scales at particle accelerators

are much larger than the light neutrino masses, and therefore also µX , µX = 0 is an
excellent approximation for the purposes of such experiments. Since the Majorana
fields N i

R and Xi
R have the same values for all charges except lepton number, they are

essentially indistinguishable when their masses become degenerate. This means that we
can think of each pair of N i

R and Xi
R as a single particle. Since each of the Majorana

fields have two degrees of freedom each, this new particle gets four degrees of freedom,
just like a Dirac fermion. The resulting states are therefore referred to as pseudo-Dirac
particles (neutrinos). Calling these pseudo-Dirac states N ′

m for m = 1, 2, 3, we can then
reduce the mass matrix to a 6x6 matrix for the masses of the three light neutrinos and
the three heavy pseudo-Dirac neutrinos. This situation is exactly the same as the one
we studied in section 3.1.2, so we know that the mass eigenstates of the light and heavy
neutrinos can be written as a unitary rotation of their weak eigenstates as in equation
(3.27). The couplings of the pseudo-Dirac neutrinos to the SM leptons through the weak
interaction and the Yukawa interaction also have the exact same form as the Lagrangian
in equation (3.33). The pseudo-Dirac neutrinos in this version of the inverse seesaw
mechanism therefore behave very similarly to the Majorana neutrinos of the type 1
seesaw. But there is one key difference that makes it possible to distinguish the two
cases in experiments. In the limit µX , µR → 0, lepton number is conserved in the inverse
seesaw theory. This means that the pseudo-Dirac neutrinos also must conserve lepton
number in their interactions, as opposed to Majorana neutrinos which can change lepton
number by two units (for example in the neutrinoless double beta decay process shown
in figure 3.1). A Nm particle can therefore only decay to a boson and a lepton, while a
Nm antiparticle can only decay to a boson and an antilepton. Lepton flavour must not
be conserved, as we see from equation (3.33) if the mixing matrix V is not diagonal.

Just like in the type 1 seesaw, we can ask ourselves how small the parameter µX
must be in order to give SM neutrino masses within current constraints. If we want the
pseudo-Dirac neutrinos to be observable at collider experiments, their masses, given by
mR, must be at most a few TeV. If we again assume mD ∼ 100 GeV, we get an estimated
upper limit of

mlight
ν < 1 eV =⇒ µX <

(1 eV)
(
1012 eV

)2
(100× 109 eV)2

≈ 100 eV. (3.50)

Now it is tempting to ask whether the inverse seesaw mechanism actually can solve
the neutrino mass problem, or if it simply transfers the problem of requiring a very
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small Yukawa coupling for neutrinos to instead requiring a very small parameter µX .
There is however an important difference between the two. In the latter case, the small
parameter µX represents a small breaking of the lepton number symmetry. The smallness
of µX therefore meets ’t Hooft’s criteria for ”naturalness” [42], which states that a very
small parameter can be natural if that parameter being equal to zero would increase the
symmetry of the theory. However, it should be acknowledged that this principle is not
universally accepted [43], and to some the inverse seesaw mechanism might therefore
seem like an unsatisfactory solution to the neutrino mass problem.

3.4 Constraints in a general seesaw scenario
In the paper by Pascoli et al. [41], they also present the experimental constraints on the
non-unitarity of the light neutrino mixing matrix U in a general seesaw scenario. Due to
the unitarity condition in equation (3.34), this in turn constrains the heavy-light mixing
matrix elements that we called Vlk in section 3.1.2. Assuming that the mixing between
the active and sterile neutrinos is dominated by the lightest of the sterile neutrinos,
which we call N1, the constraints at 95% confidence level on the parameters coupling N1

to each flavour of leptons are

|Ve1| < 0.050, |Vµ1| < 0.021, |Vτ1| < 0.075 (3.51)

3.5 The left-right symmetric model
Another theoretical framework that is commonly used to explain the small neutrino
masses is the Left-Right Symmetric Model (LRSM). The LRSM was originally suggested
as an extension of the Standard Model in an attempt to explain the parity violation of
the weak interaction. In the LRSM, parity violation arises by introducing an exact parity
symmetry at high energies that is spontaneously broken to give the maximally parity
violating weak interactions of the SM. The model was first introduced in the 1970’s by
Pati, Salam, Mohapatra and Senjanović [44, 45, 46]. In the LRSM, the electroweak gauge
group of the SM is extended to become

SU(2)L ⊗ SU(2)R ⊗ U(1)B−L. (3.52)

The right-handed fields of fermions then form doublets under the SU(2)R symmetry,
just like the left-handed fields for SU(2)L. This requires the inclusion of right-handed
neutrino fields N i

R in these models, in order to make the lepton SU(2)R doublet

lR =

(
N i

R

eiR

)
. (3.53)

The new SU(2)R group also introduces three new gauge bosons, which we call W±
R and

ZR. The observed suppression of right-handed charged current weak interactions requires
the masses of these new gauge bosons to be much larger than their SM counterparts W±

and Z. In order to break the left-right symmetry and give mass to the new gauge bosons,
the Higgs sector of the SM must also be extended. In the minimal LRSM, the Higgs
sector consists of a pair of SU(2)L and SU(2)R triplet scalar fields called ∆L and ∆R,
and a bi-doublet scalar field Φ [47]. Then the breaking of the left-right symmetry and
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the B−L symmetry is caused by a non-zero vev of the ∆R field, which we call vR. Since
we observe maximally violated left-right symmetry at the electroweak scale, the scale of
vR must be much larger than the electroweak scale of ∼ 100 GeV. The vev vL of ∆L, on
the other hand, will affect the mass of the SM W boson, and is therefore constrained
by precision measurements to be much smaller than the EW scale [48]. Finally, the
bi-doublet acquires two vevs k1 and k2 that play the role of the SM Higgs vev, namely
breaking the electroweak symmetry and giving mass to the W and Z bosons and the
SM fermions. Both the SM neutrinos νiL and the right handed neutrinos N i

R can get
Majorana mass terms from their Yukawa couplings to the ∆L,R triplets, which after
spontaneous symmetry breaking become

LM
mass = − 1√

2
vLλ

ij
Lν

i
Lν

c j
R − 1√

2
vRλ

ij
RN

i
RN

c j
L + h.c. = −1

2
MLνLν

c
R − 1

2
MRNRN

c
L + h.c.

(3.54)
Here λijL,R are the Yukawa couplings of the ∆L,R fields to the neutrinos, and in the
second equality we write the mass terms in matrix form by defining the mass matrices
ML,R =

√
2vL,RλL,R. These Majorana mass terms mean that the SM neutrinos and

the right-handed neutrinos must be of Majorana type in the LRSM, as we showed in
section 3.1. A Dirac mass term for the neutrinos also arises naturally from their Yukawa
coupling to Φ. In matrix form, this looks like

LD
mass = −mDνLNR + h.c. (3.55)

HeremD is a linear combination of the vevs of Φ and its Yukawa couplings [47]. Combining
the mass terms from equations (3.54) and (3.55), we see that we have the exact situation
described in section (3.1.2). We therefore know that the six by six mass matrix for the
neutrinos will have the form

M =

(
ML mT

D

mD MR

)
. (3.56)

Now, in the natural limit vL → 0, we have ML ∼ 0, and the neutrino mass matrix
reduces to the one of the type 1 seesaw (see equation (3.36)):

M =

(
0 mT

D

mD MR

)
. (3.57)

We therefore immediately know that after diagonalisation, the SM neutrino mass matrix
will be

mν ≈ −mT
DM

−1
R mD, (3.58)

while the mass matrix for the right-handed neutrinos is

mN ≈MR. (3.59)

Since MR is proportional to the large vev vR, it is naturally much larger than mD in
the LRSM, giving a type 1 seesaw-like suppression of the SM neutrino masses. Since
both the right-handed neutrino masses and the WR mass are proportional to vR, it is
also natural to assume that mN ∼MWR

, where MWR
is the mass of WR.

Finally, due to the mixing between the weak eigenstates νL and NR and their mass
eigenstates caused by the non-diagonal mass matrix M, the mass eigenstates νm and
Nm enter the right-handed weak interactions in the following way [49]

LR
Int = − gR√

2

τ∑
l=e

W+
Rµ

[
3∑

m=1

νcmXlm +
3∑

n=1

NnYln

]
γµl−R + h.c. (3.60)
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Here gR is the right-handed weak coupling constant, which must be equal to the SM weak
coupling constant g at tree level due to the left-right symmetry [50], and X and Y are
mixing matrices expressing the mixing of the light and heavy neutrino mass eigenstates
respectively with the right-handed weak eigenstates NR. In the minimal LRSM, these
mixing matrices naturally scale as X ∼ mν/mN � I and Y ∼ I [49]. The WR boson also
couples to the right-handed fields of the SM quarks in the following way

LR
Int = − gR√

2

3∑
i=1

3∑
j=1

W+
Rµu

i
RV

′ij
CKMγ

µdjR + h.c. (3.61)

Here V ′
CKM is the right-handed version of the CKM matrix, which is expected to obey

V ′
CKM ∼ VCKM ∼ I [47], where VCKM is the SM CKM matrix, which is known to be

nearly diagonal.

In this chapter we have presented a few simple realisations of the seesaw mechanism,
which all result in small masses of the SM neutrinos by introducing new, heavy neutrinos.
In particular, we have seen how the heavy neutrinos in each of the models could interact
with the SM particles. These interactions make it possible to either discover or falsify
the theories, but in order to observe the interactions of these heavy particles a very
special kind of experiment is needed. In the next chapter, we will introduce one of the
few experiments in the world that could be sensitive to the interactions of the heavy
neutrinos in the seesaw models.



Chapter 4

LHC and the ATLAS detector

The LHC is the world’s largest and highest energy particle accelerator. It is therefore
among the experiments that are best suited to search for new particles and phenomena,
and in particular new heavy particles such as the heavy neutrinos that are the focus of
this thesis. In our analysis in the following part, we will make extensive use of simulations
of events at the LHC, with particular focus on the ATLAS detector, and we will therefore
summarise the basic workings of the experiment and useful concepts connected to it.

The LHC consists of a circular beampipe, where two beams of protons are accelerated
to near the speed of light in opposite directions. These beams are then made to collide
within the regions of the detectors, among which is the ATLAS detector. The energy of
the proton beams is usually defined in the reference frame of the detector, and is then
called the centre of mass energy, with the symbol

√
s. At the current Run 3 of the LHC,

the collider is operating at
√
s = 13.6 TeV. Since each of the two colliding proton beams

have the same speed, they have an energy of
√
s/2 each in the detector frame. But

since protons are composite particles, the total energy in each individual proton-proton
interaction is not equal to the centre of mass energy. At such high energies, it is the
constituents of the protons, the quarks and gluons, collectively referred to as ”partons”,
that interact with each other. The true energy of the interaction depends on the fraction
of the protons’ energy that are carried by the interacting partons at the moment of the
interaction. Since the protons are highly relativistic, their momentum and energy are
very close to equal, and therefore the energy carried by a parton is usually given in terms
of the ratio of the parton’s momentum to the proton’s total momentum, which is called
x. Then the invariant mass M of the interaction between a parton with momentum
fraction x1 from one beam and a parton with momentum fraction x2 from the other
beam is M =

√
x1x2s <

√
s. This invariant mass is the highest mass of any particle that

can possibly be created in that specific interaction.
There are many different interactions that could occur in the collision, and the

probability of any given interaction to occur is given by the cross section σ. It is defined
as the ratio of the number of times that specific interaction occurs per unit time divided
by the flux of particles in the beams. Since flux has units of particles per area per time,
the cross section has units of area. At the LHC, cross sections are typically measured in
units of barn, with symbol b, defined as 1 b = 10−28 m2. The proton flux is commonly
referred to as the luminosity L(t). Multiplying the luminosity by the cross section of
a process we get the expected number of occurrences of that process per unit time. If
we instead multiply the cross section by the integral of the luminosity over time, we get

41
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Figure 4.1: This figure illustrates the coordinate system we use to describe the kinematics
of particles in a collider event. Here, a particle is being created at the primary vertex
in the origin, and its momentum is shown as the vector ~p. The z-axis is pointing in
the beam direction, and the angle between ~p and the z-axis is the polar angle θ. The
xy-plane is then what we call the transverse plane, and the projection of ~p into the
transverse plane is the transverse momentum pT . The angle between the transverse
momentum vector and the x-axis is the azimuthal angle φ. The z-component of the
momentum, pz, is also labelled in the figure.

the expected number of occurrences over that period of time. This gives the important
relation

N = σ

∫ t1

t0

L(t)dt = σL, (4.1)

where N is the expected number of a certain kind of event between the times t0 and t1,
σ is the cross section of that event, and we defined the integrated luminosity L to be the
integral of the luminosity over time. Since N is dimensionless, L has the inverse units of
σ, and is therefore commonly measured in inverse barn, b−1.

4.1 LHC kinematics and kinematic variables

All of the physical information about a collider event can be given in terms of kinematic
variables. These variables can be loosely categorised in two groups; primary variables that
are measured directly in the experiment, and secondary variables which are calculated
from the primary ones. To define the primary kinematic variables of LHC events, we
first need to specify the coordinate system used to describe the motion of particles at
the LHC. This is shown in figure 4.1. The z-axis of the coordinate system is pointing
in the direction of the beampipe, and the xy-plane is called the transverse plane. The
angle between the z-axis and a particle’s momentum vector is the polar angle called θ.
The projection of the particle’s momentum into the transverse plane is the transverse
momentum vector ~pT , whose magnitude is the transverse momentum pT . The angle
between the transverse momentum vector and the x-axis is the azimuthal angle called
φ. The transverse momentum pT is one of the most important kinematic variables in
particle colliders. One of the reasons for this is that since the incoming beam particles
have negligible momentum in the transverse direction and momentum is conserved, the
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vector sum of the transverse momenta of all particles coming out of an event must be zero.
Particles with large pT are often called ”hard”, while particles with low pT are called
”soft”. We will also refer to the particle with the largest pT in an event as ”leading”, for
example is the ”leading lepton” the lepton with the largest pT . The angles θ and φ are
also important variables. However, θ is usually replaced by a similar variable called the
pseudorapidity η, which is defined as

η = − ln
[
tan

(
θ

2

)]
. (4.2)

This means that as θ goes to zero, η goes to infinity, and when θ = π/2, meaning that the
momentum of the particle is purely in the transverse direction, η = 0. In the opposite
direction, when θ goes to π, η goes to negative infinity. The pseudorapidity is symmetric
around the transverse plane, which is a useful property. The azimuthal angle φ of a
particle is usually not interesting in itself, because the distribution of φ is almost always
uniform, due to the rotational symmetry of the event. Much more interesting is the
difference in φ of different particles in an event. This difference is called ∆φ, and if the
azimuthal angles of the two particles are called φ1 and φ2, we compute the ∆φ as

∆φ = min [|φ1 − φ2|, 2π − |φ1 − φ2|] , (4.3)

such that ∆φ ∈ [0, π].
Now we move to the secondary kinematic variables, which are not measured directly,

but derived from the measured quantities energy, momentum, charge, pT , η and φ. One
of the most important of these, which we have already mentioned, is the invariant mass
M of a system of particles. It can be defined as the total mass of that system of particles
in the reference frame where the vector sum of their momenta is zero. In other reference
frames, the relativistic mass of the particles will be different, but the invariant mass is a
Lorentz invariant quantity, and is therefore the same in all reference frames. It can be
computed from the energies Ei and the three-momenta ~pi of a set of n particles as

M2 =

(
n∑

i=1

Ei

)2

+

(
n∑

i=1

~pi

)2

. (4.4)

A property of the invariant mass that is very useful in particle physics is that if a particle
with mass m decays into some new set of particles, the invariant mass of that set of
particles will be equal to m in any reference frame. This can easily be seen using energy
conservation in the rest frame of the decaying particle.

Two other important variables are the transverse energy ET and the missing transverse
energy Emiss

T . The transverse energy of a particle is the energy it would have if it had no
momentum component is the z direction, meaning that

E2
T = m2 + ~p 2

T , (4.5)

where m is the mass of the particle. The missing transverse energy is used to get
information about particles that otherwise can not be measured by the detector, such as
neutrinos. Due to conservation of energy and momentum, we can infer some things about
these ”missing particles” from the measurements of all the other particles in the event.
We first define the missing transverse momentum vector ~pmiss

T as the vector that when
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summed with the transverse momentum vectors of all other particles in an event would
give zero. This is therefore equal to the transverse momentum vector that a missing
particle, such as a neutrino, must have had in order to give the expected net 0 transverse
momentum in the event. This definition of the missing transverse momentum vector
gives

~pmiss
T = −

∑
i

~pT,i, (4.6)

where ~pT,i is the transverse momentum vector of particle number i, and the sum is over
all particles from the event that reach the detector1. The missing transverse energy is
then defined as the magnitude of the missing transverse momentum vector

Emiss
T =

∣∣~pmiss
T

∣∣. (4.7)

This means that the missing transverse energy is only truly the transverse energy of the
missing particle if the missing particle has a negligible mass compared to its momentum.
But since the main source of missing transverse energy at the LHC are neutrinos, this is
a very valid assumption.

Next, we want to define a variable known as transverse mass, mT . This is calculated
in a very similar way to the invariant mass, but with the energies and momenta replaced
by the transverse energies and transverse momenta. For a two-body system, this gives
the transverse mass

m2
T = (ET,1 + ET,2)

2 − (~pT,1 + ~pT,2)
2 , (4.8)

where ~pT,i and ET,i are the transverse momentum and transverse energy of particle i.
Multiplying out the parentheses in equation (4.8) and using equation (4.5) to replace
the terms with squared transverse energy, we get

m2
T = m2

1 +m2
2 + 2 (ET,1ET,2 − ~pT,1~pT,2) . (4.9)

Now, if the two particles are massless or their masses are negligible, we have

|~pT,i| = ET,i, (4.10)

and the expression for the transverse mass reduces to

m2
T = 2ET,1ET,2 (1− cos (∆φ)) , (4.11)

where ∆φ is the angle between the transverse momenta of the two particles, which by
definition of the transverse momentum must be an angle in the transverse plane. In
many cases, one of the two particles we want to calculate the transverse mass of is not a
detected particle, but the missing momentum vector. In that case, if the mass of the
other particle can also be neglected, the transverse mass is computed as

mT =
√
2pTE

miss
T (1− cos (∆φ)), (4.12)

where pT is the transverse momentum of the measurable particle and ∆φ is the angle
between that particle and the missing momentum vector in the transverse plane. It is

1The sum over transverse momentum vectors includes tracks with very low pT that are not associated
with a reconstructed particle. These are called soft terms.
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interesting to compare the transverse mass to the invariant mass of the two particles.
Equation (4.4) for the case of two particles gives

M2 = (E1 + E2)
2 − (~p1 + ~p2)

2 = m2
1 +m2

2 + 2 (E1E2 − ~p1 · ~p2) . (4.13)

If we again use the assumption that the masses of the two particles are negligible, we get

M2 = 2E1E2 (1− cos (∆α)) , (4.14)

where ∆α is the angle between the momenta of the two particles, which is in this case
not restricted to the transverse plane. Comparing equations (4.14) and (4.11), we see
that they have the same form, but that the general E1, E2 and ∆α in equation (4.14)
are replaced by their transverse equivalents in equation (4.11). In fact, it is easy to see
that the invariant mass is the largest possible value of the transverse mass, the two being
equal in the special case E1 = ET,1, E2 = ET,2 and ∆α = ∆φ, which occurs when both
particles move only in the transverse plane. To see this, we first notice that ET ≤ E,
since

E2
T = m2 + p2T = E2 − p2z, (4.15)

and p2z is of course a positive number. When it comes to the angles ∆φ and ∆α, they
are by definition between 0 and π radians. And we must have ∆φ ≤ ∆α, since the
separation in 3D space must be at least as large as the separation in any given plane.
Because the function 1− cosx is increasing in the interval x ∈ [0, π], this implies that
1 − cos∆φ ≤ 1 − cos∆α. This shows that mT ≤ M , and that they are only equal
when all three variables are equal. This makes the transverse mass a useful variable for
approximating the invariant mass of two particles when one of them can not be measured
directly, like a neutrino. The definition of the transverse mass can also be extended to n
particles, in which case

m2
T = (ET,1 + · · ·+ ET,n)

2 − (~pT,1 + · · ·+ ~pT,n)
2 , (4.16)

which has an upper bound of the invariant mass of the same n particles.
The hadronic activity hT is defined as the scalar sum of the transverse momenta of

all the charged leptons and jets2 in an event

hT =
∑
l

pT,l +
∑
j

pT,j , (4.17)

where the two sums are over all the leptons and all the jets respectively.
Finally, we define the angular separation ∆R between two particles as

∆R2 = ∆φ2 +∆η2, (4.18)

where the ∆φ between the two particles is as given in equation (4.3), and ∆η is simply
given by ∆η = |η1 − η2|, where η1 and η2 are the pseudorapidities of each of the particles.

2”Jet” is a term used to describe the cone of a large number of hadrons that result from the
production/radiation of a quark or gluon in the proton-proton interaction, due to the special confinement
property of QCD. In order to determine the energy and momentum of the initial state quark or gluon,
one therefore has to measure the total energy and momentum of all the hadrons in the jet.
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4.2 The ATLAS detector

The ATLAS detector is designed to detect the particles emerging from the proton-proton
collisions at the LHC, including electrons, muons3, photons and hadrons, and measure
their energy and momenta. The detector has a cylindrical shape around the beampipe,
covering all values of φ. But since the beampipe itself is in the way, it is impossible
for the detector to cover all values of η. The ATLAS detector consists of several sub-
detectors: The inner detector, the electromagnetic calorimeter, the hadronic calorimeter
and the muon spectrometer. The inner detector is, as the name suggests, the part of
the detector that is closest to the beampipe. It consists of a pixel detector and tracking
systems that give information about electrically charged particles’ momenta and the sign
of their charge by bending their trajectories in a strong magnetic field. It covers the
range |η| < 2.5. The next layer is the electromagnetic calorimeter (ECAL), in which all
electrically charged particles leave signals. Photons and electrons are stopped entirely in
the ECAL, which allows their energy to be measured from the amplitude of the signal.
Muons and electrically charged hadrons usually lose only a small fraction of their energy
in the ECAL. The ECAL covers the range |η| < 3.2. Outside of the ECAL, there is the
hadronic calorimeter (HCAL). This is designed to stop all hadrons, and thereby measure
their energy, like the ECAL does for photons and electrons. Different sections of the
HCAL combine to cover the range |η| < 4.9. The final detector layer of ATLAS is the
muon spectrometer. This is a tracking detector with multiple layers in a strong magnetic
field, that allows the measurement of the momentum and charge of the muons, which
tend to pass through the other parts of the detector. The muon spectrometer covers the
range |η| < 2.7.

4.2.1 Particle reconstruction and identification

When a particle moves through the ATLAS detector it can leave several signals in
different parts of the detector. In order to interpret the data, we need a way to translate
the raw data from the detector back to information about the particle. Ideally, we want
to know the particle type, the energy and momentum, and also the point of origin of
all the particles going through the detector. The first step from detector output to
particle information is called ”reconstruction”. Reconstruction involves a set of algorithms
that attempt to infer the path of a particle through the detector. For all particles, the
calorimeter information can be used to infer the direction of motion of the particle. For
charged particles, the calorimeter information is matched with a track from the tracking
detector, and for muons the track from the inner detector is additionally extrapolated to
a track in the muon spectrometer. By following the reconstructed path of the particle
backwards, it is also possible to reconstruct the point of origin of the particle. Finally,
the type of particle can also be reconstructed, for example based on which parts of the
detector produce a signal. So the output of reconstruction are reconstructed objects, e.g.
a reconstructed electron. However, reconstruction is not 100% accurate, and in some
analyses we are not interested in all reconstructed objects of a certain type. Therefore
a second step, called particle identification, is performed after reconstruction. Particle
identification works differently, and presents different challenges, based on what type
of particle is to be identified. For our analysis in the following part, we will mainly be

3Tau leptons have such short lifetimes that they typically decay before reaching the active part of the
ATLAS detector, and they therefore have to be detected indirectly from their decay products [51].
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concerned with the identification of electrons and muons from a signal process. These
electrons and muons originate from the main proton-proton interaction (or from very
close to it, for example from W or Z boson decay), and are called ”prompt” leptons.
These prompt leptons are only a subset of the total reconstructed lepton objects. Other
reconstructed leptons can either originate from true leptons from ”non-prompt” sources
such as leptonic decays of hadrons or photons converting to e+e− pairs, or from hadronic
jets or photons that are wrongly reconstructed as leptons. These wrongly reconstructed
leptons are often called ”fake leptons”. To reduce the number of non-prompt and fake
leptons in our analyses, there are different requirements put on reconstructed leptons
in the identification. The requirements also come in different levels of strictness, which
define so-called identification working points. For electrons, there are four commonly
used identification working points, which are in increasing order of strictness called
”VeryLoose”, ”Loose”, ”Medium” and ”Tight”. The exact requirements that must be
fulfilled by a reconstructed electron in order to be identified under each of these working
points are given by the ATLAS collaboration [52]. Using working points with greater
strictness means that a lower fraction of reconstructed electrons will be identified as
electrons. This can help to reduce background from non-prompt electrons. Similarly,
there are three identification working points for muons that in increasing order of
strictness are called ”Loose”, ”Medium” and ”Tight”, and there are also special working
points called ”Low-pT ” and ”High-pT ” that are specialised for identification of muons
with low and high transverse momenta respectively [53].

To reduce the background from fake and non-prompt leptons even further, we can use
the fact that prompt leptons tend to be ”isolated”, meaning that there is little activity
within an area ∆φ×∆η of the lepton, both in the inner detector and the calorimeters.
Non-prompt leptons originating from jets, on the other hand, will be associated with
a lot of activity in the HCAL in the same direction as the leptons’ trajectories. There
are two types of isolation; calorimeter-based and track-based. The calorimeter-based
isolation estimates the total transverse energy deposited from all other particles in both
calorimeters within a cone of some size ∆R centered at the path of the lepton candidate.
Track-based isolation uses the scalar sum of the transverse momenta of tracks originating
from the primary vertex within some cone of size ∆R of the lepton candidate. The size
of the cone can also be varied depending on the transverse momentum of the lepton
candidate, to optimize results for high pT . Requirements on calorimeter- and track-based
isolation variables are also given in terms of a set of working points that are defined by
the ATLAS collaboration [52, 53].

Finally, one factor that complicates the reconstruction of an event of interest is
the fact that each time the two proton beams intersect, there are multiple interactions
happening between the protons. The average number of interactions per beam crossing
is referred to as ”pile-up”. The pile-up can affect things like the number of fake leptons
and energy measurements of jets.

We have now covered the main motivations for and the theoretical background re-
quired to understand our analysis, which will be presented in the remaining part of the
thesis.
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Chapter 5

Signal and background processes

In this chapter we present the specific signal processes that we will study in our following
analysis and some of the Standard Model processes that are similar to these. We begin
by introducing the software we used to perform simulations of the signal processes.

5.1 Monte Carlo simulations using MadGraph
Monte Carlo (MC) simulations in general are computer simulations that use sampling of
(pseudo-) random numbers to obtain a numerical result. This means that MC simulation
of a single process can give many different results when it is repeated multiple times, even
when the initial conditions are the exact same each time. In particle physics meanwhile,
the parameters we can obtain from a theory, like the (differential) cross sections and
branching ratios of different processes, only represent the probability of an event to occur
in a certain way. Particle physics events therefore have the same property of producing
a variety of results from identical initial conditions. This is why MC simulations are well
suited to simulate particle physics events. More specifically, in this thesis we will use
numerical algorithms to create MC simulations of events at the LHC. Such algorithms
are called MC event generators. The input of a particle physics MC event generator is a
set of initial state particles and their energy and momentum. Then, the event generator
can compute the probability distributions of all the allowed final states of the interaction,
based on some theoretical framework (for example the SM, or an extension of it). Using
some method of random number generation, the event generator picks one of these final
states for each event. The output of the event generator is a list of the physics objects in
the final state such as charged leptons and jets, with precisely defined four-momenta,
charges and other properties.

In this thesis we use MadGraph5_aMC@NLO [54] version 3.3.1 for MC simulations of
proton-proton collider events. Unless stated otherwise, all processes are simulated at
next-to leading order (NLO) in QCD. We also need to simulate parton showering of
colour charged objects in the final state. For this we use PYTHIA8 [55] version 8.308. We
run MadGraph through ATLAS software, using Athena1 release 22.

When performing MC event generation at higher orders of perturbation, not all
events will represent an equal share of the total cross section of the simulated process.
To account for this, each event is given a weight, and in particular, some events are given
negative weights [56, 57]. These negatively weighted events represent corrections from

1Athena is an ATLAS software package, and can be found at https://gitlab.cern.ch/atlas/athena.
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the higher order calculations. The physical integrated luminosity of the simulation is
then2

L =
n∑

i=1

wi
1

σ
, (5.1)

where n is the number of simulated events, wi is the weight given to event number i and
σ is the cross section of the simulated process. This replaces the naïve expression

L =
n

σ
, (5.2)

which is only correct if all events have the same weight. The presence of negative weights
can reduce the statistics of a MC simulation, and this is one of the main challenges with
MC event generation at beyond leading order.

5.2 Signal models and processes
In this section we describe the specific heavy neutrino models we will study, and the
processes within the frameworks of these models that we will focus on. For all the models
we look at, the signal processes will be ones that can produce a heavy neutrino at a
proton-proton collider.

5.2.1 Majorana and pseudo-Dirac model

The first type of signal model we will study is a simple extension of the Standard Model
by three heavy neutrinos of either Majorana or pseudo-Dirac type, one of which having a
mass in the 100 GeV to TeV range. We call these the Majorana model and pseudo-Dirac
model respectively. These models are examples of the theory discussed in section 3.1.2,
and can be thought of as minimal realisations of the type 1 seesaw and the inverse seesaw
mechanisms. For the simulations of processes within these models with MadGraph, we
use the two sets of publicly available model files developed by Alva et al, Degrande et al.
and Pascoli et al [58, 59, 41]. These MadGraph models are based on the exact interaction
Lagrangian that we presented in equation (3.33), the only difference between the two sets
of model files being that the heavy neutrinos are either pseudo-Dirac or Majorana type,
meaning that their interactions either conserve lepton number, or have the possibility of
changing it by two units.

To find the possible production processes for these heavy Majorana or pseudo-Dirac
neutrinos at the LHC, we need to look at the interaction Lagrangian of equation (3.33).
It is easy to see that these interaction terms give three possible first order production
processes from initial states consisting of quarks or gluons. These are all so-called
s-channel processes, where one quark from each proton interact to give an intermediate
boson, which then decays to a heavy neutrino. The three different possibilities are then
characterised by which boson makes up the intermediate state. When the intermediate
boson is a Z or Higgs, their decay will result in a final state SM neutrino, along with the
heavy neutrino. The Feynman diagrams of these two processes are shown in figure 5.1.
The incoming quarks are both labeled q to show that they are a quark-antiquark pair of
the same flavour. The heavy neutrino labelled N can be of either Majorana or Dirac type.

2Assuming that the event weights are scaled such that the weight of an event that occurs with exactly
the expected probability is wi = 1.
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(a) Production through virtual Z∗
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(b) Production through virtual Higgs

Figure 5.1: Two of the first order production processes for heavy Majorana or Dirac
neutrinos at proton-proton colliders, through a virtual Z∗ boson (a) or a virtual Higgs
boson h∗ (b). In both of these processes, the heavy neutrino N is produced along with a
Standard Model neutrino ν.

q′

q l±

N

W±∗

Figure 5.2: One of the three first order production processes for heavy Majorana or Dirac
neutrinos at proton-proton colliders, in which the heavy neutrino is produced along with
a charged lepton.

The Z and Higgs bosons are marked with asterisks to indicate that they must be off-shell
when the mass of the heavy neutrino is larger than the Z mass or Higgs mass respectively.
These two processes are not very interesting from an experimental perspective, since the
SM neutrino can not be measured directly, so much of the information about the event
is lost. Additionally, the small coupling of the constituent quarks of the proton to the
Higgs boson means that the cross section of the second process is very small (although
the coupling between the Higgs and N can be relatively large for large neutrino masses).
The final first order production process is through a virtual W ∗-boson, and results in a
charged lepton along with the heavy neutrino. The Feynman diagram is shown in figure
5.2. Here the initial state quarks are labelled q and q′ to show that they are of different
flavour (one is down type and the other is up type). This will be the signal process that
we focus on for both the Majorana and pseudo-Dirac models, since the charged lepton is
relatively easy to detect, at least if it is an electron or muon, and it has a cross section
comparable to the first process in figure 5.1.

Decays

For most sets of neutrino masses and mixing parameters we will look at, the heavy
neutrinos will have very short lifetimes. This means that there is more to the signal
process than simply the production of the neutrino, since the neutrino will also decay
before reaching the detector, and its decay products will be measured instead.

The possible two-body decays of the neutrinos in the Majorana and pseudo-Dirac
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Figure 5.3: All the possible final states resulting from the first order production of a
Majorana or pseudo-Dirac heavy neutrino through a virtual W ∗ boson at a proton-proton
collider, and the subsequent first order decay of the neutrino.

models are determined by the same interaction terms in the Lagrangian as the first order
productions. So there are again three possibilities, assuming that mN > mh, where mN

is the mass of the heavy neutrino and mh is the mass of the Higgs boson. These three
are the decay to a W , Z or Higgs boson, along with a lepton. Each of these decays
will lead to very different kinematics in the final states, and therefore require different
strategies when searching for these processes in an experiment. In fact, since both the
W , Z and Higgs bosons are also highly unstable, these will decay to different sets of
particles, giving even more possible final states. Feynman diagrams for all these final
states (only including two-body decays of the neutrino and bosons) are shown in figure
5.3. All of these processes are well suited to search for the heavy neutrino, except for the
case in figure 5.3a when the Z boson decays to two neutrinos. This process would give a
signature of only a single charged lepton and missing energy, and would therefore give
almost no information about the presence of the heavy neutrino. For the other decay
modes of the Z, the signature would be more interesting. The neutrino from the decay
of N would result in a relatively large Emiss

T in such an event. In the case when the Z
decays to two charged leptons, the final state would contain a total of three charged
leptons, two of which would have an invariant mass close to the Z mass. The decay of



5.2. SIGNAL MODELS AND PROCESSES 55

q′

q l±1

l
∓(±)
2

l
±(∓)
3

ν

W±∗

ND(M)

W±(∓)

Figure 5.4: The lowest order Feynman diagram of the signal process we will study for the
Majorana and pseudo-Dirac models. For the pseudo-Dirac model, the allowed particle
charge combinations are shown with the signs that are not in parentheses. For the
Majorana model, both the signs inside and outside of the parentheses are possible, but
the choice must be consistent in a single event.

the Z to quarks would result in one charged lepton and two jets with invariant mass
close to the Z mass. The neutrino decay through the Higgs gives very similar kinematics,
only replacing the mass of the Z with the mass of the Higgs. However, the three lepton
final state will not be observable in this case, due to the tiny coupling of the Higgs to
electrons and muons. The most prominent first order decays of the Higgs would result in
pair of b-jets with invariant mass close to mh or a pair of tau leptons, which subsequently
decay. Additionally, the Higgs has relatively large branching ratios for three-body decays
and decays through loops, for example h→W ∗W and h→ gg, which would give even
more possible final states.

Although many of these processes present promising opportunities to search for heavy
neutrinos, we can not cover them all in this thesis. We therefore choose to study only the
decay of the heavy neutrino through a W boson. As we see from figure 5.3c, this decay
mode gives two possible final states. The first possibility consists of three charged leptons
and a neutrino, while in the other case it is two charged leptons and two quarks. Both
of these decay modes have their drawbacks when it comes to experimental detection.
For the leptonic decay of the W boson, the main problem is again that the neutrino
can not be detected, and therefore the total energy and momentum of the process is
unknown. This makes it more difficult to for example reconstruct the mass of the heavy
neutrino from signal events. For the hadronic decay, the total energy of the event can be
determined, but the quarks will create jets of hadrons that are not measured as precisely
as charged leptons. Additionally, the Standard Model background is much larger for
events with two charged leptons and two jets in the final state than for three charged
leptons, which makes the signal more difficult to discover. We will therefore narrow our
scope even further, and only look at the leptonic decays of the W for the Majorana
and pseudo-Dirac models. It would be interesting to perform a similar analysis for the
hadronic decay as well.

With the leptonic decay of the W , the full signal processes for the Majorana and
pseudo-Dirac models become as shown in figure 5.4. A key difference between the
Majorana and pseudo-Dirac models is the allowed sign combinations of the charges of
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Figure 5.5: The Feynman diagram for the Keung-Senjanović process of production of a
right-handed WR boson and a heavy Majorana neutrino N at a proton-proton collider.

leptons l1 and l2. In the pseudo-Dirac case, they must have opposite signs, while in
the Majorana case they can have either opposite or the same sign, as indicated by the
parentheses in figure 5.4.

5.2.2 LRSM model

We will also study a simple realisation of the Left-Right Symmetric Model (LRSM), based
on the minimal LRSM described in section 3.5. We will focus on models where the mass
of the WR boson is MWR

& 5 TeV, and the natural case of a heavy Majorana neutrino
that has a mass mN that is of the same order as MWR

. We will also consider only
models where mN < MWR

. This gives the possibility for the so-called Keung-Senjanović
process [60] for producing an on-shell WR boson at the LHC, with a subsequent decay
through the heavy Majorana neutrino, which is shown in figure 5.5. This process has
been extensively studied, for example in a recent study by the ATLAS collaboration that
set the most stringent lower limits on the WR and N masses to date [61]. In this thesis,
we will put more emphasis on studying the kinematics of the Keung-Senjanović process
for different masses using MC simulations. We will then use what we learn to attempt
to improve the search method for this process, and potentially show how properties of
the WR and N particles can be deduced if this signal were to be discovered.

For the MC simulations with MadGraph, we will use the publicly available effective
LRSM model developed by Mattelaer et al [49]. As is mentioned in their paper, this
effective model does not include the new scalar fields of the LRSM. However, since these
fields can mediate flavour changing neutral currents, their masses must be larger than
what is accessible at the LHC [62]. The exclusion of these fields from the model will
therefore have little effect at LHC energies. In the MadGraph model, gR is set equal to
the SM weak coupling constant, but this can easily be modified by simply scaling the
cross sections. Finally, we use the simplifications V ′

CKM = I, and assume the mixing
between the heavy and light neutrinos to be X = 0 and that the heavy neutrino mass
eigenstates are equal to their right-handed weak eigenstates; Y = I. These assumptions
are motivated by the natural scalings given in section 3.5. This means that in our
simulations, the WR does not couple to pairs of SM leptons, while it does couple to
SM quarks with equal strength to each generation. And in the coupling of the WR
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to one of the heavy neutrinos Nm no cross generational couplings are allowed. For
the Keung-Senjanović process this means that unless some of the neutrino masses are
degenerate, the leptons l1 and l2 must be of the same flavour in this model.

5.3 Signal cross sections
The most important variable determining whether a signal can be discovered at a collider
or not is its cross section. The cross section of our signal processes depend mainly on
the masses of the heavy neutrinos, their mixing with active neutrinos, and of course
on the energy of the collider. Since protons are composite particles, the cross sections
also depend on their parton distribution functions (PDFs). A PDF gives the probability
distribution for the momentum fraction x of the proton carried by one of the partons.
This additional complexity due to the composite nature of protons makes it difficult
to compute cross sections for proton-proton collider events analytically. We therefore
use MadGraph to compute the cross sections numerically. This also allows us to include
next-to leading order (NLO) QCD contributions to the cross section.

5.3.1 Majorana and pseudo-Dirac model

We first look at the signal process for the Majorana and pseudo-Dirac models through
the process shown at leading order (LO)3 in figure 5.4. It turns out that in the simple
models we study, the cross section of this process is independent of the Dirac/Majorana
nature of the neutrino, as long as the mass and mixing parameters are the same. The
reason for this is that the interaction terms of the Lagrangian look the same in both
models. In the Dirac case there are two different heavy neutrinos that can be created
(neutrino or antineutrino), but the neutrino can only decay to a charged lepton, while
the antineutrino can only decay to a charged antilepton, as indicated in figure 5.4 by the
signs that are not in parenthesis. In the Majorana case, on the other hand, there is only
one neutrino, but it couples to both kinds of charged lepton (and in the model we look
at the two couplings are equal), so the total number of possible interactions is the same,
giving the same cross section.

We now assume for simplicity that only one of the three heavy neutrinos has a mass
that makes it suitable for detection, and that the other two have very different masses,
such that any interference between the interactions can be neglected. We also assume
that this heavy neutrino mixes equally with the three light neutrinos, meaning

|Ve1|2 = |Vµ1|2 = |Vτ1|2, (5.3)

where we have chosen the detectable neutrino to be mass eigenstate number N = 1,
which we can do without loss of generality. It is then easy to see from the Lagrangian in
equation (3.33) that the cross section of the production process in figure 5.2 will simply
be proportional to |Vlk|2.

For the full leptonic decay process shown in figure 5.4, one would expect that the
cross section is proportional to |Vlk|4, since the diagram contains two identical vertices
coupling the heavy neutrino to the W boson. However, we need to take into account
that the heavy neutrino is an unstable particle with some decay rate ΓN . Because the

3This type of diagram is also called a ”tree level” diagram or a ”Born” diagram. Both of these terms
mean that the diagram contains no loops.
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heavy neutrino only interacts weakly, we can assume that ΓN � mN , and if mN is
much larger than the masses of the other particles in the process, all the conditions for
using the so-called narrow width approximation (NWA) are satisfied [63]. The NWA
corresponds to choosing the unstable intermediate particle (the heavy neutrino in our
case) to be exactly on-shell. Then the total cross section for the production and decay of
the heavy neutrino is given by the cross section for the production alone, multiplied by
the branching ratio (BR) of the decay. The BR of the decay of a particle X with total
decay rate ΓX to some final state Y is defined as

BR(X → Y ) =
Γ (X → Y )

ΓX
. (5.4)

As mentioned in section 5.2.1, we know all the possible decays of the heavy neutrino,
and they all occur through its mixing with the active neutrinos. This means that the
rate of each individual decay process must be proportional to |Vlk|2. But then the total
decay rate ΓN , which is simply the sum of the rates of all possible decays, must also be
proportional to |Vlk|2. This means that the BRs for each of the possible decays of the
heavy neutrino are independent of the mixing matrix elements. Therefore, as long as the
NWA applies the leptonic decay cross section will also be proportional to |Vlk|2, and it
will be approximately equal to the cross section for the production of N through a W
boson, multiplied by the factor

σ (p p→ N l → l l l ν)

σ (p p→ N l)
≈ BR (N → l l ν) ≈ BR (N →W l)×BR (W → l ν) , (5.5)

where we used the NWA again for the W boson. If we look at the scaled cross section

σ′ =
σ

|Vlk|2
, (5.6)

this will be independent of the size of the mixing parameters for both the production
process and the full process with leptonic decay. We calculate this scaled cross section
for a few different heavy neutrino masses and centre of mass energies using MadGraph.
The calculations are done at NLO in QCD, meaning that in addition to the Feynman
diagram shown in figure 5.2, there will be contributions from diagrams with one or
two additional QCD vertices. Diagrams with one or two QCD vertices correspond to
FKS-subtracted real emission and single loops with colour charged particles respectively,
as explained in the paper on the release of MadGraph5 [54]. We do not include NLO
QED contributions, since these will be suppressed by at least a factor αEM ≈ 1/137.
Examples of diagrams that are included in the computation of the cross sections are
shown in figure 5.6. The resulting cross sections are shown in table 5.1. MadGraph also
allows us to estimate the systematic uncertainty in the cross section as a result of scale
variation and PDF variation. Scale variation refers to the change in the cross section due
to the varying energy of each event, which affects the size of the coupling constants αS(µ)
and αEM(µ). The PDF variation comes from the fact that we do not have a very good
model of the QCD processes within protons, and therefore parton distribution functions
have large uncertainties. In MadGraph, these systematic uncertainties are estimated using
reweighting techniques, as is explained in the MadGraph5 release paper [54]. We combined
these two sources of uncertainty to get the errors listed in table 5.1, and we see that they
are generally between 2% and 6% of the value of the cross section.
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Figure 5.6: Two Feynman diagrams of the production of a Majorana or Dirac heavy
neutrino with subsequent fully leptonic decay. Both contribute to the next-to leading
order QCD correction, since they contain QCD vertices not found in the leading order
diagram. In the top diagram, a gluon is radiated from one of the initial state quarks. In
the bottom diagram, a gluon is exchanged between the two quarks, making a loop in the
diagram and giving two QCD vertices.
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Table 5.1: The scaled cross section σ′, as defined in equation (5.6), in units of pb for the
production and fully leptonic decay of a Majorana or pseudo-Dirac heavy neutrino for
three different centre of mass energies

√
s of the proton-proton collider and five different

heavy neutrino masses mN . The cross sections are computed to NLO in QCD using
MadGraph, and it is assumed that the heavy neutrino mixes equally to the three SM
neutrinos.

√
s [TeV]

13.0 13.6 14.0

mN [GeV] σ′ [pb]

200 1.00± 0.05 1.075± 0.029 1.07± 0.04

400 (7.23± 0.27)× 10−2 (7.62± 0.17)× 10−2 (8.16± 0.22)× 10−2

600 (1.46± 0.04)× 10−2 (1.55± 0.04)× 10−2 (1.72± 0.06)× 10−2

900 (2.36± 0.11)× 10−3 (2.74± 0.09)× 10−3 (2.86± 0.18)× 10−3

1200 (6.38± 0.34)× 10−4 (6.97± 0.28)× 10−4 (7.7± 0.4)× 10−4

From the table we also see that as expected, the cross sections become smaller for
larger heavy neutrino masses. The cross sections also become larger for larger centre of
mass energies

√
s. The three values for

√
s used here correspond to the centre of mass

energies of the LHC during Run 2 (13 TeV), during the current Run 3 (13.6 TeV) and
the future High Luminosity LHC (HL-LHC) runs (14.0 TeV). The increase in energy
has a greater effect on the cross sections for the heavier neutrinos. For mN = 200 GeV,
we see that the cross section only increases by 7% from 13.0 TeV to 14.0 TeV, while for
mN = 1200 GeV, it increases by around 20%.

For comparison, we also computed the cross section for mN = 200 GeV and
√
s = 13.6

TeV at LO, and got the result σ′ = 0.828 ± 0.024 pb. This represents a difference of
30% from the NLO result given in table 5.1. This can also be expressed in terms of the
commonly used K-factor, which is defined to be the ratio between the NLO and LO cross
sections of a given process. This particular process therefore has a K-factor of 1.30.

We can also use MadGraph to test the validity of the NWA for the heavy neutrinos,
as it allows us to compute the decay rate of the neutrinos4. The result is with the same
mixing parameters defined in (5.3) and mN = 200 GeV

Γ200
N = 24.7|Vlk|2GeV, (5.7)

while mN = 1200 GeV gives

Γ1200
N = 6.81× 103|Vlk|2GeV. (5.8)

So for the neutrino mass of 200 GeV, the condition ΓN � mN for use of the NWA is
satisfied for more or less all values of the mixing parameters (the unitarity condition
of V from equation (3.34) gives |Vlk|2 ≤ 1/3). For the mass of 1200 GeV, the mixing

4It is of course relatively straight forward to compute the decay rate analytically as well, at least if
only the two-body decays are taken into account.
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parameters must be smaller than around 0.1 to have ΓN/mN of the order of 5% or less.
But mixing parameters greater than 0.1 would be in contradiction with the limits given
in equation (3.51), so we can conclude that the NWA is a good approximation in most
reasonable realisations of the model.

5.3.2 LRSM model

The cross section for the Keung-Senjanović process shown in figure 5.5 depends mainly
on the mass of the WR and the Majorana neutrino N . For a given neutrino mass mN ,
the cross section is independent of which neutrino mass eigenstate Nm, m = 1, . . . , 3 is
considered, since each mass eigenstate couples equally to a flavour of the leptons l1 and
l2, and the mass differences between the lepton flavours is irrelevant at these energies.
We therefore only need to compute the cross section for one mass eigenstate, and we
choose N1, which is the one that couples to the electron. We again use MadGraph to
compute the cross section at NLO in QCD for the centre of mass energies of Run 2, Run
3 and the HL-LHC. As mentioned before, the model assumes equality of the right- and
left-handed weak couplings; gR = g. However, if we want to be general, we can again
use the NWA to argue that the cross section of the process will be proportional to g2R.
This case is slightly different, since we now want to use the NWA for the WR, but the
argument is the same as in the Majorana and pseudo-Dirac models. The WR only decays
through couplings that are proportional to gR, and therefore its branching ratios are
independent of gR. If the NWA is valid, the only dependence on gR therefore comes from
the coupling of the WR to the initial state quarks, which gives a g2R-dependence in the
cross section of the entire Keung-Senjanović process. To see whether the NWA is valid,
we again use MadGraph to compute the decay width of the WR for a few mass values. For
MWR

= 3000, 5000 and 6000 GeV, the decay widths are approximately 110, 180 and 220
GeV respectively for gR = g. These are all less than 5% of the respective masses, and so
the NWA is a good approximation, and we will assume σ ∝ g2R. We define the relative
strength of the right-handed weak interaction using the parameter κR, defined such that

gR = κRg. (5.9)

Then we define the scaled cross section σ′ as

σ′ =
σ

κ2R
, (5.10)

such that σ′ is approximately independent of the size of gR. The results for this scaled
cross section computed with MadGraph for six pairs of mass parameters are given in table
5.2. We see that the cross sections are quite sensitive to both the WR and neutrino
masses, and decrease for larger masses, as expected. We also see that the increase of√
s affects the models with larger masses more. For mN = 5 TeV and MWR

= 6 TeV,
the cross section is more than doubled from

√
s = 13 TeV to

√
s = 14 TeV, while for

mN = 1.5 TeV and MWR
= 3 TeV, it only increases by around 40%. Rather alarmingly,

we notice that the uncertainty in the cross sections becomes very large for the larger WR

masses. For MWR
= 3 TeV, the uncertainties are of the order of 5− 10%, as before. For

MWR
= 5 TeV, however, the uncertainties increase to around 30%, and for MWR

= 6
TeV, they are over 50% in some cases. The cause of this large uncertainty is mainly
the PDF variations, which become very large for these models. The reason for this is
probably that when the mass of the WR comes close to half of the centre of mass energy
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Table 5.2: The scaled cross section σ′, as defined in equation (5.10), in units of fb of
the Keung-Senjanović process for six sets of WR and heavy Majorana neutrino masses
and three different centre of mass energies

√
s of the proton-proton collider. The cross

sections are computed to NLO in QCD using MadGraph, and it is assumed that the heavy
neutrino only couples to one flavour of SM charged lepton and that the right-handed
weak coupling is equal to the SM weak coupling.

√
s [TeV]

13.0 13.6 14.0

mN [TeV] MWR
[TeV] σ′ [fb]

1.5 3 10.0± 0.8 12.2± 0.9 13.9± 0.8

2 3 5.7± 0.5 7.1± 0.6 7.9± 0.5

4 5 (3.2± 1.2)× 10−2 (5.1± 1.5)× 10−2 (6.9± 1.9)× 10−2

4.5 5 (9.3± 3.5)× 10−3 (1.5± 0.4)× 10−2 (2.0± 0.6)× 10−2

4 6 (5± 3)× 10−3 (9± 4)× 10−3 (1.5± 0.7)× 10−2

5 6 (1.7± 1.2)× 10−3 (2.9± 1.5)× 10−3 (4.6± 1.9)× 10−3

of the collider, the momentum fractions x of the two quarks must be very large. The
probability for a parton to have a large x is very small, and therefore a small change
in this probability (from a slightly different derivation of the PDF) will yield a very
different cross section. We will need to keep this large uncertainty in mind for the rest of
our analysis.

5.4 Background processes

In this section we look at some of the SM processes that give similar final states as the
signal processes we are studying. The amount of SM background in an experiment is
one of the limiting factors for discovery of a signal, and it is therefore important to know
how much background there is, and some of its characteristics.

5.4.1 Three lepton final state

For the signal process of the Majorana and pseudo-Dirac models shown in figure 5.4, the
background will consist of processes that can result in final states with three charged
leptons and missing energy. There are relatively few SM processes giving three prompt
leptons, and the largest contribution by far comes from a subset of the so-called ”diboson”
processes. The diboson processes are ones where either a pair of W bosons, a pair of Z
bosons or one W and one Z boson are produced. The final state of three prompt leptons
and missing energy occurs in the case when one W and one Z both decay leptonically.
Two such processes are shown in figure 5.7. The diboson three lepton background is
characterised by one of the charged lepton pairs having an invariant mass close to the
Z boson mass. This background can therefore be significantly reduced by disregarding
events where any pair of charged leptons in the final state has an invariant mass that is
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Figure 5.7: The two diboson processes that are the dominant SM background of three
prompt leptons and missing energy.

within some small distance of the Z mass.
Another possible source of three prompt leptons is the similar Z Z diboson process

where both Z bosons decay to two leptons, but one of the four leptons escapes detection.
This leads to the same signature of three leptons and missing energy, but can also be
reduced by removing events where two leptons have invariant mass close to the Z mass.
The remaining background for the three lepton final state mainly consists of processes
with at least one non-prompt lepton. Examples of such backgrounds are the two classes
of processes called ”Z+jets” and ”ttbar”. In figure 5.8, we show examples of Z+jets
processes that give two prompt leptons and a jet after hadronisation of the final state
quark or gluon. The jet gives some small probability for a third lepton to be reconstructed
in the event, and since these processes have relatively large cross sections they turn
out to be a significant background for the three lepton final state. These processes are
also characterised by the invariant mass of the prompt lepton pair being close to the Z
mass, and can therefore be reduced by the same method as the diboson background. In
addition to this, the Z+jets events do not contain real missing energy, and can therefore
be reduced by requiring some minimum Emiss

T . In figure 5.9, we show one of several ttbar
background processes that result in at least two charged leptons in the final state. In
addition to the two charged leptons there are two b-quarks in the final state, which result
in so-called b-jets after hadronisation. These b-jets can give additional leptons, either
from leptonic decays of hadrons or from misidentifications. This background can not
be reduced using invariant masses, since none of the charged lepton pairs come from
the direct decay of a single particle. Instead, the ttbar background can be reduced by
disregarding events with b-jets, or by increasing the requirements for lepton identification,
for example putting strict requirements on the isolation of leptons. This reduces the
probability of a lepton from one of the jets to pass the identification criteria.

5.4.2 2l+2j final state

After hadronisation, the Keung-Senjanović process of figure 5.5 will result in a final state
of two charged leptons and two jets. This final state has significantly more SM background
than the three lepton and missing energy final state. Some of the backgrounds for these
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Figure 5.8: Three examples of processes making up the Z+jets background, which give
two prompt leptons and a jet after hadronisation of the final state quark or gluon. The
jet can potentially give a third non-prompt lepton.
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Figure 5.9: One of the processes making up the ttbar background, which gives two
leptons and two b-jets after hadronisation. The b-jets can potentially result in a third
lepton being reconstructed.
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Figure 5.10: One of the processes making up the single top background, which gives at
least one lepton and two b-jets after hadronisation. The b-jets can potentially result in a
second lepton being reconstructed.

two final states are similar. For example, the 2l+2j final state also has background
from the diboson processes, including the ones shown in figure 5.7, but with the W
decaying to two quarks instead of a lepton and a neutrino. These two quarks will
produce two jets after hadronisation, so the final state has the form 2l+2j. In addition
to this, the production of two Z bosons, with one decaying hadronically and the other
leptonically, will also give background for the 2l+2j final state. The diboson background
is therefore larger for the 2l+2j final state, both due to the additional contribution
from Z Z production and since the branching ratios of the W and Z bosons to quarks
are significantly larger than their branching ratios to leptons. However, the diboson
background can also in this case be greatly reduced by removing events where the lepton
pair has an invariant mass close to the Z mass. The background from Z+jets and ttbar
processes are even more important for the 2l+2j final state, since no additional leptons
to the two shown in figure 5.8 and 5.9 are needed. It seems like the Z+jets processes of
figure 5.8 can only give a single jet, but another jet can easily appear from higher order
QCD corrections, for example. The Z+jets background can again be suppressed using
the Z peak in the invariant mass, and the ttbar background by removing events with
b-jets, if the signal process is not expected to give many b-jets.

The 2l+2j final state also has additional background types that are less relevant
for the three lepton final state. These include the so-called ”single top” and ”W+jets”
backgrounds. The W+jets background consists of processes like the ones shown in figure
5.8, but with the Z boson replaced by a W boson. If the W decays leptonically, there
will be one prompt lepton in these final states, such that one additional non-prompt
lepton and an additional jet will lead to a 2l+2j final state. In figure 5.10, we show
one of the processes contributing to the single top background. We see that at least
one lepton can come from the decay of the top quark, and if an additional non-prompt
lepton is reconstructed, the final state can become 2l+2j. For the W+jets and single
top backgrounds, the main method for reducing the background is to use strict lepton
identification requirements, since neither of them give two prompt leptons.
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Chapter 6

Truth analysis

In this chapter we will study the kinematics of the signal processes we described in the
previous chapter using our Monte Carlo simulations. In the first section, we present
the tools and methods used for this analysis. In the second section, we show the most
relevant kinematic distributions for the Majorana model and discuss the characteristics
of the distributions and what can be learned from them. In the third section we show the
main difference between the Majorana and pseudo-Dirac models. In the fourth section
we use what we learned in the previous two sections to develop a method for identifying
the vertex of origin of the final state charged leptons of the signal process. Finally, in
the fifth section we show the most relevant kinematic distributions for the LRSM signal
process and discuss these.

6.1 Event selection and smearing using SimpleAnalysis

When studying either real experimental data from the LHC or MC simulated data, we
often want to choose a subset of the total number of events in the data to study, based
on some criteria. The process of choosing a subset of events is called event selection,
and the criteria used are called selection criteria, or ”cuts”. In this thesis, we use the
program SimpleAnalysis [64] to perform cuts on MC simulated events of both signal
and background processes, and to create kinematic distributions from the selected events.
The specific cuts may differ in each application, and depend for example on the final
state of the process we are interested in and the parameters of the signal model we are
studying. There are however a few cuts that will be applied in all our analyses. Since
our end goal is to say something about the discoverability of certain signals using the
ATLAS detector at the LHC, we put some ATLAS-specific requirements on the particle
objects from MC simulations. In order to be detectable by ATLAS at all, we require
any charged lepton object to have pT > 5 GeV and any jet objects to have pT > 20 GeV
in order to be identified as true charged leptons and jets. We also require all charged
leptons and jets to have |η| < 2.5, corresponding to the range of the inner pixel and
tracking detectors of ATLAS, meaning that objects within this range can be reconstructed
with higher confidence. The objects that do not fulfill these requirements are simply
ignored, but the events containing them are not necessarily discarded. In addition to
this, SimpleAnalysis lets us perform so-called overlap removal on the objects from the
MC simulations. This mimics the procedure with the same name that is performed in
real experiments due to the fact that the same physical object can be reconstructed

67
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as multiple objects. Overlap removal attempts to reduce over-counting of objects by
removing reconstructed objects that are too close to other objects. In our analyses, we
will require that any electron candidate must have a separation of ∆R > 0.01 from any
muon candidates. Jets within ∆R < 0.2 of electrons or muons are removed, while for
electrons and muons we define a minimal ∆R separation requirement from jets that
changes with their pT . An electron or muon with transverse momentum pT is removed if
it has a distance from a jet that satisfies

∆R < min
[
0.4, 0.04 +

10GeV
pT

]
. (6.1)

As mentioned in section 5.1, the output of the MC simulations are lists of physics
objects with precisely defined properties. This is what we call ”truth” information,
and it is very useful for determining the characteristic signature of the different signal
models which will be the focus of the remainder of this chapter. However, if we want to
perform an analysis that replicates the analysis of real experimental data, we need to
modify the truth information before studying event kinematics. In a real experiment,
there are uncertainties in each direct measurement of an observable, and no particle can
be identified with 100% certainty, but instead need to be reconstructed and identified
as described in section 4.2.1. In analyses using MC simulated data, this behaviour
is commonly replicated by entering the MC output into a full simulation of the real
world detector. This gives an accurate estimate of measurement uncertainties and
reconstruction efficiencies, but it is also a very computationally expensive procedure.
Instead of a full detector simulation, we will therefore use a feature in SimpleAnalysis
called ”smearing”, which is supposed to approximate a detector simulation of the ATLAS
detector by using parametrisations for object reconstruction and identification efficiencies
as well as object resolutions. We will only be applying smearing on electrons and muons.
One of the effects of smearing is that the momenta and energies of the truth leptons are
changed from the exact truth value to Gaussian distributions with means at the truth
value and standard deviations determined by a function of pT and η, in an attempt to
approximate the measurement resolutions of the ATLAS detector. The probability of
finding fake leptons in a jet or an electron being wrongly identified as a photon, what is
collectively referred to as ”fake rates”, are also estimated. Smearing also allows us to
implement the isolation working points for electrons and muons, as described in section
4.2.1. Finally, the probability that a given true electron or muon is actually identified is
determined using a function of the particle’s pT and η, and the identification working
point that is chosen. This means that if we use the Tight identification working point for
electrons for example, a relatively large fraction of electron truth objects will be removed
from the events. If the Loose working point is used instead, a smaller fraction will be
removed. This can be used to regulate the amount of background for final states with
leptons.

In the following sections, we use SimpleAnalysis to study the truth information
from MC simulations of some selected signal models, to learn about their characteristics.

6.2 Majorana model

In this section, we will study the kinematics of the signal process shown in figure 5.4, for
the case when the heavy neutrino is of Majorana type. We again begin by performing
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Monte Carlo simulations of the process using MadGraph. For this analysis, we set the
centre of mass energy of the proton-proton collider to

√
s = 13.6 TeV, corresponding to

run 3 of the LHC. As before, we assume that only the mass eigenstate N1 contributes to
the process (the other two mass eigenstates having either much larger or much smaller
masses), but now we assume that the mixing matrix V between the active and sterile
neutrinos is close to diagonal. We let

|Ve1|2 = 10|Vµ1|2 = 100|Vτ1|2, (6.2)

meaning that the couplings of the heavy neutrino to the muon and tau are suppressed
by factors of 10 and 100 respectively compared to the coupling to the electron (after
squaring the matrix element). The size of |Ve1|2 then determines the total cross section,
but that is irrelevant for this part of the analysis, since we do not care about the effective
luminosity of the MC simulations. We perform the simulation for four different N1

masses; mN = 200, 400, 800, 1200 GeV, and in each of these simulations we generate 10
000 events. These four mass values were chosen because they allow for production at
the LHC, and they give a wide range of kinematics, due to their different sizes relative
to the W boson mass. As before, the simulations are done to NLO in QCD, meaning
that processes like the ones shown in figure 5.6 are taken into account. The MadGraph
code also includes a three-lepton filter, which ensures that all 10 000 events have three
charged leptons in the final state. To make histograms for the kinematic variables, we use
SimpleAnalysis. In SimpleAnalysis we also perform a few additional cuts, requiring a
charged lepton to have pT > 5 GeV and −2.5 < η < 2.5 to be labelled as a signal lepton.
Then only events with at least three signal leptons, and where the three signal leptons
with the highest pT , what we call the three leading leptons, are exactly the leptons l1, l2
and l3 in figure 5.4, in arbitrary order. These requirements reduce the number of events
only slightly, and we are left with between 7 523 (mN = 200 GeV) and 8 329 (mN = 1200
GeV) events. In the following plots, the histograms are scaled such that the sum of all
the bin entries is equal to the respective number of events remaining after the cuts.

In figure 6.1 we show the number of signal leptons after the cuts. We see that for
all four heavy neutrino masses, the overwhelming majority of events have exactly three
signal leptons. For all mN , the number of events with more than three signal leptons is
of the order of 100, meaning at most a few percent of the total number of events. The
largest heavy neutrino mass mN is the only case in which there are some events with six
signal leptons, but there are less than 10 of these events.

In figure 6.2, we show the distributions of the transverse momenta of the three fi-
nal state leptons for each of the four mass values. The leptons are ordered by their vertex
of origin, meaning that pT,1, pT,2 and pT,3 are the transverse momenta of the leptons
l1, l2 and l3 from figure 5.4 respectively. The knowledge of which lepton comes from
which vertex is something that we would not have in a real experiment, so we can only
produce these distributions because the events were generated on a computer and we
have access to the truth information. From the figure, we see that the distributions
have relatively similar shapes for all four mass values. But when the mass of the heavy
neutrino increases, we see that the distributions for all three leptons become wider (note
the different scales on the x-axes), meaning that there is a higher probability for the
leptons to have large transverse momenta . Interestingly, the distribution of pT,2 is
shifted slightly more to the right compared to the other two distributions for larger
mN . Both these effects are expected, since in order to create a heavier neutrino, the
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Figure 6.1: The distributions of the number of signal leptons passing the cuts in each
event for different heavy Majorana neutrino masses mN .
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Figure 6.2: The distributions of the transverse momenta of the three leading signal
leptons in each event, ordered by their creation vertex in the Feynman diagram, for
different heavy Majorana neutrino masses mN .
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Figure 6.3: The distributions of the transverse momenta of the three leading signal
leptons in each event, ordered from highest to lowest pT , for different heavy Majorana
neutrino masses mN .

process has to be very energetic (the initial state partons must have had large momentum
fractions x), which gives all the particles in the event higher momenta. The large mass
of the neutrino will give its two decay products particularly large momenta, since the
mass of the charged leptons and the W boson are much smaller than for example 800
GeV. This explains why l2 is the hardest lepton in most events for mN = 800 GeV and
mN = 1200 GeV. Even when mN = 200 GeV, the peak of the pT,2 distribution is at a
slightly larger transverse momentum value than the peak of the pT,1 distribution, but
pT,1 has a relatively large tail at large values meaning that in a few events the first lepton
can be very hard, and harder than l2. For the larger masses, the tail of the pT,1 and pT,2
distributions have approximately the same size. For all mass values, l3 is the lepton that
has the lowest transverse momentum in most events.

In figure 6.3 we show similar distributions of the transverse momenta of the final
state leptons, but in these figures the leptons are ordered by the size of their pT in
each event. These distributions are therefore possible to make with real data, since
a detector can measure (with some error) the transverse momenta of charged leptons.
We label these transverse momenta with primes to separate them from pT,i, which are
the transverse momenta of lepton li. We see that these distributions are quite similar
to the distributions ordered by vertex of origin, with the replacements pT,1 → p′T,2,
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Figure 6.4: The distributions of the transverse masses of the signal leptons li and the
final state neutrino, which we call mT,i, for different heavy Majorana neutrino masses
mN .

pT,2 → p′T,1 and pT,3 → p′T,3. This is not surprising, since the most common ordering
of the transverse momenta has the largest pT from vertex 2, followed by vertex 1 and
vertex 3. We notice that the distributions of p′T,i are more clearly separated from each
other than the distributions of pT,i, which is also natural, since for example p′T,1 in fact
picks the largest pT in every single event, so this will be shifted more to the right than
the distribution of pT,2. Similarly, p′T,3 always picks the smallest pT , and will therefore
be shifted left compared to the distribution of pT,3.

In figure 6.4 we show the transverse masses of each of the charged leptons li with
the final state neutrino. The transverse mass of li and ν is named mT,i. We see that
the distributions of mT,1 and mT,2 are quite similar to the transverse momentum dis-
tributions of the respective charged leptons shown earlier. For the smaller neutrino
masses mN = 200 GeV and mN = 400 GeV, the mT,2 distribution has a peak at a higher
value than mT,1, but the latter has a relatively large tail at large values of mT . For the
two larger neutrino masses, both leptons get a wider distribution of mT , but the mT,2

distribution is significantly higher at large values. These similarities are expected, since
the transverse mass is proportional to the transverse momentum of the charged lepton,
as seen from equation (4.12). So when there is no particular correlation between the
transverse energies of the charged lepton and neutrino and the angle between them, it is
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Figure 6.5: The distributions of the transverse mass of l3 and the final state neutrino for
each of the four heavy neutrino masses.

logical that the distribution of mT,i will have approximately the same shape as the pT,i
distribution for the same charged lepton.

The main difference from the transverse momentum plots is seen in the distribution
of mT,3. We see that for all heavy neutrino masses, this distribution has a sharp peak at
relatively low mT , which looks different from the peak in the transverse momentum plots.
The reason for this difference is that lepton 3 does in fact originate in a two-body decay,
meaning that in all events where the mother W boson is on-shell, the transverse mass
of the lepton is limited by the mass of the W boson. It therefore makes sense that the
peaks in the mT,3 distributions fall off at around the W mass of approximately 80 GeV.
Interestingly, the peak in the mT,3 distribution is slightly broader towards lower mT and
not as tall for the heavier neutrino masses. This is not easy to see from figure 6.4, so we
make a new plot with only the mT,3 distributions for each heavy neutrino mass. This
plot is shown in figure 6.5. We see that with a bin width of 5GeV , the tallest bin of the
distribution for mN = 200 GeV is around 20% taller than the tallest bin for mN = 1200
GeV, while the distribution for mN = 1200 GeV is around twice as high as mT,3 goes to
zero. That the distributions for larger mN are higher towards low mT values means that
in these models, it is less likely that a large fraction of the momenta of l3 and the final
state neutrino are in the transverse direction.

Since the transverse mass distribution of l3 is quite easily distinguishable from the
other two leptons, this is a promising variable for identifying l3 when we do not have the
information about the true vertex of origin.

In figure 6.6, we show the distribution of the ∆φ between each of the three charged
leptons and the missing transverse energy in each event. We see that the shapes of the
distributions change significantly with the heavy neutrino mass. We call the ∆φ of li
and the missing transverse momentum vector ∆φi. For mN = 200 GeV, ∆φ1 and ∆φ2
have very similar distributions, which increase almost linearly towards large values of ∆φ.
Meanwhile, ∆φ3 has a more symmetrical distribution, but it is slightly skewed towards
lower values. When mN increases, we see some clear trends in how the distributions



6.2. MAJORANA MODEL 75

0 0.5 1 1.5 2 2.5 3
φ∆

50

100

150

200

250

300

350

N
um

be
r 

of
 e

ve
nt

s

1
φ∆

2
φ∆

3
φ∆

(a) mN = 200 GeV

0 0.5 1 1.5 2 2.5 3
φ∆

100

150

200

250

300

350

400

450

500

N
um

be
r 

of
 e

ve
nt

s

1
φ∆

2
φ∆

3
φ∆

(b) mN = 400 GeV

0 0.5 1 1.5 2 2.5 3
φ∆

200

400

600

800

1000

N
um

be
r 

of
 e

ve
nt

s

1
φ∆

2
φ∆

3
φ∆

(c) mN = 800 GeV

0 0.5 1 1.5 2 2.5 3
φ∆

200

400

600

800

1000

1200

1400

N
um

be
r 

of
 e

ve
nt

s

1
φ∆

2
φ∆

3
φ∆

(d) mN = 1200 GeV

Figure 6.6: The distributions of ∆φi, defined as the ∆φ of the signal lepton li and the
missing transverse momentum vector, for different heavy Majorana neutrino masses mN .
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Figure 6.7: Two examples of the event geometry in the production and leptonic decay
of a heavy Majorana neutrino. Both diagrams are shown in the transverse plane of the
collider reference frame. The direction and length of arrows represent the velocities of
the particles projected onto the transverse plane. In the left diagram, the heavy neutrino
N has a mass that is not much larger than the mass of the W , while in the diagram to
the right, mN � mW .

change. The distribution of ∆φ3 shifts more and more towards zero, and for mN = 1200
GeV, almost all events have ∆φ3 < 0.5. The distribution of ∆φ2, on the other hand,
shifts towards the maximum of ∆φ = π, and most events have ∆φ2 > 2 for mN = 1200
GeV. The distribution of ∆φ1 appears to become flatter for higher neutrino masses,
although it is still slightly skewed towards large values for mN = 1200 GeV. We can
explain all of these effects by looking at the geometry of the events. In figure 6.7 we
show representative examples of the event geometry for the case of relative small mN

(say mW < mN < 300 GeV) and for the case of large mN (mN > 1000 GeV). In the
figure, the arrows show the direction of motion of the different particles, and the lengths
of the arrows indicate the speed of the particle in the collider frame. The plane of view
in the figure is the transverse plane, so it is more accurate to say that the arrows are the
projection of the particle velocities in the transverse plane. This means that the angle
between two arrows in the figure correspond to the difference in φ of the two particles,
and when the two particles are li and ν it is exactly ∆φi. Since the partons of the protons
have negligible momentum in the transverse direction, and momentum is conserved, the
virtual W ∗ boson will be approximately stationary in the transverse plane, as is indicated
by the points in figure 6.7. Then, to conserve momentum, the heavy neutrino and l1
must be back-to-back in the transverse plane and have the same transverse momentum.
For the same W ∗ invariant mass and polar angle of the neutrino in the W ∗ frame, the
neutrino (N) with lower mass will get a higher transverse velocity, both because the
transverse momentum becomes larger1 and because the velocity for a given momentum
is larger for a particle with lower mass. Although the lighter heavy neutrino might not
get the larger transverse velocity in some single pair of events where the W ∗ invariant

1It is easy to show that in the W ∗ frame the transverse momentum of the heavy neutrino when
neglecting the mass of l1 is pT =

W2−m2
N

2W
sin θ, where W is the invariant mass of the off-shell W ∗

boson and θ is the polar angle of the neutrino in this frame. Since the boost to the collider frame is
perpendicular to the transverse plane, this is also the transverse momentum in the collider frame.
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mass and neutrino polar angle are different, it will be true when averaging over many
events. To indicate this, the neutrino in the left diagram has a longer arrow than on the
right. A consequence of this is that the reference frame of the neutrino is in general more
boosted in the transverse direction for lower masses. We know that the more boosted a
particle is, the more ”forward” its daughters become, meaning that they tend to move in
the same direction as the mother with a small angle between them in the collider frame.
For mN ≈ 200 GeV, the daughter W boson will also get a relatively high velocity, and
therefore l3 and ν will have a relatively small angle between them. This now explains
all the features of the plot in figure 6.6a. The ∆φ of l1 tends to be large because l1 is
back-to-back with the heavy neutrino in the transverse plane, and for mN ≈ 200 GeV,
the ∆φ between ν and N tends to be smaller than 90 degrees. Because the on-shell W
gets a relatively large velocity, the final state neutrino (or missing energy) will tend to
move in the same direction as the W , and the angle between l3 and ν tends to be small.
This explains why the distribution of ∆φ3 is skewed towards low values. Finally, since
the heavy neutrino’s frame is slightly boosted compared to the collider frame, the angle
between l2 and the W boson (and therefore also the SM neutrino) is smaller than 180
degrees, which is why ∆φ2 is not always close to π, but has a relatively large tail towards
lower values.

Now, in figure 6.7b, we see what happens when the heavy neutrino mass is so large
that the heavy neutrino will almost always get a very low transverse velocity. Then the
collider frame and the heavy neutrino frame are approximately the same. Therefore, l2
and W will be almost exactly back-to-back in the transverse plane, and their φ (not
∆φ) will be approximately uniformly distributed. For large mN , the W boson is more
boosted, so both the SM neutrino and l3 will move in the same direction as the W boson.
This explains why ∆φ3 tends towards 0 as mN increases, while ∆φ2 tends towards π.
And when the centre of mass frame of the heavy neutrino is approximately equal to the
collider frame, the l2 and W can together be rotated in an arbitrary direction, which is
why the distribution of ∆φ1 becomes more uniform.

In figure 6.8, we show the distributions of the invariant masses of the three pairs
of signal leptons in each event. We label the invariant mass of l1 and l2 as mll,1, the
invariant mass of l1 and l3 as mll,2 and the invariant mass of l2 and l3 as mll,3. We see
that the three distributions get wider and their centres move to larger values when the
heavy neutrino mass is increased. This is expected, since all three leptons are more
energetic on average when mN is larger. For all mN values, the distribution of mll,1 has
the largest tail towards high values, which makes sense because both l1 and l2 tend to be
very energetic. The distribution of mll,2 has almost the same shape as the one of mll,1 for
mN = 200 GeV, but when mN increases, the mll,2 distribution shifts to the left compared
to the other two. This is connected to what we saw in figure 6.2; that for the lowest heavy
neutrino masses, l1 is approximately as energetic as l2, while for larger mN , l2 becomes
the most energetic of the leptons. Since mll,2 is the only invariant mass not involving l2,
it makes sense that it becomes smaller compared to the others. Finally, the distribution
of mll,3 has a very distinct shape in all four plots. It has a higher peak than the other two
distributions, and a sharp edge towards larger invariant masses. This can be explained
by the fact that the invariant mass of l2 and l3 is almost the same as the invariant mass
of the heavy neutrino, since it only misses the contribution from the final state neutrino.
Therefore, since the heavy neutrino is on-shell, mll,3 must be smaller than mN , and the
difference between these two values is due to the energy carried by the neutrino. This
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Figure 6.8: The distributions of the invariant mass of the three pairs of signal leptons in
each event for different heavy Majorana neutrino masses mN . Here, mll,1 is the invariant
mass of leptons l1 and l2, mll,2 is the invariant mass of l1 and l3 and mll,3 is the invariant
mass of l2 and l3.
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Figure 6.9: The distributions of the invariant mass of the three leading signal leptons in
each event for different heavy Majorana neutrino masses mN .

effect is reminiscent of the effect that lead to the first evidence of the existence of the
SM electron neutrino from the energy spectrum of beta-decay electrons, which has a
similar edge due to the energy carried by the neutrino. We see that the edges of the
mll,3 distributions line up very well with mN in each plot, which fits with this explanation.

In figure 6.9 we show the distributions of the invariant mass of the combination
of all three charged leptons, which we call m3l, in each event. Since this does not include
the neutrino, it is a variable that can be measured experimentally. On the other hand,
not taking the neutrino into account means that this three-lepton invariant mass does
not have direct physical meaning. It does however give some indication of how much
mass and/or energy is present in an event. In fact, we can clearly see this from the figure.
For each heavy neutrino mass, the peak of the invariant mass distribution is quite close
to mN . Therefore the invariant mass of the three leptons can be used to get information
about the mass of the heavy neutrino. We notice that as well as being shifted towards
larger invariant masses, the distributions also become broader and more symmetrical for
larger heavy neutrino masses.

Figure 6.10 shows the invariant mass of only lepton l2 and l3, and the final state
neutrino. We call this invariant mass mllν . This variable is impossible to calculate from
experimental data, since it requires knowledge of the full momentum of the neutrino,
while only the transverse component can be measured. If this variable could be calculated
it would be very useful, because it has a clear physical significance, in contrast to the
invariant mass of the three charged leptons. The reason for this significance is that the
three particles included in this invariant mass are exactly the three decay products of
the heavy neutrino in the final state. This means that their combined invariant mass
should equal the mass of the neutrino, giving very clear resonances. This is exactly what
we see in figure 6.10, where there are very clear peaks right at the respective mN values.
These distributions of mllν could also be used to measure the decay width of the heavy
neutrino, from the width of the peaks.



80 CHAPTER 6. TRUTH ANALYSIS

0 200 400 600 800 1000 1200 1400 1600
 [GeV]llvm

0

200

400

600

800

1000

1200

1400

1600

1800
N

um
be

r 
of

 e
ve

nt
s

=200 GeVNm

=400 GeVNm

=800 GeVNm

=1200 GeVNm

Figure 6.10: The distributions of the invariant mass of the signal leptons l2 and l3, and
the final state neutrino ν, for different heavy Majorana neutrino masses mN .

A variable that is similar to mllν , but can be calculated from experimental meas-
urements, is the transverse mass of the same set of particles, mT,23. The distributions
of mT,23 are shown in figure 6.11. As noted in section 4.1, the transverse mass of three
particles will have an upper limit at the invariant mass of the three particles. We therefore
expect these distributions to have a wide peak at lower invariant masses, and a sharp
edge at the respective heavy neutrino masses, which are equal to the invariant mass of
the three particles. This is more or less what we see in figure 6.11. For all four heavy
neutrino masses, the distributions have a peak at around half of mN , and fall off to zero
at very close to mN , as expected. It appears that the peak of the distribution moves
slightly towards lower values relative to mN and that the downward slope towards mN

becomes relatively less steep for larger heavy neutrino masses. These plots show that
mT,23 can be used to estimate the mass of the heavy neutrino, by looking at the point
where the distribution drops towards zero, but this might be less accurate for larger mN ,
when the edge of the peak seems to become less sharp. The accuracy with which mN

can be determined from these distribution in a real experiment is also limited by the
momentum and energy resolutions of the detector, since worse resolution would make
the edges even less sharp.

In figure 6.12, we show the distributions of the missing transverse energy in each
event. This should be equal to the transverse energy/momentum of the final state
neutrino ν, as long as there are no other significant contributions to missing energy. We
see that the missing energy tends to become larger for larger mN , which is again a result
of the events becoming more energetic on average.

Although the tree-level signal process shown in figure 5.4 has only leptons in the final
state, our simulated events can also contain quarks and/or gluons in the final state, which
result in hadronic jets after hadronisation. The origin of these quarks and gluons can be
either NLO radiation processes like the one shown in the top diagram of figure 5.6, or
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Figure 6.11: The distributions of the transverse mass of the signal leptons l2 and l3, and
the final state neutrino ν, for different heavy Majorana neutrino masses mN .
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Figure 6.12: The distributions of the missing transverse energy Emiss
T in each event for

different heavy Majorana neutrino masses mN .
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Figure 6.13: The distributions of the number of signal jets passing the cuts in each event
for different heavy Majorana neutrino masses mN .

the hadronic decay of a signal tau lepton. To label a jet as a signal jet, we require that
it passes the cuts pT > 20 GeV and |η| < 2.5. The distributions of the number of such
signal jets in each event are shown in figure 6.13. We see that unlike the distributions
of number of signal leptons, the number of signal jets tends to increase with the heavy
neutrino mass. For mN = 200 GeV, almost half the events have no jets, and only a little
over 1 000 events have more than one jet. For mN = 400 GeV, there are less events with
no jets, and in this case there is approximately the same number of events with zero jets
as events with one jet. For the two largest mN , the most common number of jets in an
event is one, and more than a third of the events have more than one jet. The reason
why there tend to be more jets for higher mN is probably also due to the higher energy
in the events, which might increase the chance of QCD radiation, and cause more than
one jet to be formed from each radiated quark or gluon.

In figure 6.14, we show the distributions of the number of signal b-jets in each event.
B-jets are jets that originate from a b quark, which can be identified in experiments
using the properties of B hadrons [65]. Since we have the truth information from the
MC simulation, we know exactly which jets are b-jets, and so signal b-jets are simply the
b-jets that pass the same cuts as the regular jets. We see that there are very few b-jets
in all four simulations. The number of events with b-jets increases slightly for the larger
heavy neutrino masses, but it does not get larger than around 100. For mN = 1200 GeV,
there is around one event that has three b-jets, which is the largest number of b-jets in
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Figure 6.14: The distributions of the number of signal b-jets passing the cuts in each
event for different heavy Majorana neutrino masses mN .
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Figure 6.15: The distributions of the hadronic activity hT of all leptons and jets that
passed the cuts in each event for different heavy Majorana neutrino masses mN .

any of the events.

In figure 6.15, we show the distributions of the hadronic activity hT , given by the scalar
sum of the transverse momenta of all the signal leptons and signal jets in each event.
We see that these distributions are very similar to the distributions of the invariant
mass of the three leading signal leptons shown in figure 6.9. The hT distributions also
become wider and move to larger values for higher mN , and the distributions become
more symmetric. The peaks of the distributions are also located at approximately the
same values as in the m3l distributions, which is around the heavy neutrino mass. This
might not be that surprising, since we expect the leptons to carry most of the transverse
momentum in each event, and since the leptons have negligible masses the scalar sum of
their pT is equal to the sum of their (transverse) energies. If the vector sum of the three
leptons’ transverse momenta is zero, we see from equation 4.16 that the sum of their
transverse energy is equal to the transverse mass of the three leptons. However, we know
that the vector sum of the three lepton transverse momenta is not zero, but approximately
equal to the missing transverse momentum, due to conservation of transverse momentum.
Therefore the transverse mass of the three leptons is smaller than the scalar sum of their
pT by approximately this contribution from Emiss

T . It is therefore natural that the scalar
sum of pT is approximately equal to the invariant mass, which we know is also slightly
larger than the transverse mass.

In the model we use, the heavy Majorana neutrino couples equally to both signs of any of
the charged leptons. This means that we expect approximately the same number of events
where l1 and l2 have the same sign (SS) as events where they have opposite sign (OS).
If lepton number was conserved, l1 and l2 would be forced to be OS, so the possibility
of this pair being SS is a unique signature of a Majorana type neutrino. To verify that
the heavy Majorana neutrino breaks lepton number conservation in approximately half
of the events, we plot the product of the charges of l1 and l2 in units of the elementary
charge. This product being equal to −1 is equivalent to l1 and l2 being OS, while when
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Figure 6.16: The distributions of the product of the charges of l1 and l2 in each event for
different heavy Majorana neutrino masses mN . This shows whether the leptons have the
same charge (+1) or the opposite charge (−1).

the product is +1 the lepton pair is SS. The plots of the charge products are shown in
figure 6.16. In the figure we see that the number of events with OS and SS l1 and l2 is
approximately equal for all the heavy neutrino masses, as expected. However, there seems
to be a slight excess of events with OS leptons, in particular for the masses mN = 800
GeV and mN = 1200 GeV. To find out whether the excess is significant, we can compute
the probability of seeing this excess if each event does have an exact 50% probability of
both SS and OS, and that the choice is made independently in each event. If we assume
this to be the case, the probability of seeing x events with OS will follow a binomial
distribution with success rate p = 1/2:

P (X = x) =

(
n

x

)(
1

2

)n

, (6.3)

where n is the total number of events. Although we can not know for certain without
knowing the exact inner workings of MadGraph, the choice of sign for the leptons is most
likely made using its pseudo-random number generator, and in a good pseudo-random
number generator there is very little correlation between consecutive values. Therefore
the use of the binomial distribution should be justified. However, for each simulation of
10 000 events we use the same seed for the random number generator in MadGraph, and
we can therefore expect some correlations between the four simulations. We therefore
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Table 6.1: The number of events x where the leptons l1 and l2 have opposite sign out of
the n events that were simulated and passed cuts for each heavy neutrino mass value.
The last column gives the probability of seeing this many opposite sign events or more,
assuming that x follows the binomial distribution (6.3).

mN [GeV] n x P (X ≥ x)

200 7 523 3 772 0.41
400 7 757 3 886 0.44
800 8 218 4 176 0.07
1200 8 329 4 221 0.11

look at each of the four simulations separately. To find out whether the deviations from
equal numbers of OS and SS events for each simulation are significant we need to sum
the distribution (6.3) from the observed X = x numbers of OS events to X = n, to find
the probabilities of getting that many OS events or more by random chance. The values
of n, x and P (X ≥ x) for each simulation are given in table 6.1. The values of x have
to be rounded to the nearest whole number, because the MC event weights cause the
number of entries in the histogram bins to not be whole numbers. In table 6.1, we see
that the excesses in OS events for mN = 200 GeV and mN = 400 GeV are not significant,
as there is more than 40% chance of getting this many OS events or more by chance. The
excesses for mN = 800 GeV and mN = 1200 GeV are more significant, but still not to
the extent that it could not happen by chance. It is interesting that all four simulations
have an excess of OS events. The reason for this might be the previously mentioned
fact that we used the same seed for the MC simulations, and that this introduced some
correlation in the choice of signs between the four simulations. Another interesting thing
to note is that when only counting unweighted events, the excess becomes less significant.
For mN = 800 GeV, 4 164 out of the 8 218 events have OS leptons when not applying the
event weights. This gives a probability P (X ≥ 4 164) ≈ 0.11. For mN = 1200 GeV, 4
213 out of the 8 329 events have OS lepton, which also increases the probability compared
to the weighted case. Now we get P (X ≥ 4 213) ≈ 0.15. This means that in both of
these simulations, the OS events for some reason get have higher average event weights,
which contributes to the excess seen in figure 6.16 and table 6.1. It is reasonable to
conclude that the choice of OS or SS leptons is in fact 50/50 as we expect from the model,
and that the MC simulations work correctly, within expected statistical fluctuations.

6.3 Pseudo-Dirac model
Since the pseudo-Dirac model that we use has the exact same Lagrangian as the Majorana
model, the kinematics of the signal process will be the same for the case of a pseudo-Dirac
heavy neutrino with the same masses and mixing parameters. We will therefore not look
at all the kinematic distributions for the pseudo-Dirac model. However, we know that
one difference between the two models is that the pseudo-Dirac heavy neutrino should
conserve lepton number. This means that the charges of l1 and l2 in figure 5.4 must
have opposite signs. The only distribution we will show for the pseudo-Dirac model is
therefore the distribution of the product of the charges of l1 and l2, to verify that they in
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(d) mN = 1200 GeV

Figure 6.17: The distributions of the product of the charges of l1 and l2 in each event for
different heavy pseudo-Dirac neutrino masses mN . This shows whether the leptons have
the same charge (+1) or the opposite charge (−1).

fact have the opposite sign. The distributions for mN = 200, 400, 800 and 1200 GeV are
shown in figure 6.17. We see that as expected, all the events have a product of charges
equal to −1, which is equivalent to l1 and l2 having opposite charge.

6.4 Identifying the lepton vertices of origin

In this section, we want to use what we learned in section 6.2 to develop a method to
identify the vertex of origin for the three leptons in a signal event of the Majorana or
Dirac model, using only variables that are measurable in collider experiments. We use
the notation of figure 5.4 to refer to the correct identification for the leptons; l1 is the
lepton from the production vertex of the heavy neutrino, l2 is the lepton from the decay
vertex, and l3 is the lepton from the decay of the W boson. An efficient method for
identifying l1, l2 and l3 in experiments can be useful in several ways. First of all, it can
increase the sensitivity of the experiment to the pseudo-Dirac model, since it would allow
us to perform a cut requiring that the charge of the leptons identified as l1 and l2 must
be opposite. A similar idea could also be used to identify the Majorana or pseudo-Dirac
nature of the heavy neutrino, by counting both the number of events where l1 and l2
have the opposite charge and where they have the same charge. If the heavy neutrino
is of pseudo-Dirac type we expect an excess of the first type of events, but the number
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of same charge events should match the expectation from the background. If it is of
Majorana type, on the other hand, we expect to see an excess of both kinds of events
compared to the background expectation.

An important thing to note is that for both of these applications we only need to
know the product of the charges of l1 and l2. We therefore do not need to identify both
of them precisely, since it will suffice to know which pair of leptons is the pair l1 and l2.
One way to identify the correct pair of l1 and l2 could therefore be to instead identify l3
in each event, and assume that the other two leptons with the highest pT are l1 and l2.
Another idea could be to try to identify the pair of leptons l1 and l2 out of the three
leading leptons. With all this in mind, there are a few kinematic variables that appear to
be good candidates for lepton identification. There is the transverse momentum, which
as we saw in figure 6.2 tends to be largest for l2 and l1, especially for larger neutrino
masses. Another promising variable is the transverse mass, since as we saw in figure 6.4,
the transverse mass of l3 has a sharp edge at the W mass, while mT,1 and mT,2 tend to
be much larger. There is also the ∆φ between each lepton and the missing transverse
momentum vector, which tends to be smallest for l3, particularly for larger mN . We
also saw in figure 6.8 that the pair l1 and l2 has very large mll values in some events,
so we might be able to use the maximum mll of all three pairs of leptons to identify
the pair we are looking for. Finally, we could try to use some combination of several
of these variables. In particular, since both pT , mT and ∆φ tend to be smallest for l3,
it is tempting to try to order the leptons by something like mT ×∆φ, with the goal of
creating a variable that has an even higher chance of being smallest for l3. To test all
of these options, we use the same MC samples of Majorana models that we studied in
section 6.2, and compare each method to the truth information. For this analysis, we
include all events with at least three leptons that fulfill pT > 5 GeV and |η| < 2.5 (unlike
in section 6.2 we do not require that the three leading leptons are l1, l2 and l3, since this
cut can not be done in experiments). The results of the analysis in terms of the success
rate of each identification method are given in table 6.2. For all variables except mll, the
identification method we used was to order the three leading leptons in each event by
the given variable, and identify l3 as the lepton with the smallest value of the variable.
The leptons l1 and l2 are then assumed to be the other two of the leading leptons, and
the identification is called a success regardless of the order of l1 and l2. For mll, the pair
among the three leading leptons with the largest value of mll was identified as the l1 and
l2 pair.

We see that out of the three variables pT , mT and ∆φ, it is mT that is best for
identification. It is approximately as efficient as pT and more efficient than ∆φ for small
mN , and much more efficient than pT and slightly more efficient than ∆φ for large mN .
The mll method performs very poorly, as it does not even have a success rate of 1/3,
meaning that the other two lepton pairs are more likely to have the largest mll than
l1 and l2 are. But the variable that performed best for every model out of the ones
we tested is the product pT × ∆φ. That this product has a higher success rate than
both pT and ∆φ on their own must mean that there is some correlation between the
leptons’ values of pT and ∆φ. For example, it could be that in events where l3 has a
relatively large pT it tends to have particularly small ∆φ, such that the product of the
two is smaller than the same product for both l1 and l2. To test this, we can plot the
two dimensional distributions of the pT and ∆φ of l3 in the Majorana model. These are
shown in figure 6.18. We see that in fact there seems to be a small negative correlation
between pT,3 and ∆φ3, indicated by the negative slope of the yellow regions in some
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Table 6.2: The success rates of our identification methods for the lepton vertices of origin
for Majorana models with different mN . For all the variables except mll, the lepton with
the lowest value of the given variable is assumed to be l3, and the other two are assumed
to be l1 and l2. For mll, the lepton pair with the largest mll is assumed to be l1 and l2.
In all cases, the identification is counted as a success as long as l3 is identified correctly,
and the pair l1 and l2 are identified correctly, without needing to distinguish between
the two.

mN = 200 GeV mN = 400 GeV mN = 800 GeV mN = 1200 GeV

Variable Success rates

pT 0.65 0.70 0.69 0.66
mT 0.65 0.82 0.90 0.93
∆φ 0.52 0.75 0.86 0.90
mll 0.26 0.24 0.25 0.27

pT ×∆φ 0.67 0.84 0.91 0.93
mT ×∆φ 0.59 0.80 0.89 0.92

0 50 100 150 200 250
 [GeV]

T
p

0

0.5

1

1.5

2

2.5

3

φ∆

0

10

20

30

40

50

60

(a) mN = 200 GeV

0 100 200 300 400 500
 [GeV]

T
p

0

0.5

1

1.5

2

2.5

3

φ∆

0

10

20

30

40

50

60

(b) mN = 400 GeV

0 100 200 300 400 500 600 700 800 900
 [GeV]

T
p

0

0.5

1

1.5

2

2.5

3

φ∆

0

20

40

60

80

100

120

(c) mN = 800 GeV

0 200 400 600 800 1000 1200 1400
 [GeV]

T
p

0

0.5

1

1.5

2

2.5

3

φ∆

0

20

40

60

80

100

120

(d) mN = 1200 GeV

Figure 6.18: The distributions of the transverse momentum versus the ∆φ of l3 for
different heavy Majorana neutrino masses mN .
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Table 6.3: The mass values of the heavy Majorana neutrino and the right-handed W
boson that were used in our simulations of the Keung-Senjanović process.

Model number mN [TeV] MWR
[TeV]

1 1.5 3

2 2 3

3 4 5

4 4.5 5

5 4 6

6 5 6

of the plots in figure 6.18. The negative correlation does not seem to be as strong for
mN = 200 GeV, which might explain why the pT ×∆φ method performs the worst for
this model.

The same correlation effect does not seem to apply to the variable mT ×∆φ, which
performs worse than mT alone in all models. This is not surprising, since as we saw
in section 4.1, mT is an increasing function of ∆φ, meaning that we expect a strong
positive correlation between the two. Therefore events in which l3 has unusually large
mT it will tend to also have large ∆φ, and so the product of the two can more easily be
larger than the same product for the other two leptons.

We also tried a few other combinations of these variables such as (mT + pT )×∆φ
and mT × pT ×∆φ, but none of these gave better results than pT ×∆φ. We therefore
conclude that the best method for identifying the pair of leptons l1 and l2 is to choose
the two leptons out of the three with largest pT that have the largest value of pT ×∆φ.
This method has a success rate of around 2/3 for the smallest neutrinos mass we tested,
mN = 200 GeV, and the success rate improves drastically for larger masses. For masses
of 800 GeV or more, the success rate is above 90%.

6.5 Left-right symmetric model

Finally, we will study the kinematics of the Keung-Senjanović process in the framework
of the LRSM. We again let

√
s = 13.6 TeV, and perform MC simulations at NLO in

QCD. We use the assumption that the right-handed neutrino mixing matrix is diagonal,
and assume that N1 is much lighter than the other right-handed neutrinos, such that
it is the only one that contributes to the process. This right-handed neutrino then
couples only to the electron through the right-handed charged current interaction, so
we will only have electrons as the two signal leptons l1 and l2. We perform six different
simulations with different WR and heavy Majorana neutrino masses, and generate 10
000 events for each of these. The mass values used are shown in table 6.3, along with
the model number that we will use to refer to them by. Models 1 and 2 are excluded
under the assumption that the right-handed weak coupling of the WR boson is the same
as the SM weak coupling from a study using data from the ATLAS detector from Run
2 of the LHC [61]. We still include these models, because we hope to put upper limits
on the right-handed weak coupling in these models. The four other models are just
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outside of the current excluded region of masses, and are therefore of special interest.
In all six cases, the heavy neutrino mass is smaller than MWR

, meaning that the first
WR boson in the Feynman diagram will be on-shell. At the same time, mN is never
smaller than MWR

/2, meaning that we do not enter the regime where the jets from
the WR decay will be collimated. In SimpleAnalysis, we implement cuts on leptons
of pT > 5 GeV and |η| < 2.5, and cuts on jets of pT > 20 GeV and |η| < 2.5. Then
only events with at least two remaining signal leptons and two signal jets are kept, and
the two leading leptons and two leading jets are also required to be the ones from the
tree-level signal process. After these cuts, the number of remaining events is between 8
871 (model 4) and 9 182 (model 2). We begin the analysis by plotting the number of
signal leptons, jets and b-jets in each event. These distributions are shown in figures
6.19–6.21. We see that just like in the models without WR, the number of signal
leptons is not affected much by changing the new particles’ masses. In all models, most
events have two signal leptons, while between 1 000 and 2 000 events have three signal
leptons, and less than 1 000 events have four leptons. The maximum number of signal
leptons is eight, which occurs in a few events in models 3, 4 and 5. From the other two
figures we see that the number of signal jets and b-jets also do not change that much
between these simulations. For each model, the distribution of the number of signal jets
has a peak at three jets, with a few thousand events having this number of signal jets.
The distributions then decrease gradually as the number of signal jets increases. For
all models, there are tens of events that have ten signal jets or more. The maximum
number of jets in one event is 15, which occurs a few times in model 6. From figure
6.21, we see that a very small fraction of the jets are b-jets. In all models, over half
the events have no signal b-jets, while between 1 000 and 2 000 events have one or
two b-jets. The maximum number of b-jets in an event is five, occurring in models 3 and 4.

In figure 6.22, we show the transverse momenta of l1 and l2, but ordered by their pT .
We call these transverse momenta p′T,li, to distinguish them from the pT of li, which we
call pT,li. These distributions have some very interesting features, and to understand
them we need to think about the kinematics of this specific process. In the case when
both the first WR boson and the heavy neutrino are on-shell, the transverse momentum
of l1 has a maximum allowed value that depends only on the masses of WR and N . To
see this, we find the four-momenta of the WR boson and its decay products in the WR

centre of mass frame. The four-momentum of the WR boson in its centre of mass frame
is trivial:

pµW = (MWR
, 0, 0, 0) . (6.4)

To get the maximum possible transverse momentum for l1, we want it to move only in
the transverse direction. We choose its momentum to point along the x-axis. Then the
four-momenta of l1 and N in the WR frame can be written as

pµl1 = (pl1, pl1, 0, 0)

pµN =

(√
m2

N + p2l1,−pl1, 0, 0
)
,

(6.5)

where we used that the mass of l1 is negligible, and we call the magnitude of its momentum
pl1. Conservation of energy gives

MWR
=
√
m2

N + p2l1 + pl1, (6.6)
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Figure 6.19: The distributions of the number of signal leptons in each event for the
different simulated LRSM models.
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Figure 6.20: The distributions of the number of signal jets in each event for the different
simulated LRSM models.
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Figure 6.21: The distributions of the number of signal b-jets in each event for the different
simulated LRSM models.
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Figure 6.22: The distributions of the transverse momenta of the two leading signal
leptons in each event, ordered by pT , for the different simulated LRSM models.
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Table 6.4: The maximum transverse momenta of the lepton from the production vertex
of the heavy neutrino (the one labelled l1 in the Feynman diagram of figure 5.5) that
are kinematically allowed when both the WR boson and the heavy neutrino are exactly
on-shell. The maximum depends on the masses of the WR and N , and therefore vary
between models.

Model number pmax
T,l1 [GeV]

1 1 125
2 833
3 900
4 475
5 1 667
6 917

which can be solved for pl1 to give

pl1 =
M2

WR
−m2

N

2MWR

. (6.7)

As we argued in section 6.2, the centre of mass frame of the WR boson is related to the
collider frame by a boost in only the z direction, due to the negligible transverse momenta
of the partons. Therefore equation 6.7 gives the maximum transverse momentum of l1 in
the collider frame as well. If we call the mass difference between the WR boson and the
heavy neutrino ∆m, we have the relation (assuming mN < MWR

, which is the case in all
our simulations)

mN =MWR
−∆m. (6.8)

Then equation (6.7) can be written as

pmax
T,l1 =

(2MWR
−∆m)∆m

2MWR

= ∆m

(
1− ∆m

2MWR

)
. (6.9)

From this expression, we see that if ∆m� 2MWR
, then

pmax
T,l1 ≈ ∆m. (6.10)

This shows that when the difference between the masses of the WR boson and the heavy
neutrino is small compared to the WR mass, the maximum possible transverse momentum
of l1 will be approximately equal to the mass difference. Using equation (6.9), which
holds for any mass difference, we can compute pmax

T,l1 for each of the six models. The
results are shown in table 6.4. Comparing the values in the table with the plots in figure
6.22, we see that the values explain many features of the pT distributions. A consequence
of the upper limit on the transverse momentum of l1 is that p′T,l2 can never be larger
than pmax

T,l1 , since then both leptons must have pT above the limit. We see that in all the
plots, the distribution of p′T,l2 does in fact stay almost exclusively beneath the respective
upper limit. There are some events where the distribution is slightly above the limit, and
this is probably caused by the fact that the particles are never perfectly on-shell, but
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their invariant mass follows a distribution with finite width. We also see that in each plot
one of the two distributions or both have a clear edge around the value of pmax

T,l1 . This
shows that in many of the events, the transverse momentum of l1 is very close to the
upper limit. For models 1 and 2, it is p′T,l1 that has the clearest edge around pT = 1125
GeV and pT = 833 GeV respectively, meaning that in these models l1 tends to be the
lepton with the highest pT , even though the transverse momentum of l2 has no upper
limit. In model 3, both distributions have peaks with edges at around 900 GeV, so here
l1 can have either larger or smaller pT than l2, with approximately the same probability.
From the relatively large tail of the p′T,l1 distribution, we see that in a significant number
of events the pT of l2 is much larger than that of l1. In model 4, the WR mass is the
same as in model 3, meaning that the energy of the events are approximately the same,
but here the upper limit on pT,l1 is only 475 GeV, as seen in table 6.4. We see that this
causes l1 to almost always have the smallest pT , which gives a very clear edge in the
P ′
T,l2 distribution around 475 GeV. The transverse momentum of l2 on the other hand

can get larger than 2 TeV in some events. Model 5 has the largest pmax
T,l1 , and we see that

the pT distributions are very similar to the ones in model 2, only moved towards larger
values. Due to the large WR mass in model 5, the events are more energetic which gives
larger pT on average, but since the upper limit on pT,l1 is so large, l1 still tends to be the
leading lepton in the events. The distributions of model 6 are relatively similar to those
in model 3, which also makes sense since pmax

T,l1 is slightly larger in model 6 than model 3,
but MWR

is also larger. So in model 6, we see that l1 again can have either larger or
smaller pT than l2, but it seems slightly more likely to be smaller in this case. From all
the plots in figure 6.22, we see a promising way of determining a relationship between
the masses of WR and N in an experiment. If the distributions of p′T,li show a clear edge,
the approximate pT value of this edge can be inserted into equation (6.7) to get a value
for the squared mass difference divided by the WR mass. In particular, if either MWR

or
mN is already known, this method can be used to determine the other mass.

Finally, we note that in figure 6.22 and many of the following figures it appears that
the simulations of models 5 and 6 have much lower statistics than the other four, as their
distributions fluctuate a lot. This is again connected to the difficulties of simulating
events with very high masses, as we also saw when computing the cross sections of models
5 and 6. In particular, we note that for models 5 and 6, as much as 30% of events get
negative weights from the MC simulation, while model 1, for example, has less than 5%
negative weights. As mentioned in section 5.1, a large fraction of negative weights causes
a decrease in statistics. To get similar results for models 5 and 6 as for the other four
would therefore require simulating more events.

In figure 6.23, we show the transverse momenta of the two leading jets in each
event ordered by their pT . Neither of the jets have any upper limit on their transverse
momentum, like l1 does, and we see that the distributions are therefore not as sensitive
to changes in the heavy neutrino mass. It is the mass of the WR that is most directly
linked to the energy of the events, since it is the heaviest particle that is being produced.
We therefore see that both p′T,ji distributions are shifted towards larger values when
the WR mass increases. But within the pairs of models that have the same MWR

, the
distributions have very similar shapes, while extending only slightly more towards larger
values in the models where mN is larger. For example, comparing models 1 and 2, we
see that in model 1, the second jet never has a pT greater than around 750 GeV, while
in model 2 it extends to around 900 GeV. Interestingly, in all the models, the first bin
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Figure 6.23: The distributions of the transverse momenta of the two leading signal jets
in each event, ordered by pT , for the different simulated LRSM models.
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of the p′T,l2 distribution is very low, which is probably due to the pT cut of 20 GeV on
jets. Then the second bin is the highest or one of the highest in the entire distribu-
tion, meaning that the second jet has relatively low transverse momentum in many events.

In figure 6.24, we show the ∆φ between l1 and l2, and between j1 and j2. We
call these ∆φll and ∆φjj respectively. Comparing the distributions in model 1, where
the relative difference between the masses of WR and N is the largest, to those in model
4, where the relative difference is smallest, we see something interesting. It seems like
when the mass difference is large, ∆φjj is approximately uniformly distributed, while
∆φll is skewed towards large values, while when the mass difference is small, ∆φjj is
skewed towards large values and ∆φll is approximately uniformly distributed. This can
be explained using similar geometric arguments as we used in section 6.2 for the process
with only SM W bosons and leptonic decay. When the mass difference between WR and
N is large (and in particular large compared to MWR

), we see from equation (6.7) that
the heavy neutrino will get a sizeable momentum compared to its mass. Therefore the
heavy neutrino is boosted in the transverse direction, and its decay products will tend
to move in the same direction as it, which explains why ∆φll tends to be large in this
case. Now, the W ∗

R boson coming from the heavy neutrino decay can in principle have
any invariant mass that is less than mN , since it is off-shell. We also know that a large
invariant mass means that the W ∗

R gets a small velocity, while a small invariant mass gives
a large velocity. The W ∗

R therefore gets an arbitrary amount of boost in the transverse
direction, which explains why the two jets have an almost uniform distribution of ∆φ.
In the case when the mass difference between WR and N is small compared to MWR

, we
know that N gets a maximum transverse momentum that is approximately equal to the
mass difference, and therefore much smaller than mN . The transverse velocity of N will
therefore be very small, and l2 and W ∗

R will be back-to-back in the transverse plane, with
an arbitrary orientation. Therefore, ∆φll becomes approximately uniformly distributed.
The invariant mass of the off-shell W ∗

R is still limited by mN , but this is now very close to
the true mass of the WR. The fact that the ∆φjj distribution becomes skewed towards
larger values indicates that the W ∗

R tends to get a small transverse velocity, such that j1
and j2 are almost back-to-back. Equivalently, this means that the W ∗

R tends to get a
large invariant mass compared to its momentum when the mass difference between the
neutrino and WR is small. We do not have a good explanation for why this is the case.
In models 2, 3, 5 and 6 we see some intermediate situations, where both distributions
are relatively close to uniform, but both are slightly skewed towards large values.

In figure 6.25, we show the distributions of the invariant masses of both the lepton pair
l1 and l2, and the jet pair j1 and j2, which we call mll and mjj respectively. Here, mjj is
the easiest to interpret physically, since it is equal to the invariant mass of the W ∗

R boson.
We therefore know that it has an upper limit of mN , when the heavy neutrino is on-shell.
We see that mN coincides very closely with the end of the mjj distribution in all six
plots, so this does seem to be the case. We see that in model 4, when mN is closest to
MWR

, the distribution of mjj is the most uniform. This might help to explain why ∆φjj
tends to take larger values in this model, since there are more events where the invariant
mass of the W ∗

R is close to mN than in model 1 for example. These events must have a
W ∗

R with very low velocity, and therefore give large ∆φjj . The distributions of mll are
more difficult to interpret, but we do know that they have an upper limit of MWR

, since
the invariant mass of the two leptons and two jets combined is equal to that of WR. We
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Figure 6.24: The distributions of ∆φll and ∆φjj , defined as the ∆φ of the two leading
signal leptons and two leading signal jets respectively, for the different simulated LRSM
models.
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Figure 6.25: The distributions of mll and mjj , defined as the invariant mass of the two
leading signal leptons and two leading signal jets respectively, for the different simulated
LRSM models.
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also see that for each WR mass, the model with the larger mN tends to have smaller mll.
This makes sense, since we know that at least l1 becomes less energetic when ∆m is small.

In figure 6.26, we show the distributions of the invariant mass of the system of
the four particles l1, l2, j1 and j2, which we call mlljj . Since these are all the final state
decay products of the initial WR boson, we know that mlljj is equal to the invariant
mass of the WR, which again is equal to MWR

when it is on-shell. We see that just as
expected, all six distributions are sharply peaked around the respective WR masses in
each model. This shows that the WR is close to on-shell in most events. The distributions
do not depend much on the heavy neutrino mass, but there seems to be a tendency for
the peaks to be a little bit wider in the plots on the right hand side, with larger mN . In
particular, the tail towards low values of mlljj seems to get larger when mN is larger.
The mlljj distribution from this process can clearly be used to determine the mass of
the WR boson. As we remember from before, the heavy neutrino mass could then be
determined from the edges in the lepton transverse momenta distributions.

In figure 6.27, we show the distributions of the missing transverse energy in each
event. In all six models, the vast majority of events have very low Emiss

T . In models 1
and 2, over half the events have Emiss

T < 5 GeV, and in models 5 and 6, most events have
Emiss

T < 40 GeV. We clearly see that the number of events with large missing transverse
energy increases with the mass of WR (model 6 has around 1 400 events with Emiss

T > 100
GeV, while model 1 only has around 800), while the mass of N does not seem to affect
the distributions much.

In figure 6.28, we show the distributions of the hadronic activity in each event. The
distributions all have relatively similar shapes and the value of mN does not seem to
affect them much. They are however shifted towards larger values when MWR

is increased,
and in fact the rightmost edge of the distributions are quite close to MWR

in all models.
This makes sense, since MWR

is an approximate measure of the energy in the event, and
the total transverse momentum in the event can not be larger than the total energy in
the event.

In figure 6.29, we show the distributions of the product of the charges of the leptons
l1 and l2. Just like in the Majorana models without the WR boson that we studied in
section 6.2, the charge product is expected to be +1 and −1 in half the events each, due
to the Majorana nature of the heavy neutrino. We can again compute the probability of
the observed excess of either OS or SS events in each model, assuming that the number
of OS events is binomially distributed. The results are shown in table 6.5. In this case,
we see that not all the models have the excess in the same direction (some have more
OS events than SS, and some less). Therefore, some of the probabilities in the table are
greater than 0.5. In these cases, the interesting probability is actually the complementary
probability P (X ≤ x) = 1− P (X ≥ x). Replacing each probability that is larger than
0.5 with this complementary probability, we see that the smallest one is 0.05. This is
relatively small, but not so small that it is unreasonable, especially since we performed
six different simulations. Since there does not seem to be any correlation across the six
simulations, we conclude that the simulations work correctly, and that the SS/OS nature
of each event is in fact chosen with equal probability.
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Figure 6.26: The distributions of the invariant mass of the two leading signal leptons
and two leading signal jets combined in each event, which we call mlljj , for the different
simulated LRSM models.
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Figure 6.27: The distributions of the missing transverse energy Emiss
T in each event for

the different simulated LRSM models.
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Figure 6.28: The distributions of the hadronic activity hT of all leptons and jets that
passed the cuts in each event for the different simulated LRSM models.



106 CHAPTER 6. TRUTH ANALYSIS

1.5− 1− 0.5− 0 0.5 1 1.5
Charge product

0

1000

2000

3000

4000

5000

N
um

be
r 

of
 e

ve
nt

s

(a) Model 1

1.5− 1− 0.5− 0 0.5 1 1.5
Charge product

0

1000

2000

3000

4000

5000

N
um

be
r 

of
 e

ve
nt

s

(b) Model 2

1.5− 1− 0.5− 0 0.5 1 1.5
Charge product

0

1000

2000

3000

4000

5000

N
um

be
r 

of
 e

ve
nt

s

(c) Model 3

1.5− 1− 0.5− 0 0.5 1 1.5
Charge product

0

1000

2000

3000

4000

5000

N
um

be
r 

of
 e

ve
nt

s

(d) Model 4

1.5− 1− 0.5− 0 0.5 1 1.5
Charge product

0

1000

2000

3000

4000

5000

N
um

be
r 

of
 e

ve
nt

s

(e) Model 5

1.5− 1− 0.5− 0 0.5 1 1.5
Charge product

0

1000

2000

3000

4000

5000

N
um

be
r 

of
 e

ve
nt

s

(f) Model 6

Figure 6.29: The distributions of the product of the charges of l1 and l2 in each event for
the different simulated LRSM models. This shows whether the leptons have the same
charge (+1) or the opposite charge (−1).
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Table 6.5: The number of events x where the leptons l1 and l2 have opposite sign out of
the n events that were simulated and passed cuts for each heavy neutrino mass value.
The last column gives the probability of seeing this many opposite sign events or more,
assuming that x follows the binomial distribution (6.3).

Model number n x P (X ≥ x)

1 9 070 4 455 0.95
2 9 182 4 569 0.67
3 9 084 4 533 0.57
4 8 871 4 498 0.09
5 9 119 4 597 0.21
6 9 051 4 483 0.81
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Chapter 7

Data analysis

In this chapter, we will compare the simulated signals that we studied in the previous
chapter to Standard Model backgrounds. For the background we use Monte Carlo
generated samples of two lepton events at 13.6 TeV from the official SM background MC
production campaign for Run 3 ATLAS analyses. These samples are in the same format
as our signal samples, so we can again use SimpleAnalysis to perform cuts on signal
and background. Now we will also use smearing to mimic the full ATLAS reconstruction,
meaning that we need to perform identification of electrons and muons in the MC data,
just like we would need in an analysis of real ATLAS data.

7.1 Discovery significance and exclusion

For the different signal models, we want to create a few so-called signal regions. Signal
regions are regions in the space of kinematic variables where we expect to have a high
sensitivity to a certain signal. This usually means a region where the fraction of signal
events to background events is maximised. Once a signal region is chosen, we put all
background and signal events through the corresponding cuts on the kinematic variables.
In order to say something meaningful about the validity of the signal model, the number
of signal and background MC events remaining should be compared to the number of
events found in the same signal region in an experiment. However, even in the absence of
real experimental data, we can perform a similar analysis by assuming certain outcomes
of a hypothetical experiment. In any case, we need to use statistical methods to quantify
the agreement or non-agreement between the simulated data and the experimental data.
To do this, we call the number of MC simulated background events in the signal region
the ”expected background” b, and we call the number of simulated signal events in the
signal region the ”expected signal” s. The number of events in the signal region from
the experiment, either real or hypothetical, we call the ”number of observed events”
Nobs. Now, there are two types of statistical analyses one can perform, depending on the
(assumed) outcome of the (hypothetical) experiment. If Nobs is larger than the expected
background b, this indicates a possible discovery of the signal process. Therefore, the
analysis one wants to perform in this case is to quantify the significance of the discovery.
The other possibility is that Nobs is smaller than the expected number of events from
signal and background combined, which is s + b. This would indicate that the signal
does not exist, and in this case statistics is used to quantify the confidence with which
the hypothesis of the existence of the signal can be excluded.

109



110 CHAPTER 7. DATA ANALYSIS

7.1.1 Discovery significance

We first look at how the discovery significance can be estimated. The significance of an
excess is connected to the probability of seeing that excess or more (this probability is
called the p-value p) by random chance under the assumption that the signal does not
exist (this assumption is often called the background hypothesis). The less likely it is to
see the observed excess of events, the more significant the excess is said to be. Instead of
the p-value, significance is commonly measured in standard deviations σ, which refers to
the standard deviation of a normal distribution. For a given p-value p, the significance
in units of σ will be the number of standard deviations above the mean of a normal
distribution that would result in an integral of the normal distribution above this value
that is equal to p. If the normal distribution has a mean of µ = 0, the relation between
p and a significance of Zσ becomes

p =

∫ ∞

Zσ

1

σ
√
2π
e−x2/

(
2σ2

)
dx =

∫ ∞

Z

1√
2π
e−y2/2 dy = 1− Φ(Z) , (7.1)

where we performed a change of variables to remove the standard deviation from the
integral, and Φ(x) is the cumulative distribution function of the standard normal
distribution. Inverting the expression, we get

Z = Φ−1 (1− p) . (7.2)

A significance of 5σ is usually required in order to claim a discovery in particle physics,
which corresponds to a p-value of p = 2.87×10−7. With a significance of 5σ it is therefore
highly unlikely that the observed excess would occur under the background hypothesis.

In the absence of an actual experiment, it is common to compute what is called the
”expected significance” as the mean or median value of Z when assuming some signal
model with an expected number of signal events s. As is shown in the note Discovery
sensitivity for a counting experiment with background uncertainty by Cowan [66], the
expected significance in a particle physics experiment with a large background with
negligible systematic uncertainty is approximated by

Z =
s√
b
. (7.3)

When the systematic uncertainty in the background, which we call σb, is not negligible
(which it is usually not in particle physics experiments) it reduces the expected significance
of the excess. The systematic uncertainty is added to the statistical uncertainty

√
b in

quadrature, giving
Z =

s√
b+ σ2b

. (7.4)

In the note by Cowan, modifications to the expressions in equations (7.3) and (7.4) are
also shown, which give more accurate results in the case when s is not much smaller
than b. The modified expressions for the expected significance are

Z =

√
2

[
(s+ b) ln s+ b

b
− s

]
, (7.5)



7.1. DISCOVERY SIGNIFICANCE AND EXCLUSION 111

for the case of negligible systematic uncertainty in the background, and

Z =

√√√√√−2

(s+ b) ln

 s+ b+ b2

σ2
b(

1 + b
σ2
b

)
(s+ b)

+
b2

σ2b
ln

 b
σ2
b

(
s+ b+ b2

σ2
b

)
(
1 + b

σ2
b

)
b2

σ2
b

 (7.6)

for the case with systematic uncertainty σb. If an actual experiment is performed, and
Nobs > b events are observed, the ”observed significance” is given by similar expressions
to the expected significance, only with s replaced by Nobs − b.

7.1.2 Exclusion

When we want to quantify the certainty with which we can exclude a signal model based
on an observation of Nobs ≈ b < s+ b, we could again do this by calculating a p-value.
In this case, it would be the probability of seeing Nobs events or less in the experiment,
given that Nobs is drawn from a distribution with an expectation value of s+ b (what is
called the signal+background hypothesis). This is the so-called ”frequentist” approach
to exclusion. However, this approach has some drawbacks. The frequentist approach
allows us to exclude signals that the experiment is not sensitive to, since any experiment
that yields Nobs = 0 would give a small p-value for any signal model with a large s. Also,
the probability we are most interested in is not the probability of seeing the data given
the signal model, which we would write in mathematical notation as P (Data | Model).
Instead, what we really want to know is the opposite conditional probability, namely the
probability of the signal model being correct given the observed data, or P (Model | Data).
This probability is not defined in the frequentist approach, since the signal model is not
the outcome of an experiment that can be repeated many times. We will therefore use
so-called ”Bayesian” statistics to perform exclusions instead. This is based on Bayes’
theorem, which relates the two conditional probabilities in the following way

P (Model | Data) = P (Data | Model)P (Model)
P (Data)

. (7.7)

We see that we can use Bayes’ theorem to calculate the probability P (Model | Data),
which in Bayesian statistics is called the ”posterior”, from the probability P (Data | Model),
which is called the ”likelihood” L. The posterior probability also depends on the probab-
ility of the observed data, P (Data). Since this is independent of the model, it can be
treated as a normalisation constant. Finally, there is the probability P (Model), which is
called the ”prior” probability, as it states what we believe the probability distribution to
be before performing the experiment. In the particle physics application, the prior says
something about our belief about the signal model before we have seen any data. It is
not easy to define such a prior, and even more difficult to justify any particular choice. If
we define the signal model in terms of the expected number of signal events s, the most
common choice of prior in particle physics is to assume a uniform distribution for s ≥ 0,
and zero probability for s < 0. Then the only part of the right hand side of equation
(7.7) that is dependent on s is the likelihood. Since a particle physics experiment is
essentially a counting experiment, the distribution of n, the random variable from which
Nobs is sampled, is usually assumed to be the Poisson distribution. In that case, the
likelihood of observing Nobs events under the signal+background hypothesis becomes

L (n = Nobs | λ = s+ b) =
(s+ b)Nobs e−(s+b)

Nobs!
(7.8)
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Then we can use Bayes’ theorem to state the probability of the signal model with s
expected events given the experiment where only Nobs (we think of Nobs as being smaller
than s+ b) events were observed as

P (s | Nobs) = N (s+ b)Nobs e−(s+b), (7.9)

where N is a normalisation constant that incorporates both the uniform prior probability
distribution, the constant in the denominator of Bayes’ theorem and the Nobs! constant
from the likelihood. It normalises the probability such that∫ ∞

0
P (s | Nobs)ds = 1. (7.10)

If a signal model gives a very small probability P (s | Nobs), we want to exclude the
existence of that signal based on the observation. To define the threshold for when a
signal is said to be excluded, we calculate the probability P (s ≥ sup | Nobs) of a signal
model giving more expected events than some ”exclusion limit” sup. Instead of a lower
threshold on the probability P (s ≥ sup | Nobs), the exclusion threshold is usually stated
in terms of a Confidence Level (CL), defined as

CL = 1− P (s ≥ sup | Nobs) =

∫ sup

0
P (s | Nobs)ds . (7.11)

Any signal model that gives s > sup is then said to be excluded at the given confidence
level. We see that a large CL corresponds to a small probability of a signal with as
many as sup expected events. A commonly used threshold is CL= 0.95, and signals with
s > sup are then said to be excluded at 95% CL.

To be more precise, the exclusion limit sup in equation (7.11) is what we call the
”observed exclusion limit”, since it is based on a real experiment that observed Nobs
events. Just like when we calculated significances, we can also define the ”expected
exclusion limit”, which is the exclusion limit we would get from a hypothetical experiment
with Nobs = b. The expected exclusion limit at 95% CL is therefore defined by∫ sup

0
P (s | b)ds = 0.95. (7.12)

In particle physics, it is often more useful to put exclusion limits on cross sections rather
than the number of signal events, since s will depend on specifics of the analysis, like the
cuts applied to events. In order to translate the exclusion limit to the cross section, we
simply rewrite the expected value of the Poisson distributed likelihood of equation (7.8)
as

λ = Lεsσ + b, (7.13)

where L is the integrated luminosity of the (hypothetical) experiment, εs is the signal
efficiency defined as the fraction of the total number of signal events that pass all the
cuts and end up in the signal region, and σ is the signal cross section. Then the 95% CL
expected exclusion limit σup on the cross section is given by

N

∫ σup

0
(Lεsσ + b)b e−(Lεsσ+b) dσ = 0.95. (7.14)

Finally, we need to take into account the fact that the values of L, εs and b have uncertain-
ties. Incorporating these uncertainties is slightly more complicated than in the frequentist
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approach. Here, we will treat the uncertain variables as additional parameters, often
called ”nuisance parameters”, of the likelihood with their own probability distributions.
In order to remove the posterior’s dependence on the nuisance parameters, we need to
integrate over their probability distributions, giving the so-called marginalised probability

P (σ | b) = N

∫
L (σ, L, εs, b)P (L)P (εs)P (b)dLdεs db , (7.15)

and the 95% CL expected exclusion limit on the cross section σup is given by

N

∫ σup

0

[∫
(Lεsσ + b)b e−(Lεsσ+b)P (L)P (εs)P (b)dLdεs db

]
dσ = 0.95. (7.16)

The probability distributions P (L), P (εs) and P (b) of the nuisance parameters are
typically taken to be Gaussian distributions with means equal to the values found in
the (MC) experiment, and standard deviations equal to the estimated uncertainties
in each parameter. The integral in equation (7.16) is typically computed using Monte
Carlo integration. This involves sampling values for each nuisance parameter from their
respective probability distributions using a pseudo-random number generator. For each
set of nuisance parameter values, the expected exclusion limit can easily be calculated,
since the integral reduces to a one-dimensional one. We call each such calculation
of an expected limit using a set of nuisance parameter values a ”pseudo-experiment”.
The final value for the expected exclusion limit σup can then be computed by taking
the mean of all the expected limit results from each pseudo-experiment, since taking
the mean is equivalent to integrating over the probability distributions. A benefit of
computing the limit in this way is that it allows us to quantify the uncertainty in the
result from the spread in the results from all pseudo-experiments. Like before, we want
to express the uncertainty in terms of the standard deviations of the normal distribution.
For the standard normal distribution, the 1σ deviations from the mean are defined by
Φ(−1) ≈ 0.159 and Φ(1) ≈ 0.841. We therefore call the expected limits that are larger
than approximately 15.9% and 84.1% of all the limits from the other pseudo-experiments
the ±1σ deviations from the mean expected exclusion limit. Similarly, the expected
limits that are larger than 2.28% and 97.7% of all the other limits are called the ±2σ
deviations of the expected exclusion limit.

7.2 Majorana and pseudo-Dirac model
In this section, we compare the MC background to the Majorana and pseudo-Dirac
models, using the three-lepton final state that we studied extensively in chapter 6. For
our signal models, we choose the same type of models as in section 6.2, meaning models
with one Majorana or pseudo-Dirac neutrino with masses in the range 200 GeV to 1200
GeV, and mixing matrix elements

|Ve1|2 = 10|Vµ1|2 = 100|Vτ1|2. (7.17)

We now choose Ve1 = 0.1, which is actually slightly optimistic considering the limits
given in equation (3.51). Unfortunately, we did not manage to implement smearing on
these signal models, which might be due to some incompatibility between the versions
of SimpleAnalysis that we use and the Athena software used to generate truth files.
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Table 7.1: The requirements used to define leptons and jets in the analysis of signal and
background with the three lepton final state, without smearing.

Electrons Muons Jets

pT > 5 > 5 > 20

|η| (0, 1.37] or [1.52, 2.47] < 2.5 < 2.5

Table 7.2: The cuts made on kinematic variables to define the signal regions for the
Majorana and Dirac models with a three lepton final state. The cuts are given in terms
of the requirement that must be fulfilled for an event to pass. See the main text for the
definitions of the variables.

Variable Cut Variable Cut

nleptons = 3 m′
ll,1 [GeV] > 100

p′T,1 [GeV] > 70 m′
ll,2 [GeV] > 95

p′T,2 [GeV] > 50 m′
ll,3 [GeV] > 50

p′T,3 [GeV] > 15
∣∣∣m′

ll,3 −mZ

∣∣∣ [GeV] > 3

m′
T,1 [GeV] > 60 ∆φ′ij > 0.1

m′
T,23 [GeV] > 80 hT [GeV] > 250

Emiss
T [GeV] > 20

The object definitions are therefore very simple, since we effectively work directly on the
truth information. Nevertheless, the definitions for this analysis are given in table 7.1.
Since tau leptons would require a completely different type of analysis in an experiment,
we will not consider models in which the heavy neutrino couples most strongly to the
tau. Therefore we will also not count taus as leptons for this analysis, as is common
practice in experimental particle physics1. Although we are using truth objects for this
analysis, we implemented overlap removal using the same parameters that we presented
in section 6.1. This makes the analysis somewhat more realistic.

The next, and maybe most important, step is to choose the cuts used to define the
signal regions. The ability of our cuts to remove as many background events as possible
while keeping as many signal events as possible will decide the significance with which
we can discover a signal and the confidence with which we can exclude one. We will
use only what are known as rectangular cuts, meaning cuts that can be stated as ”some
variable must be smaller/larger than some value”. We make two signal regions for the
analysis of the three lepton final state. The only difference between the two regions is
that we require the charges of the leptons that are identified as l1 and l2 in each event
to have either the same or opposite signs. We call the two regions Same Sign (SS) and
Opposite Sign (OS) respectively. All the other cuts defining signal regions SS and OS
are identical, and these are listed in table 7.2. To choose the cuts in table 7.2, we plotted

1There are usually dedicated τ analyses in parallel with electron and muon analyses, but for this case
we will leave this for future research.
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the kinematic distributions of the model with a 200 GeV Majorana neutrino and the
model with a 800 GeV Majorana neutrino along with the SM background before passing
any other cuts than requiring at least three leptons (electrons and muons) according to
the object definitions in table 7.1. All of these plots are shown in appendix A.1. The
variable nleptons in table 7.2 is the number of leptons in each event. The variables p′T,i
are as before the transverse momenta of the leptons l′i, where the prime indicates that i
refers to the ordering by pT . The same applies to the variables m′

T,1, m′
T,23 and m′

ll,i.
These all have the same definitions as in section 6.2, but with the ordering by vertex
replaced by the ordering by pT , which is the only ordering we can know with confidence
in an experiment. The variables ∆φ′ij with i, j = 1, . . . , 3 and i 6= j are the ∆φ between
the charged leptons number i and j when ordered by pT .

After applying all the cuts of table 7.2, we create the SS and OS signal regions in
order to increase sensitivity to the Majorana and pseudo-Dirac models respectively. For
this we need to choose which two leptons in each event to use in the sign comparison.
To get the optimal sensitivity to the pseudo-Dirac model and to possibly separate the
Majorana and pseudo-Dirac models in data containing a signal of unknown type, we
want to choose the leptons l1 and l2 from the Feynman diagram in figure 5.4 in each
event, since it is this pair of leptons that always have opposite signed charges in the
pseudo-Dirac model. To identify this pair in each event we can use the method we
developed in section 6.4. We expect this to give the best results for the models we look
at, but the method is also highly specialised to these specific models. A more general
approach, which we also expect to give reasonable results is to simply use the pair of
leptons with the largest pT in each event. We will therefore perform the same analysis
for both methods, and we will call the pT method the ”baseline” method, which defines
the baseline OS and SS signal regions, and our identification method using the product
pT × ∆φ we call the ”specialised” method defining the specialised OS and SS signal
regions. To see the difference between the two methods, we plot the distributions of the
product of charges of the pairs of leptons chosen by both the baseline and specialised
methods for signal and background processes. The plots are shown in figures 7.1 and 7.2.
The signal models shown in these plots are the Majorana and pseudo-Dirac models with
1200 GeV, which we expect to give the largest improvement for the specialised method
over the baseline. We see from figure 7.1 that the SS region increases the ratio of the
Majorana signal to the background significantly for both methods, but the improvement
is slightly larger for the specialised SS region. Another important thing to note is that
the specialised SS region contains more signal events than the baseline SS region. In
figure 7.2, we see a similar situation for the pseudo-Dirac signal. Both methods give
increased s/b ratio in the OS region, but the specialised method gives a slightly higher
ratio. Since the number of signal events in the baseline OS region is already quite large,
the relative improvement in this region is small. In the SS region, on the other hand, we
see that the specialised method reduces the number of pseudo-Dirac signal events by a
factor of around 10, while the background remains approximately the same.

To quantify the effectiveness of the cuts we made for the different OS and SS signal
regions, we look at the number of background and signal events that passed the cuts
for each signal region. We call the fraction of events that passed the cuts (including the
requirements of the object definitions) the efficiency ε of the cuts. The ideal scenario has
a very small efficiency for the background events, which we call εb, and an efficiency close
to 1 for signal events, which we call εs. Both the number of events remaining in each
signal region when scaled to an integrated luminosity of 300 fb−1 and the efficiencies of
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Figure 7.1: The distributions of the charge product of pairs of leptons in each event for
the full SM background, and a signal with a 1200 GeV Majorana type heavy neutrino.
The difference between the two plots is that in the left plot, the lepton pair was chosen
as the two leading leptons in each event, while in the plot on the right, the pair was
chosen using the vertex identification method we have developed.
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Figure 7.2: The distributions of the charge product of pairs of leptons in each event for
the full SM background, and a signal with a 1200 GeV pseudo-Dirac type heavy neutrino.
The difference between the two plots is that in the left plot, the lepton pair was chosen
as the two leading leptons in each event, while in the plot on the right, the pair was
chosen using the vertex identification method we have developed.
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Table 7.3: The cut efficiencies on the background and signal events for the signal regions
for the three lepton final state. The number of events remaining in each region for an
integrated luminosity of 300 fb−1 is also shown.

Signal region Type of events ε nevents (300 fb−1)

Baseline SS

Background 1.7× 10−7 3 225
Majorana, mN = 200 GeV 0.057 50
Majorana, mN = 400 GeV 0.16 12
Majorana, mN = 800 GeV 0.20 1
Majorana, mN = 1200 GeV 0.20 ≈ 0.1

Baseline OS

Background 7.2× 10−7 13 966
pseudo-Dirac, mN = 200 GeV 0.087 75
pseudo-Dirac, mN = 400 GeV 0.36 25
pseudo-Dirac, mN = 800 GeV 0.49 2
pseudo-Dirac, mN = 1200 GeV 0.53 ≈ 0.4

Specialised SS

Background 1.6× 10−7 3 172
Majorana, mN = 200 GeV 0.053 46
Majorana, mN = 400 GeV 0.18 13
Majorana, mN = 800 GeV 0.24 1
Majorana, mN = 1200 GeV 0.26 ≈ 0.2

Specialised OS

Background 7.3× 10−7 14 019
pseudo-Dirac, mN = 200 GeV 0.091 79
pseudo-Dirac, mN = 400 GeV 0.38 27
pseudo-Dirac, mN = 800 GeV 0.52 2
pseudo-Dirac, mN = 1200 GeV 0.56 ≈ 0.4

the cuts for both signal and background are listed in table 7.3. The integrated luminosity
of 300 fb−1 corresponds to the expected luminosity of Run 3 of the LHC, and the values
of s and b in table 7.3 therefore give the number of signal and background events we
would expect to see in the respective signal regions at the end of this run. We see that
the efficiencies on the background are between 10−6 and 10−7. There are more than four
times more background events in the two OS regions than in the SS regions, while the
difference between the baseline regions and the specialised regions is very small for the
background. For the signals, we see that the efficiency of the cuts is always smallest
for the smallest neutrino masses, as expected. There are approximately half as many
Majorana signal events in the SS regions as there are pseudo-Dirac signal events in the
OS regions, since the cut on the charge product of the leptons removes around half of
the Majorana events, while ideally keeping all of the pseudo-Dirac events. The Majorana
models still have better signal to background ratios, since the background is so much
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smaller in the SS regions. Comparing the baseline and specialised regions, we see that
there is not much difference for the Majorana models, which is expected since choosing
the correct lepton pair is not as important when the pair can have either product of
signs. For the mN = 200 GeV Majorana model, there are even three fewer signal events
in the specialised region than in the baseline. Also for the pseudo-Dirac models, the
improvement in the specialised region is disappointingly small. We saw in section 6.4
that our lepton identification method can have up to 50% higher efficiency than only
using pT , but the cut efficiencies on the pseudo-Dirac models are increased by at most
10%. This must mean that relatively many of the events in which our identification
method is better than the pT method have already been removed by the other cuts. But
a 10% increase in signal events is also useful, so we will keep using the specialised OS
region for the pseudo-Dirac signals.

Now we will study the distributions of m3l for both the background and signal in each
signal region. We did not use this variable to define the signal regions, so that we can
instead study its distributions, and perform statistical analyses by counting the number
of events either above some threshold value or in some selected bins. The plots of m3l in
the specialised signal regions are shown in figures 7.3 and 7.4. In the upper subplots,
the signal and background are plotted in separate histograms. In the lower subplots, the
ratio s/b for each bin where s 6= 0 and b 6= 0 is shown. We see that in all the plots, the
ratio of signal to background events tends to increase for larger m3l. In the specialised
SS region, the largest value of m3l in any background event is around 1600 GeV, while all
the signal models have events with larger values than this. In the specialised OS region,
there are some background events that have significantly larger m3l, up to around 2 700
GeV. This causes the signal to background ratio to be lower for the pseudo-Dirac models
with low mN , where it is of the order of 10−2 in most bins. For the two pseudo-Dirac
models with largest mN , the signal distributions are shifted more towards larger values,
and there are a few bins with s/b of the order of 10−1. However, these bins have much
less than 1 event each. For the Majorana models in the SS region, on the other hand, we
see that the tail of the signal distribution of the mN = 200 GeV model is almost as large
as the tail of the background distribution. For the two Majorana models with the largest
mass, the signal distributions extend far beyond the background distribution, but the
number of events in this tail is very small. The maximum s/b value is also smaller for
the Majorana models with large mN , compared to the one with mN = 200 GeV. With
the particular binning that we chose, there are no bins that have s/b ≥ 1, but in most of
the plots there are some bins where the ratio is of the order of 10−1.

Now we want to calculate the expected significance of each signal at Run 3 of the
LHC, by counting the events in some bins of the m3l distributions. We have seen that
the ratio of signal to background tends to increase towards larger values. We therefore
choose to sum the signal and background events from some lower limit for our statistical
analysis. This is equivalent to making a new signal region, since the lower limits on m3l

are essentially new cuts. The specific lower limits of m3l that give the best expected
significance will depend on the neutrino mass and the distribution of the background.
But we want to avoid making too many signal regions, as this will make the analysis
very model dependent. As a compromise, we only make two different lower limits; one
for the Majorana models in the SS regions, and one for the pseudo-Dirac models in the
OS regions. Looking at the background distributions with finer binning than in figures
7.3 and 7.4 we see that the background in the SS region becomes very small at around
m3l = 1100 GeV, while the background in the OS region falls off at around 1300 GeV.
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Figure 7.3: The distributions of the invariant mass of the three leading leptons in each
event for the full SM background and four different Majorana models, after we applied
cuts. The top plot in each subfigure shows the distributions for signal and backgrounds,
where the backgrounds are stacked on top of each other, while the signal is plotted in a
separate histogram. The bottom plot shows the ratio of the number of signal events s to
the number of background events b in each bin where it is well-defined.
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Figure 7.4: The distributions of the invariant mass of the three leading leptons in each
event for the full SM background and four different pseudo-Dirac models, after we applied
cuts. The top plot in each subfigure shows the distributions for signal and backgrounds,
where the backgrounds are stacked on top of each other, while the signal is plotted in a
separate histogram. The bottom plot shows the ratio of the number of signal events s to
the number of background events b in each bin where it is well-defined.
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We therefore choose these values for our cuts on m3l, defining new SS and OS regions. In
table 7.4, we list the number of background and signal events in the new signal regions
with an integrated luminosity of 300 fb−1, and the expected discovery significances. The
expected significances were computed using the expressions from equations (7.5) and
(7.6), and we compute one value assuming no systematic uncertainty in the background,
and one value assuming a 20% systematic uncertainty in the background. Although
we do not know the exact systematic uncertainty in the background, the systematic
uncertainty in MC generated backgrounds are usually relatively large. The recent ATLAS
study on the Keung-Senjanović process performed a thorough estimation of the total
uncertainty in the background of the two lepton plus two jet final state, and it is found
to be less than 20% [61] (see figure 4(a)). We therefore expect that 20% systematic
uncertainty is a conservative estimate also for the three lepton final state. In any case,
the significance computed with systematic uncertainty almost certainly gives a more
accurate representation of the true expected significance than the value computed without
systematic uncertainty.

From the values in table 7.4, we see first of all that none of the expected significances
are very large, the largest when background uncertainty is taken into account being
0.61σ for the mN = 200 GeV Majorana model in the baseline SS region. This shows
that, at least with this method, these signals can not be discovered during Run 3 of the
LHC. The reason for the low significances is the small number of expected signal events,
which is caused by both the low cross sections of the signals, and the hard cuts required
to remove most of the background. The significances tend to be largest for the models
with the smallest neutrino masses, except for the pseudo-Dirac model with mN = 200
GeV, which has relatively small expected significance. Both models with mN = 1200
GeV have significances of 0.1σ or less, so these seem very difficult to discover. We notice
that the difference between the significances with and without systematic uncertainty
in the background is very small, which means that it is the statistical uncertainty of
b that dominates. We also notice that the expected significances of the pseudo-Dirac
models are larger in the specialised region than the baseline region, both because the
number of signal events is slightly larger and because the background is smaller. For the
Majorana models on the other hand, the results are better in the baseline SS region than
the specialised one for all masses. From now on we will therefore use only the baseline
SS region for the Majorana signals and the specialised OS region for the pseudo-Dirac
signals, and call these simply the SS region and OS region. The only potential issue
with this choice is that the two signal regions are no longer orthogonal, meaning that the
same event can enter both regions. This would make it more challenging to determine
the type of an unknown heavy neutrino, but as long as we only care about discovery,
regardless of type, the orthogonality of signal regions is not important2.

Since discovery during Run 3 of the LHC proved difficult, we want to investigate the
possibilities at the future runs known as the High Luminosity LHC or HL-LHC, with
an expected final integrated luminosity of 3000 fb−1 at

√
s = 14 TeV. For this analysis,

we need to make a list of assumptions, and it will therefore only be a rough estimate of
the possible results at the HL-LHC. For the signal processes, we can easily calculate the
cross sections at 14 TeV using MadGraph, as we did in section 5.3. However, we do not

2The non-orthogonality of the signal regions would be relevant if we wanted to statistically combine
results from the two regions, since this would introduce some over-counting. We will however not combine
the regions, as this has little benefit for both pseudo-Dirac (most of the signal is in the OS region) and
Majorana (much more background in the OS region) signals.



122 CHAPTER 7. DATA ANALYSIS

Table 7.4: The number of background and signal events remaining in the different signal
regions after performing cuts on m3l for an integrated luminosity of 300 fb−1. The
expected discovery significances both when assuming 20% systematic uncertainty in
the background and when neglecting the systematic uncertainty are also listed. These
correspond to the expected significances of Run 3 of the LHC.

Type of events
(”Background” or

Signal region N type, mN [GeV]) nevents (300 fb−1) Z (σb = 0.2b) Z (σb = 0)

Background ≈ 2 - -
Baseline SS, Majorana, 200 ≈ 0.8 0.61 0.63

m3l > 1100 GeV Majorana, 400 ≈ 0.6 0.44 0.45
Majorana, 800 ≈ 0.4 0.30 0.31
Majorana, 1200 ≈ 0.1 0.087 0.089

Background ≈ 6 - -
Baseline OS, Pseudo-Dirac, 200 ≈ 0.2 0.067 0.075

m3l > 1300 GeV Pseudo-Dirac, 400 ≈ 0.5 0.18 0.20
Pseudo-Dirac, 800 ≈ 0.5 0.16 0.18
Pseudo-Dirac, 1200 ≈ 0.2 0.078 0.086

Background ≈ 3 - -
Specialised SS, Majorana, 200 ≈ 0.7 0.37 0.39
m3l > 1100 GeV Majorana, 400 ≈ 0.7 0.40 0.42

Majorana, 800 ≈ 0.4 0.24 0.25
Majorana, 1200 ≈ 0.1 0.085 0.090

Background ≈ 5 - -
Specialised OS, Pseudo-Dirac, 200 ≈ 0.3 0.12 0.13
m3l > 1300 GeV Pseudo-Dirac, 400 ≈ 0.6 0.24 0.26

Pseudo-Dirac, 800 ≈ 0.5 0.22 0.24
Pseudo-Dirac, 1200 ≈ 0.2 0.10 0.11
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Table 7.5: The expected discovery significances at the HL-LHC (L = 3000 fb−1,
√
s = 14

TeV) for the Majorana and pseudo-Dirac signals, both when assuming 20% systematic
uncertainty in the background, and when neglecting the systematic uncertainty.

Signal region Signal (type, mN [GeV]) Z (σb = 0.2b) Z (σb = 0)

Majorana, 200 1.6 2.0
SS, Majorana, 400 1.2 1.5

m3l > 1100 GeV Majorana, 800 0.85 1.1
Majorana, 1200 0.23 0.29

pseudo-Dirac, 200 0.25 0.42
OS, pseudo-Dirac, 400 0.53 0.89

m3l > 1300 GeV pseudo-Dirac, 800 0.50 0.84
pseudo-Dirac, 1200 0.21 0.36

have MC samples of the full SM background for 14 TeV, and we will therefore use the
13.6 TeV background without any modifications. This will be a slight underestimation
of the background, as some background processes will have larger cross sections at 14
TeV. Additionally, we assume that both the cut efficiencies on the background and on
the signal events remain the same as for Run 3. Using these assumptions, and the same
cuts of m3l > 1100 GeV and m3l > 1300 GeV in the SS and OS regions respectively, we
get the expected significances for Run 4 of the LHC shown in table 7.5. We see that the
expected significances for the HL-LHC are much larger than for Run 3. The main reason
for this is the factor 10 increase of the integrated luminosity, which when the statistical
uncertainty in the background dominates increases the expected significance with a factor
close to

√
10 ≈ 3. The difference between the significances with and without σb is now

slightly larger, since the background has ten times more events. The signal with the
highest significance is still the Majorana model with mN = 200 GeV, with a significance
of 1.6σ with systematic uncertainty in the background. This is still far from large enough
to result in a discovery, but it is large enough that it will likely give a noticeable anomaly
in the data. The Majorana model with mN = 400 GeV also gets an expected significance
of more than 1σ, while all the pseudo-Dirac models still have very small significances.

We can also plot the expected significance we get from summing all signal and
background events in the signal regions as a function of the lower limit on m3l. We
again look at the expected significances for the HL-LHC, using the same assumptions as
before. The plots of the expected discovery significances as functions of the applied cut
on m3l for the Majorana models in the SS signal region and the pseudo-Dirac models
in the OS signal regions are shown in figure 7.5. Here we show only the significances
with σb = 0.2b. The highest values for the cut on m3l that are used are decided by
the amount of signal and background events above that value. In the SS region, the
number of background events becomes too small to compute a reasonable significance at
around m3l = 1200 GeV, while in the OS region there are very few signal and background
events above m3l = 1400 GeV. We see that the peaks in the significance functions for
the Majorana models are close to the cut value of 1100 GeV that we used before, and
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Figure 7.5: The expected significances of the different Majorana and pseudo-Dirac signal
models at the HL-LHC as a function of the lower limit cut on m3l performed on signal
and background events. For the Majorana models the SS signal region was used, while
for the pseudo-Dirac models the OS region was used. The significances were computed
using equation (7.6) when assuming a 20% systematic uncertainty in the background.

the maximum values in figure 7.5a are therefore close to the values in table 7.5. For
the pseudo-Dirac models, on the other hand, the expected significance increases a lot
between the previously used cut value of 1300 GeV and 1400 GeV. The main reason
for this is that the number of background events decreases from b = 45 for m3l > 1300
GeV to b = 6 for m3l > 1400 GeV. The pseudo-Dirac signals with mN = 400 GeV and
800 GeV, meanwhile, have s ≈ 4 and s ≈ 5 respectively for m3l > 1400 GeV, which
give expected significances of ≈ 1.4σ and ≈ 1.5σ. Interestingly, among the pseudo-Dirac
models, the one with mN = 200 GeV gets the lowest expected significance, while in the
Majorana case, mN = 200 GeV has the highest significance. In the pseudo-Dirac case,
the reason for the low significance of the mN = 200 GeV model at m3l > 1400 GeV is
that there are only around 2 signal events in this region. However, as we see in the plot,
the significance is not larger for lower cuts on m3l either, due to the larger background.

From figure 7.5, it is clear that both the Majorana model with mN = 200 GeV and
the pseudo-Dirac models with mN = 400 and mN = 800 GeV could be observed with
significances of around 1.6σ after the entire HL-LHC run, with very specific cuts. The
very high sensitivity of the expected significance to the cut value for the pseudo-Dirac
models might however indicate that the result for these models is only due to some lucky
bins in our analysis, and would disappear if repeated with slightly different signal or
background modelling. For the Majorana signals, the significances are slightly more
stable, and therefore seem more trustworthy. In this rather optimistic scenario, with
mixing matrix elements slightly outside the experimental constraints, it might therefore
be possible to detect the signal of a Majorana neutrino with a mass of around 200 GeV
using this method with the ATLAS detector during the HL-LHC. But a discovery at 5σ
seems definitely out of reach for all the models we looked at with this method.

One goal we had in our analysis was to be able to distinguish between Majorana
and pseudo-Dirac neutrinos in data. Unfortunately, this is very difficult when even
the detection of the heavy neutrino is almost impossible, especially in the case of a
pseudo-Dirac neutrino. It seems like the only hope would be to see a signal in the SS
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region, in which case it could only be a Majorana neutrino, although as we have seen,
this can most likely not be determined with the required confidence.

We now want to calculate the 95% CL expected exclusion limits on the cross sec-
tions of the Majorana and pseudo-Dirac signal processes using the method described in
section 7.1.2. To calculate the expected limits, we use Gaussian distributions for the
nuisance parameters εs and b. For the integrated luminosity L, we expect the uncertainty
to be so small that we can neglect it3, so we use fixed values of L. For the uncertainty in
b, we again assume the conservative 20% systematic uncertainty, which when combined
with the statistical uncertainty gives a total uncertainty of

δb =

√
b+ (0.2b)2. (7.18)

For the uncertainty in εs, we need to look at how εs is calculated. In our analysis, we
find εs from the following expression

εs =
s

Lσ
, (7.19)

where σ is the cross section of the signal process. Then we can use error propagation to
get the error in εs (again neglecting the error in L)

δεs = εs

√(
δs
s

)2

+

(
δσ
σ

)2

= εs

√
1

s
+

(
δσ
σ

)2

, (7.20)

where δσ is the uncertainty in the signal cross section, and we assumed a statistical error
δs =

√
s (not to be confused with centre of mass energy) in the expected number of signal

events. We see that the uncertainty in εs becomes large when there are few expected
signal events. We find that this has a large effect on the resulting expected exclusion
limit, and to get reasonable results we therefore have to make slightly different signal
regions from the ones we made in the previous section, at least for the Run 3 analysis.
We find that for the Majorana models in the baseline SS region, a cut of m3l > 600 GeV
gives relatively good4 exclusion limits. For the pseudo-Dirac models in the specialised
SS region, we perform a cut of m3l > 900 GeV. With a luminosity of L = 300 fb−1 and
centre of mass energy

√
s = 13.6 TeV, corresponding to the entire Run 3 of the LHC, we

get the expected exclusion limits shown in figure 7.6. In the figure, the dashed lines show
the 95% CL expected exclusion limit on the cross section, and the green and yellow band
show the ±1σ and ±2σ uncertainty regions for the expected limit. This means that any
signal model that is above the dashed line in the plots is excluded at 95% CL. We see
that in this case, none of the models can be excluded, not even the extremely unrealistic
models with Ve1 = 1. For both the Majorana and pseudo-Dirac models, the model with
mN = 200 GeV has a relatively large expected limit. This is because these models have
by far the smallest εs, and so a large cross section is required to get a significant number
of signal events. The expected limit reaches a minimum for the mN = 400 and mN = 800
GeV models in the Majorana and pseudo-Dirac case respectively, since these have larger

3As an example of the order of magnitude of the uncertainty in L, the uncertainty in the integrated
luminosity of Run 2 of the LHC was estimated to be 1.7% [67], which is much smaller than the uncertainty
in b, and in most cases also in εs.

4Although, as we will see, still not very good.
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Figure 7.6: The 95% CL expected exclusion limits on the cross sections of the Majorana
and pseudo-Dirac signal processes for Run 3 of the LHC. The lines labelled ”Theoretical”
show the signal cross sections of the processes for mN = 200, 400, 800 and 1200 GeV
computed in MadGraph for the case where the mixing parameter Ve1 is equal to the
experimental constraint of 0.05, for the optimistic case Ve1 = 0.1 and the completely
unrealistic case of Ve1 = 1.
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εs, and not too small s. Then for mN = 1200 GeV the limits become worse again in
both plots, which is mainly because s is less than 1 for these models, so the relative
uncertainty in εs becomes very large. Comparing the Majorana and pseudo-Dirac limits,
the Majorana limits are lower for the two lower neutrino masses, while the pseudo-Dirac
limits are lower for the two higher masses. The reason for this is that even though the m3l

cut is much less strict on the Majorana models, there are nevertheless fewer background
events in the SS signal region than in the OS region, and for mN = 200 and mN = 400
GeV, there are more signal events in the SS region than in the OS region. For mN = 800
and mN = 1200 GeV there are more signal events in the OS region (something similar
can be seen in table 7.4, although the m3l cuts are slightly different), which gives slightly
better exclusion limits for these models. In conclusion, it is safe to say that none of the
models we have studied can be excluded after Run 3 of the LHC with this method.

Finally, we compute the 95% CL expected exclusion limits for the HL-LHC. We use
the same assumptions as in the previous section to translate our data to the higher
luminosity and centre of mass energy. In this case, the number of expected signal events
is large enough that we can use the stricter cuts on m3l that gave the best results for
significance, namely m3l > 1100 GeV for the SS signal region and m3l > 1400 GeV for
the OS signal region. With these cuts, the expected exclusion limits for the HL-LHC
become as shown in figure 7.7. We see that the increase in luminosity and centre of
mass energy moved the expected limits significantly lower. However, it is still only the
completely unrealistic Ve1 = 1 model with mN = 200 GeV that is on the verge of being
excluded at 95% CL, while a few more of the unrealistic models are touching the lower
2σ band. We also notice that the higher neutrino masses get the lowest expected limits
in this case, which is due to the stricter cuts favouring the model with higher masses.
Unfortunately, we have to conclude that even at the HL-LHC, none of the realistic
Majorana or pseudo-Dirac models can be excluded.
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Figure 7.7: The 95% CL expected exclusion limits on the cross sections of the Majorana
and pseudo-Dirac signal processes for the HL-LHC. The lines labelled ”Theoretical” show
the signal cross sections of the processes for mN = 200, 400, 800 and 1200 GeV computed
in MadGraph for the case where the mixing parameter Ve1 is equal to the experimental
constraint of 0.05, for the optimistic case Ve1 = 0.1 and the completely unrealistic case
of Ve1 = 1.
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Table 7.6: The requirements that were used to define electrons, muons and jets in
the analysis of signal and background with the two leptons and two jets final state.
For electrons and muons, the working points are chosen from the ones available in
SimpleAnalysis, and are based on the ones made in the recent ATLAS paper [61]. The
names of the working points are the names they have in SimpleAnalysis.

Electrons Muons Jets

Quality ETightLH
MuMedium if pT < 300 GeV

-
else MuHighPt

Isolation EIsoLoose MuIsoPflowLoose_VarRad -
pT [GeV] > 25 > 25 > 20

|η| (0, 1.37] or [1.52, 2.47] < 2.5 < 2.5

7.3 LRSM model

In this section we perform a similar analysis as in the previous section, but for the LRSM
models with the final state of two leptons and two jets (2l+2j). We will use the same
masses for the WR boson and the heavy neutrino N as we did in section 6.5, and we
continue to refer to these as models 1–6. Now we will also for each set of masses consider
the case where the heavy neutrino is the one that couples to the muon. This gives us a
total of 12 signal models, and we refer to them as Model ie and Model imu, i = 1, . . . , 6
when the neutrino couples to the electron and muon respectively. Since we will not study
the case where the neutrino couples to the tau, we again only count electrons and muons
as leptons in this analysis. For models 1 and 2, we know that they have been excluded
under the assumption that the right-handed weak coupling constant is identical to the
weak coupling in the SM [61]. For these models our goal will therefore be to first confirm
that we can also exclude them with the same assumption, and then to attempt to put
an upper limit on the right-handed weak coupling in these models. Models 3–6, on the
other hand, are just outside of the mass region that was excluded in the most recent
study by the ATLAS collaboration [61], and our goal will therefore be to either exclude
these using more specialised signal regions, or to say something about when these models
can be expected to be discovered or excluded in the future of the LHC.

For this analysis, we succeeded in implementing smearing on the MC truth electrons
and muons. The analysis will therefore better reflect what can be achieved in real
experiments. It also means that we need to choose parameters and working points for
object identification and reconstruction. For fake rates we use the default values provided
in SimpleAnalysis. For overlap removal, we use the same parameters that we presented
in section 6.1. Finally, we need to choose working points for quality and isolation of
reconstructed electrons and muons, as described in section 4.2.1. We choose the working
points based on a combination of what is available in SimpleAnalysis, the recommended
working points for analyses for Run 3 of the LHC and release 22 of AnalysisBase, and
the working points used in the ATLAS paper [61] (see Table 2 in the paper for their
object definitions). In our case, the object definitions are the ones listed in table 7.6.

We again begin by finding the expected significances of our signal models for the
entire Run 3 of the LHC, in some signal regions. We will not make separate signal regions
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Table 7.7: The cut efficiencies on the background and each of the simulated LRSM models
in the signal regions rSRSS2e and rSRSS2mu from the ATLAS paper [61]. The number
of events remaining in the respective signal region for an integrated luminosity of 300
fb−1 and the expected discovery significances for each signal both when assuming 20%
systematic uncertainty in the background and when neglecting the systematic uncertainty
are also listed. These correspond to the expected significances of Run 3 of the LHC.

Type of events ε nevents (300 fb−1) Z (σb = 0.2b) Z (σb = 0)

Background 1.4× 10−9 27 - -
1e 0.16 580 25 51

Region 2e 0.17 355 19 36
rSRSS2e 3e 0.18 3 0.35 0.51

4e 0.16 1 0.097 0.14
5e 0.18 ≈ 0.5 0.066 0.095
6e 0.17 ≈ 0.1 0.020 0.029

Background 1.0× 10−9 19 - -
1mu 0.19 684 31 61

Region 2mu 0.19 398 23 42
rSRSS2mu 3mu 0.20 3 0.51 0.69

4mu 0.19 1 0.14 0.19
5mu 0.20 ≈ 0.6 0.094 0.13
6mu 0.20 ≈ 0.2 0.029 0.039

for different masses, because the signal models we study are relatively similar, and we
want to be as model independent as possible. We also only consider the case where the
heavy neutrino is of Majorana type, so there is no need to separate into SS and OS
regions. We will however split our signal region in two based on the flavours of the two
leading leptons. One region requires the two leptons to be electrons, and we call this the
electron channel. The other region requires the two leptons to be muons, and we call this
the muon channel. Before we choose the other cuts to define our two signal regions, we
will get some baseline results by using the signal regions rSRSS2e and rSRSS2mu defined
in the ATLAS paper [61] (see Table 4), which we can later compare to our own electron
and muon channels. We apply these cuts on the 13.6 TeV MC background and each of
the signal models. The efficiency and the number of remaining events for background
and the signal models with a luminosity of 300 fb−1 in both signal regions are listed in
table 7.7. The expected significances with and without systematic uncertainty in the
background are also given for each signal model in the respective signal region. We see
that as expected, the signal regions from the ATLAS paper give very large expected
significances for the excluded models 1 and 2. For the other models, none have expected
significances above 1σ, which means that they can not be discovered at Run 3 of the
LHC with these signal regions. We notice that the efficiency of the cuts is almost the
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Table 7.8: The cuts made on kinematic variables to define our signal region for the 2l+2j
final state, which is subsequently split into two depending on the flavour of the two
leading leptons. The cuts are given in terms of the requirement that must be fulfilled for
the specific event to pass. See the main text for the definitions of the variables.

Variable Cut Variable Cut

nleptons < 4 njets > 2

mjj [GeV] > 800 mll [GeV] > 400

p′T,l1 [GeV] > 400 p′T,l2 [GeV] > 150

p′T,j1 [GeV] > 500 p′T,j2 [GeV] > 250

E′
j1 [GeV] > 800 E′

j2 [GeV] > 400

Sign(l′1)×Sign(l′2) = +1 hT [GeV] > 2000

same for all the signals. The efficiency is slightly lower for models 1 and 2 and 4, which
is probably due to the cuts on pT and mll. We expect that it is possible to make cuts
with higher efficiency, especially on models 3–6, since these have very energetic events
that are relatively easy to separate from the background.

We will now attempt to make cuts that give better signal to background ratios than
the cuts made in the ATLAS paper. For this we again plot the most relevant kinematic
distributions for both background and a few signal models to choose our cuts. The
plots are shown in appendix A.2, and the cuts we chose based on them are listed in
table 7.8. Here nleptons and njets are the number of leptons (electrons and muons only)
and jets in an event that fulfill the objects definitions in table 7.6, and mll and mjj are
the invariant masses of the leading pair of leptons and jets respectively. The primed
transverse momenta p′T,li are the transverse momenta of lepton number i when ordered by
pT , and p′T,ji is the same for jets, and E′

ji are the energies of jet number i when ordered
by pT . Finally, Sign(l′i) refers to the sign of the charge of lepton i when ordered by pT .
In addition to the cuts in table 7.8, we require the flavour of the two leading leptons
to be either electrons or muons, defining the electron and muon channel respectively.
The distributions of the invariant mass of the two leading leptons and two leading jets,
mlljj , for the background and signal models 3 and 4 after applying all these cuts with
an integrated luminosity of 300 fb−1 are shown in figure 7.8. In the upper subplots we
again plot the signal and background in separate histograms. We see that the total
number of background events in each signal region is of the order of 1. Also, the peaks
of the signal distributions for the two models are at higher mlljj values than any of the
background events. In fact, for model 3, the two bins around mlljj = 5 TeV contain
approximately three signal events and no background events, meaning that if the signal
can be discovered, an approximate value for MWR

could also be deduced from these
distributions. Since we use a bin width of 1 TeV in these plots (the large bin width is
required in order to have any significant number of signal events in each bin), we expect
the precision of such a measurement to be of the order of 0.5 TeV. For model 4, there
is only around 1 signal event in the two bins, which makes the discovery slightly more
difficult.

Since it does not really make sense to calculate the expected significance in a signal



132 CHAPTER 7. DATA ANALYSIS

4−10

3−10

2−10

1−10

1

10

210

N
um

be
r 

of
 e

ve
nt

s

ttbar
singletop
Diboson
Zjets
Wjets
Signal

0 1000 2000 3000 4000 5000 6000 7000 8000 9000
 [GeV]lljjm

4−10
3−10
2−10
1−10
1

10
210

s/
b

(a) Model 3e, Electron channel

4−10

3−10

2−10

1−10

1

10

N
um

be
r 

of
 e

ve
nt

s

ttbar
singletop
Diboson
Zjets
Wjets
Signal

0 1000 2000 3000 4000 5000 6000 7000 8000 9000
 [GeV]lljjm

4−10
3−10
2−10
1−10
1

10
210

s/
b

(b) Model 3mu, Muon channel

4−10

3−10

2−10

1−10

1

10

210

N
um

be
r 

of
 e

ve
nt

s

ttbar
singletop
Diboson
Zjets
Wjets
Signal

0 1000 2000 3000 4000 5000 6000 7000 8000 9000
 [GeV]lljjm

4−10
3−10
2−10
1−10
1

10
210

s/
b

(c) Model 4e, Electron channel

4−10

3−10

2−10

1−10

1

10

N
um

be
r 

of
 e

ve
nt

s

ttbar
singletop
Diboson
Zjets
Wjets
Signal

0 1000 2000 3000 4000 5000 6000 7000 8000 9000
 [GeV]lljjm

4−10
3−10
2−10
1−10
1

10
210

s/
b

(d) Model 4mu, Muon channel

Figure 7.8: The distributions of mlljj in each event for the full SM background and four
different LRSM models, after we applied the cuts in table 7.8 and separated into electron
and muon channels. The top plot in each subfigure shows the distributions for signal and
backgrounds, where the backgrounds are stacked on top of each other, while the signal
is plotted in a separate histogram. The bottom plot shows the ratio of the number of
signal events s to the number of background events b in each bin where it is well-defined.
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Table 7.9: The cut efficiencies on the background and signal events for each of the
simulated LRSM models in the electron and muon channels defined by our own cuts.
The number of background and signal events remaining in the respective signal region
for an integrated luminosity of 300 fb−1 and the expected discovery significances both
when assuming 20% systematic uncertainty in the background, and when neglecting the
systematic uncertainty are also listed. These correspond to the expected significances of
Run 3 of the LHC.

Type of event ε nevents (300 fb−1) Z (σb = 0.2b) Z (σb = 0)

Background 3.4× 10−11 ≈ 0.7 - -
1e 0.026 93 24 27

Electron 2e 0.062 129 29 33
Channel 3e 0.23 3 2.8 2.9

4e 0.21 ≈ 1 0.97 0.99
5e 0.19 ≈ 0.5 0.56 0.57
6e 0.26 ≈ 0.2 0.26 0.26

Background 2.1× 10−11 ≈ 0.4 - -
1mu 0.027 97 26 29

Muon 2mu 0.067 140 32 37
Channel 3mu 0.25 4 3.4 3.5

4mu 0.25 ≈ 1 1.3 1.3
5mu 0.25 ≈ 0.7 0.89 0.90
6mu 0.29 ≈ 0.2 0.35 0.36

region with zero background events, we will not perform an additional cut on mlljj like
we did on m3l in the three lepton final state. The final electron and muon channel signal
regions are therefore the ones defined by the cuts in table 7.8 and the requirement on the
flavour of the lepton pair. The efficiencies on the background and signal models for these
two signal regions along with the expected significances for each of the signal models are
given in table 7.9. We see that our cuts have almost 50 times smaller efficiency on the
background than the cuts from the ATLAS paper, and that there is only of the order of
one background event left in our signal regions at 300 fb−1. For the signal models 1 and
2, our cuts have much smaller efficiency than the cuts from the ATLAS paper. This is
expected, since our cuts are stricter, and we focused on optimising the cuts for models
3–6. Nevertheless, we still get extremely large expected significances for models 1 and 2,
both in the electron and muon channels. We see that we succeeded in adapting the cuts
to models 3–6, as we have approximately the same efficiencies or larger than the ATLAS
paper for these signals. Since we have cut much more of the background, this leads to
much larger expected significances. We get a particularly large significance for model 3,
with almost 3σ in the electron channel, and more than 3σ in the muon channel. This
means that this model, with MWR

= 5 TeV and mN = 4 TeV, could almost be discovered
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Table 7.10: The number of background and LRSM signal events remaining in the two
signal regions defined by our own cuts for

√
s = 14 TeV and an integrated luminosity of

3000 fb−1. The expected discovery significances both when assuming 20% systematic
uncertainty in the background, and when neglecting the systematic uncertainty are also
listed. These correspond to the expected significances of the HL-LHC.

Type of event nevents (3000 fb−1) Z (σb = 0.2b) Z (σb = 0)

Background 7 - -
1e 1066 56 94

Electron 2e 1436 66 113
Channel 3e 47 9.0 11

4e 13 3.4 4.1
5e 8 2.3 2.7
6e 3 1.1 1.3

Background 4 - -
1mu 1102 64 101

Muon 2mu 1564 77 125
Channel 3mu 52 11 14

4mu 15 4.7 5.4
5mu 11 3.7 4.1
6mu 4 1.5 1.7

during Run 3 of the LHC. Also for model 4 we get significances of approximately 1σ in
the electron channel and 1.3σ in the muon channel, which is far from a discovery, but
might be enough to be noticeable in experimental data. Models 5 and 6 have significances
smaller than 1σ in both channels, and would therefore be difficult to discover. For all
models we see that the muon channel has larger εs than the electron channel, and since
εb is smaller in the muon channel, the muon channel gives larger expected significances.
We also notice that since the number of background events is so small, the statistical
uncertainty dominates over the systematic one, such that the expected uncertainty with
σb = 0.2 is almost identical to the one with no systematic uncertainty.

Next, we will compute the expected discovery significances of the twelve models for
the complete HL-LHC. We use the same assumptions as in section 7.2; that the cross
section of all backgrounds and the cut efficiencies on signals and background remain
the same. For the signal models, we use the

√
s = 14 TeV cross sections given in table

5.25. We use the same electron and muon channel signal regions, and do not cut on
mlljj . The expected significances become as shown in table 7.10. Again, models 1 and 2
would clearly be very easy to discover at the HL-LHC (which is expected, since they are

5The case when the heavy neutrino couples to the muon gives essentially identical cross sections to the
case when it couples to the electron, since the energy of the process is so large that the mass difference
does not matter.
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already excluded). But with the increase in luminosity and signal cross section, model 3
also gets expected significances above 5σ, meaning that this signal can be discovered
during the HL-LHC run, both in the case of the neutrino coupling to the electron and
the case when it couples to the muon. The expected significances in the muon channel
are generally higher, with model 4 also getting very close to 5σ significance, and model
5 getting 3.7σ, which is definitely enough to be noticeable. In the electron channel, on
the other hand, models 4 and 5 only get 3.4σ and 2.3σ respectively. Model 6 still gets
relatively low significance, on the order of 1σ, in both channels.

Now we want to find the expected exclusion limits for our six models after Run 3
and the HL-LHC respectively. In addition to upper limits on the cross sections, we
also want to find upper limits on the right-handed weak coupling, parametrised by the
relative strength κR as follows

gR = gκR, (7.21)
where g is the SM weak coupling constant. Translating the upper limit σup on the
cross section of the process to an upper limit κup

R on the relative right-handed coupling
is straight forward. As shown in section 5.3.2, the NWA, which is an even better
approximation when κR < 1, gives

σ = σ′κ2R, (7.22)

which immediately gives the following relation between σup and κup
R

σup = σ′
(
κup
R

)2
κup
R =

√
σup
σ′
.

(7.23)

For the LRSM models, we have two unknown mass parameters, and since we have only
six points in the (MWR

,mN ) plane, we will list the expected exclusion limits instead
of plotting them. To compute the exclusion limits, we use the same cuts on signal
and background for the electron and muon channels as before. We again assume that
the uncertainty in the integrated luminosity is negligible, and use the expressions from
equations (7.18) and (7.20) for the uncertainties in b and εs. The 95% CL expected
exclusion limits on the cross sections and relative right-handed coupling with ±1σ
deviations for Run 3 and the HL-LHC are given in table 7.11. In general, it must be
noted that when κup

R is larger than 1 the limit should not be trusted, since the NWA
breaks down for any κR significantly larger than 1, and so the assumption that σ ∝ κ2R
no longer holds. We show these values in the table nevertheless, mostly to indicate the
relative difference between σup and the signal cross section σ′ for the most natural case
of κR = 1. Any model that gives κup

R < 1 is obviously excluded at 95% CL if we demand
κR = 1.

Looking first at the expected limits after Run 3, we see that only models 1 and 2 are
expected to be excluded at 95% CL if no signal is seen. The expected 95% CL upper
limit that can be put on κR for these two models is around 0.2 if the heavy neutrino
couples to the electron, and a slightly lower if it couples to the muon. For model 3, the
upper limits of κup

R = 1.5 and κup
R = 1.2 in the electron and muon channels respectively

are probably small enough to be valid under the NWA assumption. For models 4, 5 and
6, there is no hope of excluding them after Run 3 of the LHC, as the upper limits on the
cross sections are at least ten times larger than σ′.
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Table 7.11: The 95% CL expected upper limits on the cross sections and the relative
right-handed coupling strength for each LRSM signal model for both the complete Run
3 of the LHC and the complete HL-LHC run. The columns marked σ′ give the cross
sections of each signal under the assumption κR = 1, calculated using MadGraph.

Run 3 HL-LHC

Signal model σ′ [fb] (σup)
+1σ
−1σ [fb]

(
κup
R

)+1σ

−1σ
σ′ [fb] (σup)

+1σ
−1σ [fb]

(
κup
R

)+1σ

−1σ

1e 12.2 0.580.760.40 0.220.250.18 13.9 0.0980.170.064 0.0840.110.068

2e 7.1 0.240.320.17 0.190.210.15 7.9 0.0410.0940.027 0.0720.0940.059

3e 0.051 0.120.170.080 1.51.81.3 0.069 0.0140.0240.0088 0.440.590.36

4e 0.015 0.280.400.18 4.45.23.5 0.020 0.0160.0290.011 0.901.20.72

5e 0.009 0.610.870.39 8.19.66.4 0.015 0.0260.0470.016 1.31.81.1

6e 0.0029 1.11.60.68 192315 0.0046 0.0220.0400.014 2.23.01.7

1mu 12.2 0.390.760.39 0.180.250.18 13.9 0.0820.140.058 0.0770.100.064

2mu 7.1 0.150.300.15 0.150.210.15 7.9 0.0330.0550.023 0.0640.0840.054

3mu 0.051 0.0700.150.070 1.21.71.2 0.069 0.0110.0190.0074 0.390.520.33

4mu 0.015 0.140.320.14 3.14.63.1 0.020 0.0120.0190.0083 0.770.960.64

5mu 0.009 0.220.500.22 4.87.34.8 0.015 0.0160.0280.011 1.01.40.85

6mu 0.0029 0.541.30.54 142114 0.0046 0.0160.0290.011 1.92.51.5
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From the expected limits after the HL-LHC, we see that models 1, 2, 3 and 4 are
all expected to be excluded at 95% CL if no signal is seen. The exclusion limits again
tend to be slightly stricter in the muon channel, which is due to the smaller background
and higher number of signal events, as seen in table 7.10. For models 1 and 2, the 95%
CL upper limits on the relative coupling are smaller than 0.1, and as small as 0.064
for model 2mu. For model 3, κup

R is around 0.4, while for model 4 it is 0.90 for the
neutrino coupling to the electron and 0.77 for the neutrino coupling to the muon. Since
the current limits exclude most models with MWR

= 5 TeV and mN < 4 TeV, we can
conclude that any model with a WR of 5 TeV and a Majorana neutrino with mN ≤ 4.5
TeV can be excluded after the HL-LHC if no evidence is seen for this process6. Model 5
is very close to being possible to exclude at 95% CL. In the electron channel, the upper
limit on the relative coupling for this model is κup

R = 1.3, while in the muon channel it is
κup
R = 1.03. If we relax the confidence requirement, we find that model 5mu is expected

to be excluded at 90% CL with an upper limit of κup
R = 0.89, while model 5e is excluded

at 80% CL with κup
R = 0.94. Finally, model 6 is not expected to be excluded. We can

therefore expect that after the HL-LHC, the 95% CL excluded models with MWR
= 6

TeV cover all heavy Majorana neutrino masses up to around 4 TeV, while mN slightly
above 4 TeV can be excluded at 90% CL, under the assumption κR = 1.

6The case where mN and MWR are nearly degenerate might require special treatment, so we can not
necessarily exclude all models with MWR = 5 TeV and mN < MWR .
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Chapter 8

Conclusion and outlook

The seesaw mechanism provides a natural explanation for the small masses of the
Standard Model (SM) neutrinos. We have covered the theory behind three versions
of this mechanism that include new heavy neutrinos that could interact with the SM
particles. In two of these versions, the heavy neutrinos couple to the SM W , Z and Higgs
bosons, and the heavy neutrinos are either Majorana or pseudo-Dirac fermions. We call
these the Majorana and pseudo-Dirac model respectively. The third version of the seesaw
mechanism we studied is contained in the framework of the Left-Right Symmetric Model
(LRSM), and includes heavy Majorana neutrinos that couple only to a new right handed
gauge boson WR and SM charged leptons of a specific flavour, while the WR also couples
to SM quarks. For each of the three models we chose one particular interaction of the
heavy neutrinos to study extensively using Monte Carlo (MC) simulations at next-to
leading order in QCD. These interactions were chosen because they are well suited for
detection in a proton-proton collider experiment like the LHC, and the goal of studying
the interactions was to discover characteristics of the interactions that could be used
to aid in their discovery or give information about the underlying model if they were
discovered. For each model we also chose masses for the heavy neutrinos based on the
requirements for the seesaw mechanism, previous exclusion limits and accessibility at
the LHC. For the Majorana and pseudo-Dirac models we studied masses in the range
200− 1200 GeV, while for the LRSM we studied WR masses from 3 TeV to 6 TeV and
neutrino masses from 1.5 TeV to 5 TeV.

For the Majorana and pseudo-Dirac models, we chose to study the production process
of a heavy neutrino from an initial state of two quarks through a W boson, and with
decay into a final state with three charged leptons and a SM neutrino. When studying
the kinematics of this process, we discovered that the transverse momenta pT and the
transverse masses mT of the charged leptons, the azimuthal angle difference ∆φ between
the charged leptons and the SM neutrino, and the invariant mass of the three charged
leptons m3l are all sensitive to the mass of the heavy neutrino. These could therefore
potentially be used to estimate the mass of the heavy neutrino if this process is detected.
We also found that, as expected, the two leptons originating from the production and
decay vertex of the heavy neutrino will always have charges with opposite signs in the
pseudo-Dirac model, while in the Majorana model the signs are opposite or the same
with equal probability. This means that the signs of the charges of these leptons can
be used to distinguish between the two models in an experiment, if the correct pair
of leptons can be identified. We therefore used our study of the process kinematics to

139



140 CHAPTER 8. CONCLUSION AND OUTLOOK

develop a method for identifying this pair of leptons. We found that the best method
is to choose the pair among the three leptons with the largest pT that have the largest
value of the product pT ×∆φ. This method has a success rate of around 1/3 for the
lowest neutrino mass we considered, of 200 GeV, and above 90% for neutrino masses
above 800 GeV.

For the LRSM, we studied the famous Keung-Senjanović process for the case of
mN < MWR

, where mN and MWR
are the masses of the heavy neutrino and WR boson

respectively. This process has a final state of two charged leptons and two hadronic
jets. We found that this allows relatively precise determination of MWR

in experiments
from the invariant mass of all four final state objects, mlljj . We also discovered that
the transverse momenta of the two charged leptons can be used to determine the mass
difference between the WR boson and the heavy Majorana neutrino. This is especially
the case when this mass difference is small, in which case we showed that one of the
charged leptons has an upper limit on its transverse momentum approximately equal to
the mass difference.

In the final part of our analysis we used the signal processes we simulated to study the
sensitivity of the ATLAS experiment at the LHC to these processes for the current Run 3
and the future High Luminosity LHC (HL-LHC). For this study, we used exclusively MC
simulated background that was generated for Run 3 ATLAS analyses. For the analysis of
the LRSM process we implemented smearing on the signal and background MC events,
which mimics the full ATLAS reconstruction algorithms. We created signal regions for
the Majorana and pseudo-Dirac signals by performing cuts on the variables that are most
efficient in separating the signal from background, and separated them into same sign
(SS) and opposite sign (OS) regions using the lepton identification method we developed.
Even with these highly specialised signal regions, we find that the strict limits on the
mixing matrix elements coupling the heavy neutrinos to the SM W boson makes it
impossible to discover these signals during Run 3. After the entire HL-LHC run with an
integrated luminosity of 3000 fb−1, we find that even for an optimistic choice of mixing
matrix elements, the signal with the highest expected significance is the Majorana model
with mN = 200 GeV, with 1.6σ. With reasonable cuts, none of the pseudo-Dirac signals
have expected significances above 1σ, which is mainly due to the larger background in
the OS region. We also computed the expected exclusion limits on the cross sections of
the Majorana and pseudo-Dirac models using Bayesian statistics. We find that none of
the models we studied can be excluded at 95% CL at the HL-LHC.

For the LRSM signals we created a signal region that performs better than the
one used in the most recent study on the Keung-Senjanović process from the ATLAS
collaboration [61], in the sense that it gives higher expected significances for Run 3. For
two models with MWR

= 5 TeV and mN = 4 TeV or mN = 4.5 TeV, we increase the
expected significance from their 0.35σ (0.51σ) and 0.097σ (0.14σ) to 2.8σ (3.4σ) and
0.97σ (1.3σ) for the case when the heavy neutrino couples to the electron (muon). This
means that using our method, we could expect to see evidence of the model with mN = 4
TeV, if it exists. In that case we also show that the distribution of mlljj could be used to
estimate MWR

, at least with a precision of around ±0.5 TeV. After the entire HL-LHC
run, we find that our method is expected to give a significance above the discovery
threshold of 5σ for the MWR

= 5 TeV, mN = 4 TeV model if it exists and under the
assumption that the coupling constant gR of WR is equal to the coupling constant g
of the SM W boson. Models with MWR

= 5 TeV, mN = 4.5 TeV and MWR
= 6 TeV,

mN = 4 TeV have expected significances of 3.4σ (4.7σ) and 2.3σ (3.7σ) for coupling to
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electrons (muons), which means they will likely be noticeable, although discovery will
be challenging after the HL-LHC. Finally, we determine the expected 95% CL upper
limits on the ratio κR = gR/g for the six different models after both Run 3 and HL-LHC.
We find that after Run 3, models with MWR

= 3 TeV, and mN between 1.5 TeV and 2
TeV, which have already been excluded under the natural assumption κR = 1, will get
upper limits on κR of around 0.2 if no signal is seen. None of the signals we studied with
MWR

= 5 TeV and MWR
= 6 TeV and mN > 4 TeV can be excluded after Run 3. After

the HL-LHC meanwhile, the expected limits on κR for the models with MWR
= 3 TeV

drop below 0.1, and models with MWR
= 5 TeV and mN between 4 and 4.5 TeV can be

excluded at 95% CL for neutrinos coupling to either electrons or muons. This would
expand the current excluded region from the ATLAS collaboration [61]. Finally, the case
with MWR

= 6 TeV, mN = 4 TeV is expected to be excluded at 90% (80%) CL if the
neutrino couples to electrons (muons).

Although we have found that the discovery or exclusion of Majorana and pseudo-Dirac
neutrinos that couple to the W boson with masses on the order of 100 GeV to 1 TeV
is very difficult, our analysis is far from exhaustive. We focused on one specific signal
process, and there are several other options that could give better results, in particular
if one were to combine searches in multiple channels. Among the possible processes
to study there is the process analogous to the Keung-Senjanović process, with the WR

replaced with a SM W , giving a final state of two leptons and two jets. There are also
the processes where the heavy neutrino decays to either a Z boson or a Higgs, giving
even more possible final states with new kinematics. In addition to these, there are other
next-to leading order production processes that can be important at the LHC, such as
W -photon and W -Z fusion [59]. For the LRSM case, we have found promising signs that
current and future runs of the LHC will provide sensitivity to new regions of the mass
parameter space. However, when extrapolating our analysis to the HL-LHC we made
some simplifying assumptions that most likely made our results slightly better than if
we performed a proper analysis with background simulated for the HL-LHC. In addition
to this, when simulating the production processes for large MWR

we found that we got
large uncertainties in the cross section and a large fraction of negatively weighted events,
which may have made our results less reliable. In future studies, it may be desirable to
develop new techniques to better model the production of WR bosons with large masses.

In addition to the seesaw types we have looked at, there are also the so-called type
2 [68] and type 3 [69] seesaw, with different particle contents and therefore completely
different phenomenology. There has also recently been done studies on the possibilities
of generating neutrino masses at 1-loop order [70], which gives an essentially endless
number of possible models each with their own new particles.

All in all, it is an exciting time for neutrino physics, as both theoretical and exper-
imental research is closing in on the mysterious properties of the neutrinos, including
the origin of their masses and their Dirac or Majorana nature. Hopefully, it will not be
long before these mysteries are uncovered, and with it new doors to physics beyond the
Standard Model could be opened.
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Appendix A

Plots used for making cuts

In this appendix we show the plots used to choose the cuts that define the signal regions
for both the three lepton final state and the two leptons and two jets final state. Both the
signals and background are Monte Carlo generated at

√
s = 13.6 TeV, and the number of

events is scaled to an integrated luminosity of 300 fb−1. Each plot shows the distributions
of a kinematic variable for both the SM background and a specific signal. The events
have not passed any cuts, apart from the object definitions in tables 7.1 and 7.6 for the
three lepton and 2l + 2j final states respectively. Then for the three lepton final state,
events are required to have at least three leptons in each events, and for the 2l+ 2j final
state, events are required to have at least two leptons and at least two jets following the
object definitions.

Each plot contains two subplots. The top subplot shows the distributions for both
signal and background, which are stacked with the background on top of the signal. The
bottom subplot shows the ratio between the number of signal events s and the number
of background events b in each bin of the histograms above. The cuts made based on the
distributions are also marked with dashed lines in the plots. In some cases, the cut keeps
only events with higher values of the kinematic variable, while in other cases only events
with lower values are kept. The precise statements of the cuts are also given in tables 7.2
and 7.8. The cuts are chosen in an attempt to simultaneously maximize the amount of
signal event that pass the cuts, while also maximizing the ratio s/b in the signal region.

A.1 Three lepton final state

In this section, we look at the signal processes for three lepton final state, meaning the
simple Majorana or pseudo-Dirac heavy neutrino extensions of the Standard Model,
with no new gauge bosons. First we find the cuts that are shared between the signal
regions SS and OS. For this we do not care about the Majorana/pseudo-Dirac nature
of the heavy neutrino, since we expect their kinematics to be similar. We therefore
choose two versions of the extension of the SM by a single heavy Majorana neutrino
N1, one model with mN = 200 GeV, and one with mN = 800 GeV. In both cases the
heavy neutrino is assumed to couple most strongly to the electron, with Ve1 = 0.1, while
Vµ1 = 0.1/

√
10 and Vτ1 = 0.01. The strictness of the cuts are mainly limited by the

model with mN = 200 GeV, since this is the lowest value of mN we will study. We see
that almost all the cuts remove a larger fraction of signal events from the 200 GeV model
than the 800 GeV model. The reason for this is that the signals with lower mN have
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Figure A.1: The distributions of the number of leptons in each event for the full SM
background and the two different Majorana signal models, and the cut that was made
based on these.

kinematic distributions that are more similar to the background than the signals with
larger mN . But since models with lower mN also give larger cross sections, we can afford
to remove a larger fraction of signal events and still have enough events remaining. The
plots of the two signals along with the SM background and the cuts made are shown in
figures A.1–A.14.
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Figure A.2: The distributions of the pT of the leading lepton in each event for the full
SM background and the two different Majorana signal models, and the cut that was
made based on these.
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Figure A.3: The distributions of the pT of the second leading lepton in each event for
the full SM background and the two different Majorana signal models, and the cut that
was made based on these.
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Figure A.4: The distributions of the pT of the third leading lepton in each event for the
full SM background and the two different Majorana signal models, and the cut that was
made based on these.
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Figure A.5: The distributions of the invariant mass of lepton 1 and 2 when ordered by pT
in each event for the full SM background and the two different Majorana signal models,
and the cut that was made based on these.
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Figure A.6: The distributions of the invariant mass of lepton 1 and 3 when ordered by pT
in each event for the full SM background and the two different Majorana signal models,
and the cut that was made based on these.
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Figure A.7: The distributions of the invariant mass of lepton 2 and 3 when ordered by pT
in each event for the full SM background and the two different Majorana signal models,
and the cut that was made based on these.
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Figure A.8: The distributions of the transverse mass of the leading charged lepton and
the final state neutrino in each event for the full SM background and the two different
Majorana signal models, and the cut that was made based on these.

4−10

3−10

2−10

1−10

1

10

210

310

410

510

610

710

810

N
um

be
r 

of
 e

ve
nt

s

Zjets
ttbar
Wjets
singletop
Diboson
Signal
Cut

0 50 100 150 200 250
 [GeV]T,23m'

10−10

8−10

6−10

4−10

2−10
1

s/
b

(a) mN = 200 GeV

4−10

3−10

2−10

1−10

1

10

210

310

410

510

610

710

810

910

N
um

be
r 

of
 e

ve
nt

s

Zjets
ttbar
Wjets
singletop
Diboson
Signal
Cut

0 100 200 300 400 500 600
 [GeV]T,23m'

10−10

8−10

6−10

4−10

2−10
1

s/
b

(b) mN = 800 GeV

Figure A.9: The distributions of the transverse mass of the second leading charged lepton,
third leading charged lepton and the neutrino in each event for the full SM background
and the two different Majorana signal models, and the cut that was made based on these.
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Figure A.10: The distributions of the ∆φ of the leading and second leading charged
leptons in each event for the full SM background and the two different Majorana signal
models, and the cut that was made based on these.
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Figure A.11: The distributions of the ∆φ of the leading and third leading charged leptons
in each event for the full SM background and the two different Majorana signal models,
and the cut that was made based on these.
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Figure A.12: The distributions of the ∆φ of the second and third leading charged leptons
in each event for the full SM background and the two different Majorana signal models,
and the cut that was made based on these.
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Figure A.13: The distributions of the hadronic activity in each event for the full SM
background and the two different Majorana signal models, and the cut that was made
based on these.
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Figure A.14: The distributions of the missing transverse energy Emiss
T in each event for

the full SM background and the two different Majorana signal models, and the cut that
was made based on these.
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Figure A.15: The distributions of the number of leptons in each event for the full SM
background and the two different LRSM signal models, and the cut that was made based
on these.

A.2 2l+2j final state
In this section, we look at the signal processes for the LRSM model with the two lepton
and two jet final state. We want to choose the cuts that define our single signal region,
which is subsequently split into a electron channel and a muon channel. As we saw in
section 6.5, the relative mass difference is one of the most important factors for the
kinematics of the signal. We therefore use models 4 and 5 for the kinematical cuts, since
model 4 has the smallest relative difference between mN and MWR, while model 5 has
the largest relative difference of the models 3–6, which are the main focus of our analysis.
The plots of these two signals along with the SM background and the cuts made are
shown in figures A.15–A.26.
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Figure A.16: The distributions of the number of jets in each event for the full SM
background and the two different LRSM signal models, and the cut that was made based
on these.
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Figure A.17: The distributions of the transverse momentum of the leading lepton in each
event for the full SM background and the two different LRSM signal models, and the cut
that was made based on these.
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Figure A.18: The distributions of the transverse momentum of the second leading lepton
in each event for the full SM background and the two different LRSM signal models, and
the cut that was made based on these.

4−10

3−10

2−10

1−10
1

10

210

310

410

510

610

710

810

910

1010

N
um

be
r 

of
 e

ve
nt

s

Zjets
ttbar
Wjets
singletop
Diboson
Signal
Cut

0 500 1000 1500 2000 2500 3000
 [GeV]

T,j1
p'

10−10

8−10

6−10

4−10

2−10
1s/

b

(a) Model 4e

4−10

3−10

2−10

1−10
1

10

210

310

410

510

610

710

810

910

1010

N
um

be
r 

of
 e

ve
nt

s

Zjets
ttbar
Wjets
singletop
Diboson
Signal
Cut

0 500 1000 1500 2000 2500 3000
 [GeV]

T,j1
p'

10−10

8−10

6−10

4−10

2−10
1s/

b

(b) Model 5e

Figure A.19: The distributions of the transverse momentum of the leading jet in each
event for the full SM background and the two different LRSM signal models, and the cut
that was made based on these.
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Figure A.20: The distributions of the transverse momentum of the second leading jet in
each event for the full SM background and the two different LRSM signal models, and
the cut that was made based on these.
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Figure A.21: The distributions of the energy of the leading jet in each event for the full
SM background and the two different LRSM signal models, and the cut that was made
based on these.
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Figure A.22: The distributions of the energy of the second leading jet in each event for
the full SM background and the two different LRSM signal models, and the cut that was
made based on these.
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Figure A.23: The distributions of the hadronic activity in each event for the full SM
background and the two different LRSM signal models, and the cut that was made based
on these.
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Figure A.24: The distributions of the invariant mass of the two leading leptons in each
event for the full SM background and the two different LRSM signal models, and the cut
that was made based on these.
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Figure A.25: The distributions of the invariant mass of the two leading jets in each event
for the full SM background and the two different LRSM signal models, and the cut that
was made based on these.
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Figure A.26: The distributions of the product of the charges of the two leading leptons
in each event for the full SM background and the two different LRSM signal models, and
the cut that was made based on these.
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